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A. NOI DUNG ON TAP

CHUONG 1. Ham sb lwong giac va phwong trinh lweng giac.
1. Gié tri lugng gidc ctua goéc lugng giac.
2. Cong thac luong giac.
3. Ham sé luong gic.
4. Phuong trinh lugng gidc co ban.
CHUONG II. Diy s, cAp s6 cong, cAp s6 nhan.
1. Day sb.
2. Cép sb cong.
3. Cép s nhan.
CHUONG III. Cic s6 liéu do xu thé trung tAm ciia mau s6 liéu ghép nhém.
1. MAu s6 liéu ghép nhom.

2. Céc s dic trung do xu thé trung tam.
CHUONG IV. Quan hé song song trong khong gian.
1. Pudng thang va mit phang trong khong gian.

2. Hai duong thing song song.
3. Puong thang va mit phang song song.
4. Hai mat phang song song.
5. Phép chiéu song song.
CHUONG V. Gi6i han, ham s lién tuc.
1. Giéi han cua day sé.
2. Gi6i han ctia ham sb.
3. Ham sb lién tuc.

B. CAU TRUC DE THI:
Thot gian kiém tra 90 phut theo c4u tracciia BGD gdm 4 phan TN(12 cau-3,0 diém), B-S (2 cau-
2,0 diém), Traloi ngan (4 cau-2,0 dlem) va Ty luan (3 cau-3,0 diém)
+ Chu y: Yeu ciu hoc sinh 6n tap ky phan ly thuyet va lam tit ca bai tap tuw luan va tric nghlem
cgon mdi chwong 1, 2, 3, 4, 5 trong sach gido khoa, sach bai tp toan 11 két ndi tri thirc véi cude
song.

C.BAI TAP THAM KHAO

Phin 1: Bai tip tric nghiém

I. Ham s6 lwong giac va phwong trinh lwong giac

1—cos2x—sin2x

Céu 1: Pon gian biéu thic K = , ta dugc
1+cos2x—sin2x
A. K =cotx. B. K=—tanx. C. K=1-tan’x. D. K=tanx.
. 2022
Cau 2: Tap xéc dinh cua ham s6 y = — la
sinx—1
A. D= R\{2+k7z keZ} B. D=R\{—%+k2ﬂ,keZ}.
C.D= R\{2+k2ﬂ' keZ} D. D=R\{kr, keZ}.

Cau 3: Ham s0 y =sinx tuan hoan véi chu ky



A.T=2z. B.T=-2x. C.ng. D.T=x.
Céu 4: Tap gia tri cia ham sé y =sin2x la
A.[-22]. B.[0;2]. C. [-11]. D. [0;1].

,y=cos3x,y=tanx,y=cotx?

Céu 5: C6 bao nhiéu ham s6 chin trong cac ham s6 sau: y = sin|x
A. 4. B. 2. C. 3. D. 1.

Céu 6:Tit ca cac nghiém cua phuong trinh tan(x —%) -1=0 1a
A x=km kel. B.x:%+k27r,keZ.

C.x:§+k7r,keZ. D.x:%+kﬂ,keZ.

Céu 7: Gi4 tri 16n nhat ctia ham s6 y=3sinx+2 trén R bang
A. 3 B. 2 C. -1 D. 5
Cau 8: Trong cac phuong trinh sau, phuong trinh nao c6 nghiém?

A. sinxz%. B. sinx:75. C.sinx=-3. D.sinx=2.

Cau 9: Cong thirc nghiém cua phuong trinh sinx =sina 1a
{x =a+k2rx
A.

x:ﬂ—a+k2;z’(k€Z)' B. x=ta+k2x,(keZ).

x=a+kn
C. ,(keZ). D. x=ia+k7r,(keZ).
x=r-a+kr
Cau 10: Nghiém clia phuong trinh sin(x+10°)=-1 1a
A. x=-100°+£k.360°,k € Z . B. x=-80°+k.180°%k e Z.
C. x=100°+£.360°,k € Z . D. x=-100°+£k.180°,k € Z .

Céu 11: Tong cac nghiém thudc khoang (O; 7r) cua phuong trinh cot3x = tang bang

Az B % c.2Z. p. 2.
10 10 5 9

Cau 12: Cho géc o thdéaman cos o :g va —% < a < 0. Céc ménh dé sau ding hay sai?
a) tana <O0.

b) sin(9—ﬂ+aj=—§.
2 5

¢ tan(20177+a)= —%

d) P=+/5+3tana ++/6—4cota =4.

Céu 13: Trén dudng tron lugng giac, cho luc gidc déu ANPORS nhu hinh v&.
d

P N
Q Oj \ X
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Céc ménh dé sau ding hay sai?
a) Diém biéu dién goc 2?” la R.
b) Goc luong gide (OA4, ON) ¢6 sb do 1a g

¢) Céc diém biéu dién cac goc co sé do kn (k€ Z) 1a 4, O.

d) Céc diém biéu dién cac goc c6 s6 do szﬂ (k €Z) tao thanh tam giac déu.

CAu 14: Trén mot manh dat hinh vuong ABCD, bac An dat mot chiéc dén pin tai vi tri 4 chiéu cham
sang phan ki sang phia goc C. Bac An nhan thay géc chiéu sdng cua deén pin gidi han bdi hai tia

AM va AN, & d6 cac diém M N 14n luot thudc cac canh sao cho BM = %BC,DN =

D X C

M

LA
Cac ménh dé sau ding hay sai?

a) tan (BAM + DAN) — tan BAM + tan DAN.

b) tanBAM =%
1

¢) tanDAN = 3
d) Goc chiéu sang ciia dén pin bang 45° .
Cau 15: Cho ham s6 y = tan x . Cac m¢nh dé sau dung hay sai?

a) DO thi ham s6 déi xtimg qua gdc toa do O.
b) Téap gia tri cia ham so la [—1;1].

¢) Tap xé4c dinh ciaham s6 1a D=R\{kx |k € Z} .
d) Ham s tuan hoan voi chu ki 27 .
Ciu 16: Cho phuong trinh sin2x = m . Xét tinh dung - sai ctia cac phét biéu sau:

a) Vi m =0, phuong trinh c¢6 nghiém la x = k77r .

b) Phuong trinh c6 nghiém la x = 7 khi m = -1 .

¢) Phuong trinh c6 nghiém khi m (-1;1).

d) Phuong trinh c¢6 hai nghiém phan biét trén (O; %j khi me (0; 1) .

II. Dayv s0, cap so cong, cap so nhan.
2

Céu 1: Cho day s6 (u, ), biét u, = 2n

-——. Tim s0 hang u, .

n +3
1 7 17 71
A ug=—. B. u;, =—. U= U=
4 4 12 39
Céu 2: Cho day sé (v, ) véi v, =2n—1. Khing dinh nao sau ddy ding?
A. Diy sb (v, )la day tang. B. Day s6 (v, )la day giam.

Ipc.
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C. Day sb (v, ) bi chin dusi boi 2. D. Day s6 (v,) bi chan trén boi 1.

Céu 3: Cho day s6 (u, ) véi u, =3n+1 1a cép s6 cong. Khi d6 cong sai ciiané la

A. 1. B. 3. C.0. D. 2.
Céu 4: Cho cép sb cong (un) cd u, =3 va u, =—1. Cong sai cua cap s cong d6 bang
A. 3. B. 3. C. 4. D. 4.

Céu 5: Cho cép sb cong (un) c¢6 s6 hang dau va cong sai 1an luot 1a #, va d. Khi d6 phat biéu nao sau
day la sai?
A.u, =u,—-d+nd. B.u =u_ —d n>l.

n
Cou, +u, =2u,n=2. D. u +u, +...+u, :E[2u1+nd].

Céu 6: Cho cép sb cong (u”) ¢6 sb hang dau u, =8 vacong sai d =5. S6 hang th 6 cua diy sé 1a

A. u, =33. B. u, =30. C.u,=13. D. u,=35.
Céu 7: Cho cép s6 nhan (u, ) théa man u, =3,u, =48 . Cong boi clia cip s6 nhan bang
A. 16. B. -2. C.2. D. £2.
Céu 8: Cho cap so nhan (u,) c6 s6 hang thir hai u, =5, cong bdi ¢ = 2. Tim s6 hang déu u, .
2 2 5
Ay == B.u=—. C.u=—. D. ulz—é.
5 5 2 2
Céu 9: Cho cép s6 nhan (un) v6i s6 hang dau u, =2 va cong boi ¢ =3. S6 hang thir 5 clia cap s6 nhan
do 1a
A. 14. B. 162. C.17. D. 486.
A A A 1 s Uy Fuy =13
Céu 10: Cho cap s6 nhan (un) théa man . Tim g .
u, —u, =26
A. u,=2187. B. u, =128. C. u, =256. D. u, =6561.
Cau 11: Cho cép s6 cong (u” ) ¢6 u, =5n—8 . Xét tinh diing sai ctia cdc ménh dé sau:
a) u, =3

b) Cong sai d =—8
c) S6 492 1a s6 hang thir 100 cua (u,)
d) Tong cua 10 s6 hang dau tién cua cp sb cong bang 190
Cau 12: Cho cép s6 nhan (un ) 6 u, =2; u, =—4 . Xét tinh diing sai ctia cac ménh dé sau:
a) Cong boi g =2
b) uy, =-32
c) S6 —64 1a s6 hang tht 6 cua (u,)
d) Tong cua 8 s6 hang dau tién cta cap sb nhan bang —170
Céu 13: Cho cip s6 cong (un ) c6 s6 hang dau u, = —5va cong sai d = 3.
Xet tinh dung sai cua cac ménh de sau:
a) S(”? 100 1a so hang th}'I 3§ cua cap so cong.
b) S0 hang thir 5 cua cap s6 cong la 9
c) Tong 10 s6 hang dau cua cap s6 cong 1a 85
d) S6 hang téng quat cau cap s6 cong (u, ) 1a (u,)=3n-7.
Céu 14: Cho cép s6 nhan (u,) co tong n s6 hang dau tiénla S, =5"—1 v6i n=1,2,....
Xét tinh ding sai ctia cdc ménh dé sau:
a) Cong bdi cta cap s6 nhan di cho 1a 9=0.

b) S6 hang dau cta cp sd nhan da cho 1a u =4 .
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¢) Tdng 5 s6 hang dAu cia cip s6 nhan la 3124
d) S6 hang tht 5 cua cip sé nhén 1a 2600
II1. Cac so dic trung do xu thé trung tim ctia mau so liéu ghép nhom

Cau 1: Tim hiéu thoi gia xem tivi trong tudn trude (don vi: gid) cua mot s6 hoc sinh thu duoc két qua
sau:

Thoi gian (gi0) [0; 5) [5; 10) [10; 15) [15;20) [20; 25)
S6 hoc sinh 8 16 4 2 2
Gia tri dai dién ciia nhém [20; 25) la
A. 22,5. B. 23. C. 20. D. 5.

Céu 2: Thoi gian truy cap Internet mdi budi t6i ciia mot sd hoc sinh duge cho trong bang sau:
Thoi gian (phat) | [9,512,5) | [12,515,5) | [15,5;18,5) | [18,5;21,5) | [21,5;24,5)

S6 hoc sinh 3 12 15 24 2
C6 bao nhiéu hoc sinh truy cap Internet moi budi tdi co thoi gian tir 18,5 phut dén dudi 21,5
phut?
A. 24. B. 15. C.2. D. 20.

CAu 3: Chiéu cao cua 35 cay bach dan (don vi: m)
66 | 75 [ 82 |82 |78 |79 |90 |89 |82 7,2
75 |83 |74 |87 |77 |70 |94 |87 |80 7,7
78 |83 [ 86 |81 |81 |85 |69 |80 |76 7,9
73 |1 85 [ 84 | 80 | 88
Tir mau s6 liéu khong ghép nhom trén, ghép cac so liéu thanh 6 nhom theo cac nira khoang c6
do dai béng nhau.Nhom chiém ti 18 cao nhat 1a:
A. [7,0;7,5) B. [7,5;8,0) C. [8,0;8,5) D. [8,5;9,0)
Cau 4: Doanh thu ban hang trong 20 ngay duoc lya chon ngiu nhién ctia mot cia hang duogc ghi lai
& bang sau (don vi: triéu dong):
Doanh thu | [5;7) | [7;9) | [9;11) | [11;13) | [13;15)

S6 ngay 2 7 7 3 1
S6 trung binh ctia miu sé liéu trén thudc khoang nao trong cac khoang dudi day?
A. [7; 9). B. [9; 11). C. [11; 13). D. [13; 15).

Céu 5: Cho méu sé liéu s6 liéu ghép nhom vé thoi gian (phut) di tir nha dén noi 1am viéc cta cac nhan
vién ciia mét cong ty nhu sau:
Thoi gian | [15;20) | [20;25) | [25;30) | [30;35) | [35:40) | [45:50) | [45:50)

S6 nhan vién 6 14 25 37 21 13 9
Ménh d¢ nao sau day la sai?
A.Comiula 5. B. Tén s6 cua 16p [30;35) 1a 37.
C. S6 nhan vién cong ty 1a 125. D. Do dainhom1a 5.
Cau 6: SO lugng huy chuong vang tai Sea Games 31 dugc thong ké
S6 huy chuong [0;10) [10;50) [50;100) [1 00;210)
Quéc gia 5 2 3 1

Trung vi ctia mau s6 lidu ghép nhom trén 1a

A. 10 B. 15 C. 20 D. 30.
Céu 7:Cho mau s liéu ghép nhom vé luong ctia nhan vién trong mot céng ty nhu sau:
[9;12) | [12;15) | [15;18) | [18;21) | [21;24)

Luwong
(triéu dong)

] 1
S& nhan vién 6 12 4 2

Xét tinh ding sai cia cac ménh de sau:




a) Gia trj dai dién ciia nhom [9;12) 1a 10,5.

b) Trung binh lwong cac nhan vién 1a 16,5 triéu dong.
¢) Nhom chira trung vi 1a [15;18).

d) Tt phan vi thir ba la 15,56.

Cau 8:Két qua diéu tra vé sd gio lam thém trong mot tuan cua sinh vién mot truong dai hoc X dugce cho
boi bang sau:

So gio lam | [2:4) [4:6) [6:8) [8:10) [10:12)
thém
Sosinhvién | 12 20 37 21 10

Xét tinh dung sai ctia cac ménh dé sau:
a) S sinh vién dugc diéu tra 1a 100.
b) S6 gio 1am thém trung binh ctia mbi sinh vién trudng dai hoc X khong it hon 6.
C) M6t ctia méu sd liéu trén 1a 7,5.
d) Tir phan vi thi hai cta diy sb liéu 16n hon 6,5.
V. Quan hé song song trong khong gian

Ciu 1: Hinh nao trong céac hinh sau 14 hinh biéu dién ctia hinh chop tir giac?

LOHD

Hinh 4

A. Hinh 4. B. Hinh 2. ~ C.Hinh 1. D. Hinh 3.
Cau 2: Cho tir dién ABCD . Cap dudng thang nao sau day chéo nhau?
A. AB,AD. B. AB,CB. C. BC,BD. D. BC,AD.
Ciau 3:Cho tam gidc ABC va diém | thudc tia d6i ctia tia 4C. Hoi ménh dé ndo sau day ding?
A. I c(4BC). B. (4BI)#(BIC).  C. A¢(ABC). D. Bl (4BC).
Ciu 4: Cho tam gidc ABC thi c6 bao nhiéu mit phang chira tit ca cac dinh cta tam giac d6?
A.3. B. ). C. V6 sd. D. 1.

Ciau 5: Trong cac phat biéu sau, phat biéu nao 1a ding?
A. Néu hai mat phiang c6 mot diém chung thi ching sé& c6 vo sé diém chung.
B. Qua hai diém c6 mot va chi mot mit phang
C. Qua ba diém khong thiang hang ¢ vo sé mit phang.
D. Trong khong gian, mot dudng thang va mot mit phang co tdi da mot diém chung.
Cau 6: Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tim O. Goi M, N lan luot 1a trung

diém ciia cdc canh BC, CD va p la diém béat ky trén canh S4. Mat phing (MNP) cit canh SB va SD lan
luot tai diém R va O, Gia st MR NON = I . Ménh dé nao sau day dung?
A. I e SC.
B. [ € SG v6i G la trong tdm tam giac BCD.
C. I €S50. q
D. [ € SK v6i K 1a trung diem MN.
Cau 7:Cho hinh chép S.ABCD c6 day la tr giac voi cac cap canh doi khong song song. Goi
M 1a giao diém cua AC va BD, goi N la giao diém ciia 4B va CD. Khang dinh nao sau day dang?
A. (84D)N(SBC)=SN. B. (SAD)N\(SBC)=SM.
C. (SAB)m(SCD)zSN. D. (SAB)m(SCD)zSM.
Cau 8: Cho hinh chép S.4BCD. Trén canh SB lay diém L, goi O 1a giao diém ciia hai dudng
thang AC,BD va G la giao diém ctia SO va mit phang (ADL) (tham khdo hinh v¢).
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Khang dinh nao sau day la khang dinh ding?
A. G la giao diém cua hai duong thang SO vo1 DL.
B. G 1a giao diém cua hai duong thang SO v6i AL.
C. G 1a giao diém cua hai dudng thing pr, v6i SC.
D. G la giao diém cta hai duong thang SD v6i AL.
Céu 9: Cho hinh chép § 4BCD ¢6 ddy 4BCp 12 hinh binh hanh. Giao tuyén cua hai mit phang
(SAB) va (SCD) song song véi dudng thang nao sau day?
A. 4B. B. 4C. C. BC. D. 4D.
Ciu 10: Cho tr dién 4BCD. Goi 1,J lan luot 1a trong tAm céac tam gidc 4BC va 4BD. Khang dinh nao
sau day dung?
A. 1J,CD song song voi nhau. B. 1J, AB song song v&i nhau.
C. IJ,CD chéo nhau. D. IJ, AB cit nhau.
Cau 11: Cho hai duong thang a va p chéo nhau. Khang dinh nio sau day sai?
A. Hai duong thang a va p khong c6 diém chung.
B. C6 mot miat phing chira a va song song voi b,
C. C6 mot mit phang chira hai duong thang a va b,
D. C6 v6 sb duong thang song song voi a va cit p,
Ciu 12: Cho hinh chép § 4BC. Goi M, N lan luot 1a trung diém SA4,SB. Giao tuyén cta hai mit phang
(ABC ) va (CMN ) song song v&i duong thang nao sau day?
A. SC. B. 4C. C. BC. D. 4B.
Ciu 13: Cho tir dién 4BCD va badiém P, O, R lan luot 13y trén ba canh AB, CD, BC thoa mén
PR//AC va CQ=20D. Goi giao diém cia 4p va (POR) la S. Khang dinh nao sau ddy dung?
A. AD =3DS. B. AD=2DS. C. AS=3DS. D. 4S =DS.
Céu 14: Cho hinh hop ABCD.A'B'C’'D’ . Ménh @ nio sau day ding?
A. (4AB'D')||(4'BD). B. (AB'D")||(C'BD). C. (DA'C')||(ACB). D. (4B'D')||(BCD).
Ciu 15: Cho hinh chép S.ABCD c6 déay 1a hinh binh hanh tAm O, goi M , N lan luot 13 trung diém cia
cac canh S4 va AD . Mit phing (MNO) song song véi mit phang ndo sau day?
A. (SBC). B. (S4B). C. (84D). D. (SCD).
Céu 16: Cho hinh chdp S.ABCD c6 day 13 hinh binh hanh. Hinh chiéu song song ctia diém A theo phuong
AB 1én mit phang (SBC ) 1a diém nao sau day?
A. S. B. Trung diém cta BC.
C. B. D. C.
Céu 17: Cho hinh chép S.4BCD cé déy 1a hinh thang ABCD (AB||CD).
Cac ménh dé sau dung hay sai?
a) Hinh chép S.ABCD c¢6 4 mat bén.
b) Giao tuyén ciia hai mat phang (SAB) va (SAD) la duong trung binh cua ABCD.
¢) Giao tuyén ctia hai mat phang (SAC) va (SBD) la SO, (O la giao diém ciia AC va BD).

d) Giao tuyén ctia hai mit phing (S4D) va (SBC) l1a SI, (I 1a giao diém ciia 4p va BO).



Céu 18: Cho hinh chép S.4BC, goi D,E,F lan luot 13 trung diém cua 4B, BC,SA. Goi H, I 1an luot
1a trong tAm ctia tam giac ABC va SAB. Cac ménh dé sau dung hay sai?
a) Giao tuyén ctia 2 mit phang (SCD) va (SAE ) la SH.
b) Giao tuyén cta 2 mit phing (SCD) va (BF C ) la CL
¢) Goi O la giao diém SH va CI. Khi d6 SO = 20H.
d) O 1a trung diém EF.
Cau 19: Cho hinh hop ABCD-AB'C'D'. Goi G,,G, 1a trong tAm ctia cac tam giac 4 BD,BD'C.
Cac ménh dé sau dl'mg7hay sai? , ﬁ
a) Puong thang A'B cat duong thang CD.
b) A'D'CB 1a hinh binh hanh

c)(4BD)//(BDC)
d) GG, :%AC'.

Céu 20: Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tim O . Goi M, N va P lan luot 1a trung
diém cua SC', SA va SD . Cac ménh dé sau dung hay sai?
a) CD//(SAB).
b) Giao tuyén cua hai mat phang (S4D) va (SBC) 1a duong thing d diqua S va song song
véi AB,CD .
c) Giao tuyén ctia hai mit phing (BMN) va (ABCD) 1a dudng thing A di qua B va song
song voi AC.
d) Goi E,.F lan luot 1a giao diém ctia mat phéng (BMN ) v6i cac duong thfmg AD,CD . Khi
M,
a2V _1.
EF '4
V. Giéi han, ham so lién tuc ‘
Cau 1: Trong cac gidi han sau gidi han nao bang 07?

A. lim 2 . B. lim > . C. lim 4 ) D. lim (2)".
n—>+o| 3 n—+0\ 3 n—>+o| 3 n—>+0
A o A 1 +1 .
Cau 2: Gidi han day s0 lim la
n>+2 342
A2 B.L. c.2. D. 1.
3 2
Cau 3: Gi6i han diy sé lim ——> 1
n—+o0 Q" +39n
1 1
A. —. B. —. C. +o. D. 1.
3 2
. 2n+n- T
Cau 4: lim 471;;15 c6 gia tri bang
noto pt —=2n+2
A. —0, B. 2. C.0. D. 6.
A 1A 1 1 1 1
Cau5: Tinhtong S=1+—+—+—+...+—+...
2 4 8 2"
A. S=1. B. §=2. C. §=3. D.SZ%.
Céu 6: Gia trj ctia gi¢i han lim (—n” +2n+2023) la
A. -1. B. —o. C. +oo. D. 2023.



3+7+11+...+(4n+7
Cau 7: Tinh gi¢i han lim (4n+7)

n—>+0 37’12 +4
2 1
A. 0. B. =. C. —. D. 2
3 3 3
|
Cau 8: Gidi han hngﬂ bang
x=0 x
A. —o0. B. +o0. C.0. D. Mot gia tri kha.
Cau 9: Gié tri cia gi6i han lim(3x* +7x+11) 1a
A. 37. B. 38. C. 39. D. 40.
2 A
Céu 10: Tinh thxl“‘ bing
x—1 X —
A. -3, B. 4. C. +oo. D. —x.
Cau 11: Tinh lim > —1 |
X—>+0 x+2
A. +o0, B. 0. C. —o. D. 3.
2
Cau 12: Tinh gii han 7 = lim * " 2X =2
x—1 x =1
AL B2 c 2. D. 2.
3 4 3 4

Ciu 13: Biét lim &2
X—>+00 2x_1

A.ae(24). B.ae(35). C. ae(46). D. ae(57).

Vax* +1

=3. Chon khang dinh diing.

Cau 14: Tinh gidi han |im

oo Dy—1
AL B. 1. c.-L. D. 1.
2 2
A —ax+2 » ar Ay K M . \ A 1N A
Cau 15: Biét li lmﬁ —1, 6 do a 1la mot so thuc. Khang dinh nao sau day 1a dung?
ol2xT —3x+
A. 2,5<a<3,5. B.15<a<2,5
C.0,5<a<l5. D. 3,5<a<4,5.
Cau 16: Trong cac ham sb sau, ham s6 nao lién tuc trén (—oo;+oo) ?
2
A. f(x)=tanx+5. B. f(x)=); +3.
—Xx
C. f(x)=Vx-6. D. f(x)=x"—-3x"+1.
Yo i ke
Cau 17: Véi gia tri nao clia m thi ham s6 f(x)=4 x-2 Lx lién tuc tai x,=2
m khi x=2
A. m=4. B. m=3. C.m=5. D. m=6.

2n2 -3

Céu 18: Cho day sb u, = . Cac ménh dé sau dung hay sai?

a) Day so trén c6 gidi han hiru han khi » t1en dén +oo.
b) Dy s trén c6 gii han 13 +o0 khi n tién dén +oo.

s . 1
¢) Giihan Ilm u,—=2.
n—+oo n



d) Giéi han lim Up— = 0.
n——+oo n

2x+1
—S5x+7
a) Ham so trén co6 gidi han hitu han tai x=1.
b) Ham s0 trén c6 gidi han vo cuc tai x =—10.

Cau 19: Cho hamsb f(x)= . Cac ménh dé sau ding hay sai?

Y A A 4 e M _2 . 4 X
¢) Ham s0 trén c6 gidi han bang 5 khi x tién dén +o0.

d) Ham sb trén lién tuc trén R .
x—1

, ——— khix>1 , ,
Ciu 20: Chohamsd f(x)=1+3x—2-x voi m 1a tham so va ham s0 g(x)=x’—1.
m-—x khix <1

Cac ménh dé sau dung hay sai?
a) Ham s f( ) lién tuc tai x=-2.
b) Haim sé 1 (x) gian doan tai x=2.
¢) Ham s6 f(x)+g(x) lién tyc tai x=-3.
d) Ham sd f(x) lién tuc tai x=1 khi m=1.
AL It L VP
Cau2l: Chohamsd f(x)=1 x*_5x+4 v6i m 13 tham sb va ham s g(x) =2x> —5x-7.
xX+m khi x <1

Céc ménh dé sau dung hay sai?
a) Ham s6 £ (x) lién tyc trén khoang (0;1).

b) Him sé f (x) lién tuc trén khoang (1; +oo).
/(%)
(x)

gl x

¢) Ham sb lién tyc trén khoang (—o0;1).

3 .
d) Véi m = 2 thi ham so6 f (x) lién tuc trén tap xac dinh.

Phan 2: Bai tap tw luin

Cau 1: Giai cac phuong trinh lugng gidc sau:
2

a, cos(x—lSO)z£ b, tan 3x+ 2 =1 c,tan 3x—2 |=tan| x+ 2 d, sin3x +sin Z_ Xloo
2 6 4 6 4 2

Cau 2: Tim s0 hang dau va cong sai cua cap so cong bict:

u; +us —uy =10 U, +us —uy =10

a){ u1+u6:17 b) u4+u6:26

Ciu 3: Tim s6 hang dau va cong bodi cua cap s6 nhan biét:
uy +us =90 Uy +uy +uy =14

Cau 4: Mot cau lac bd thé duc thé thao da ghi lai ) gi0 cac thanh vién cia minh stir dung co s¢ vat chét
cua cau lac bd dé tap luyén trong mot thang. Ho t6 chirc dit 1i€u thu dugc vao bang

Théi gian (gio) | [L5) | [59) | [%13) | [13;17) | [17:21) | [21;25)

Tan s6 (S6 nguwoi) | 10 | 14 31 2 5 23

Hay tinh (Iam tron két qua dén hang phan mudi).
10



a) Tim gia tri dai dién cua cac nhom, tim c& mau.
b) Tim gia tri trung binh, trung vi cua mau so li¢u.
Cau 5: Cho hinh chép S.ABCD. Goi M,N lan luot 1a trung di€ém cua AB va BC; G,,G, tuong Ung la

trong tdm cac tam gidc SAB,SBC.

a) Chimg minh AC // (SMN).

b) GG, // (SAC).

¢) Tim giao tuyén cia hai mit phing (ABC) va (BG,G,).
Cau 6: Cho hinh chop S.ABCD c¢6 ddy ABCD la hinh thang vdi day 16n AB. Goi M,N theo thu tu la
trong tam cua cac tam giac SCD va SAB.

a) Tim giao tuyén cia cic cip mit phing : (ABM) va (SCD); (SMN) va (ABC).

b) Chirng minh MN // (ABC).

¢) Goi d 1a giao tuyén cia (SCD) va (ABM)con 1,] 1an luot 1a cac giao diém cua d véi SD,SC.
Chimg minh IN // (ABC).

d) Tim cac giao diém P,Q ciia MC v&i (SAB), AN véi (SCD). Chimg minh S,P,Q thang hang.
Cau 7: Cho hai hinh yuéng A]BCD va ABEF ¢ trong hai mat phang phép biét. Trén cac duong chéo
AC Vél‘BF lan lruc_)'t lay cac diém M, N sao cho AM = BN . Cac duong thang song song véi AB V€ tir
M, N lan lugt cat AD va AF tai M' va N'. Chitng minh:

a) (ADF)//(BCE).

b) (DEF)//(MM'N'N).
Cau 8: Cho hinh hgp ABCD.A'B'C'D".

a) Chimg minh (BDA') /(B'D'C).
b) Ching minh duong chéo AC' di qua trong tdm G,,G, cua c4c tam gidc BDA',B'D'C dong
thoi chia dudng chéo AC' thanh ba phan bang nhau. ‘ q
Cau 9: Cho hinh binh hanh 4BCD. Qua 4, B, C, D lan lugt vé cac nira duong thang Ax, By, Cz,
Dt & cung phia so v6i mit phang (ABCD) , song song v6i nhau va khong nam trong (ABCD) . Mot mit
phang (P) cit Ax, By, Cz, Dt tuong tng tai A, B', C', D' sao cho AA'=3, BB'=5, CC'=4.
Tinh DD'. 7 q
Cau 10: Cho tir gidc ABCD c6 AC va BD giao nhau tai O va mét diem S khong thudc mat phang
(ABCD). Trén doan SC lay mét diém M khong tring véi S va C. Xéc dinh giao diém cua duong
thang SD vé6i mit phang (ABM ).
Cau 11: Mot ké dé @b ( nhu hinh v&) ¢6 hai mit chita d6 (4BCD)va (EFGH) song song nhau. Ngudi
tho mudn lip thém tang gitta (IJKL) song song v6i hai mit (4BCD)va (EFGH) . Ngudi tho do chiéu
dai doan AE =10dm;CG =12dm va xac dinh vi tri diém I trén doan AE sao cho EI =4,2dm.Tinh do
dai doan KC?(Pon vi tinh dm va 1am tron két qua dén hang phan tram).

\
\
\
\
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Cau 12: Tinh gidi han cua cac day so sau:

A +n+2 .ot +2n+2

a, lim ——— b, lim
R—>+00 21’1 +n+1 n—>+00 n +1
n +1 . 142427+ 42"
d, lim ———— e, lim 5
o g —2pn +3 noo 143437 4. +3"

Céu 13: Tinh giéi han cac ham s6 sau:

l+x+x>+x° ; \/3x2+1—x

a, lm ——— b, lim
x—0 1+x x—-—1 x—1
) x> +1 ) 2x% —x+1
d, lim ——— e, lim —————
x—>+0 2x° —x+1 x>0 X—2

. Nx+8-3
¢, im——

. xVx+1
f, lim 3
x>0 x7 4 x+1

Cau 14: Mot may kéo nong nghiép voi banh xe sau c6 duong kinh 14 184 cm , banh xe trudce co duorng
kinh 1a 92¢cm , xe chuyen dong v6i van toc khong ddi trén mot doan dudng thang. Biét rang van toc cua

banh xe sau trong chuyén dong nay 1a 80 vong/phut.

a) Tinh quang duong di dugc ciia may kéo trong 10 phut.

b) Tinh vén toc ciia may kéo (theo don vi km/gio).

¢) Tinh van tdc cua banh xe trude (theo don vi vong/phit). .
Cau 15: Tram vi tru Qudc té ISS (tén Tiéng Anh: International Space Station) nam trong quy dao tron

cach bé mat Trai Dat khoang 400km .

Néu tram mit dat theo ddi duoc tram vil tru ISS khi n6 nam trong goc 45° & tdm cua quy dao
tron nay phia trén ang-ten theo ddi, thi tram vii tru ISS da di chuyén dugc bao nhiéu kilomét trong khi n6
dang dugc tram mat dat theo d6i? Gid st rang ban kinh cua Trai Bat 1a 6400km .

CAu 16 : Mot thiét ’bi tré ki thuét sd 1ap lai tin hi¢u dau yz‘lo béng géch 1ap lai tin hiéu do trong mQt
khoang thoi gian ¢0 dinh sau khi nhan dugc tin hi€u. Néu mot thiét bi nhu vdy nhan dugc ndt thuan
fi(t)="5sin¢ va phat lai dugc ndt thuan f,(t) =Scost thi am két hop 1a f(t) = f,(t)+ f,(t), trong d6 ¢
1a bién thoi gian. Chimg to rang am két hop viét duoc dudi dang £ (¢) = ksin(z + @), tirc 1a am két hop 1a
mot song 4m hinh sin. Hay x4c dinh bién d6 4m k va pha ban ddu ¢(—7 < @ < ) clia séng am.

12



Cau 17 : Khi nhin mét phim trén dién thoai cam Ung, ban phim s& tao ra hai am thuén, két hop voi nhau
de tao ra am thanh nhan dang duy nhat phim. Hinh cho thay tan so thap f, va tan so cao f, lién quan

dén mdi phim. Nhdn mot phim sé tao ra song am y = sin(271' f]t) + sin(27z' fzt) , & d6 ¢ 1a bién thoi gian
(tinh bang giay).

Tan sé cao

I & 4

697 Hz—[1]
Tén'sé Fie Hz_b @
thap assz—» @
€M1Hz—*Ej [j [j

a) Tim ham s6 mo hinh ho4 4m thanh duoc tao ra khi nhan phim 4. )

b) Bién do6i cong thirc vira tim duogc ¢ cau a vé dang tich ctia mdt ham so sin va mot ham so

cosin.
Ciu 18: Trong Vat li, phuong trinh tong quat cua mot vat dao dong diéu hoa cho bdi cong thirc
x(t) = Acos(wt + @) , trong do ¢ 1a thoi diém (tinh bang gidy), x(¢) 1a li dd cua vat tai thoi diém ¢, 4 1a
bién do dao dong (4> 0) va ¢ €[—; 7] 1a pha ban dau cia dao dong.

Xét hai dao dong diéu hoa c6 phuong trinh:

T T T
x,(t)=2cos| —t+— |(cm), x,(t) =2cos| —t —— |(cm).
1(7) (3 6j( ) %, (1) (3 3j( )

Tim dao dong tong hop x(¢) = x,(t)+x,(¢) va sit dung cong thurc bién d6i tong thanh tich dé tim bién d6
va pha ban dau cta dao dong téng hop nay.

Ciu 19 : Gia str khi mot con song bién di qua mot cai coc & ngoai khoi, chiéu cao cia nudc duge mod
\ F 1t 1A A T , v 2A ; N A ‘ %
hinh ho4 bo1 ham s6 A(z) =90 COS[Etj , trong d6 A(t) 1a do cao tinh bang centimét trén muyc nudc bién

trung binh tai thoi diém ¢ giay.
a) Tim chu ki cua song. i
b) Tim chiu cao cua song, tirc 1a khoang cach theo phuong thang dimg gitra day va dinh cua
song.

Ciu 20 : Khi Mit Trang quay quanh Trai Dat, mit d6i dién véi Trai Dat thuong chi dugc Mat Troi
chiéu sang mot phan. Céac pha cua Mat Trang md ta mirc d§ phan bé mat ciia né dugc Mat Troi chiéu

sang. Khi goc gitta Mt Troi, Trai Dat va Mat Trang 1a «(0° <o <360°) thiti 1é F cuia phan Mt

Trang dugc chiéu sang cho boi cong thirc F = %(1 —cosa).

Mat Troi
&)

_______

(Theo trang usno.navy.mil).
Xac dinh géc o tuong img vai cac pha sau cuia Mat Trang:
a) =0 (trang mé1);
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b) F =0,25 (trang ludi liém);
¢) F =0,5 (tring ban nguyét dau thang hoic tring ban nguyét cudi thang);
d) F =1 (trang tron).

Céu 21 : Mot qua dan phao dugc ban ra khoi nong phéo véi van toc ban dau v, =500m /s hop voi
phuong ngang mét goc « . Trong Vit li, ta biét rang, néu bo qua strc can cua khong khi va coi qua dan
-8

2

5 X’ +xtana, 6 do
2v, cos” a

duoc bén ra tir mat dat thi quy dao cua quéa dan tuan theo phuong trinh y =
2=9,8m/s” 1a gia tbc trong trudng.
a) Tinh theo goc ban o tim xa ma qua dan dat t6i (tirc 13 khoang cach tir vi tri bin dén diém
qua dan cham dét).
b) Tim goc ban a dé qua dan tring muyc tiéu cach vi ti dat khau phao 22000 .
¢) Tim goc ban o dé qua dan dat d9 cao lon nhét.

Céu 22 : Anh Thanh vira dugc tuyén dung vao mot cong ty cong ngh¢, dugc cam két luong nim dau sé
1a 200 tri¢u dong va luong moi ndm ti€p theo s& dugce tang thém 25 triu dong.
Goi s, (triéu dong) 1a lvong vao ndm thir # ma anh Thanh lam viéc cho cong ty d6. Khi do ta
co: 5, =200,s =5, +25n2=2.
a) Tinh luong ctia anh Thanh vao ndm thur 5 lam viéc cho cong ty.
b) Chirng minh (sn) 1a diy sb tang. Giai thich ¥ nghia thuc té ciia két qua nay.

Cau 23 : Mot gia dinh can khoan mot cai giéng dé l1ay nude. Ho thué mot doi khoan giéng nuée. Biét
gia ctia mét khoan dau tién 1a 80.000 dong, ké tir mét khoan thir hai gia cia mdi mét khoan ting thém
5.000 dong so vé6i gia ciia mét khoan trude dé. Biét can phai khoan sau xubéng 50m mdi c6 nude. Hoi
phai tra bao nhiéu tién dé khoan cai giéng d6?

Cau 24: Mot kién trac su thiét ké mot hoi truong véi 15 ghé ngdi ¢ hang thir nhat, 18 ghé ngdi ¢ hang
thi hai, 21 ghé ngdi & hang th ba, va ¢t nhu vy (sb ghé ¢ hang sau nhiéu hon 3 ghé so véi s6 ghé ¢

hang lién trude né). Néu mubn hoi truong d6 cé sirc chira it nhat 870 ghé ngdi thi kién triic su d6 phai
thiét ké tdi thiéu bao nhiéu hang ghé?

Cau 25: Tu hinh vuong dau tién cé canh bang 1 (don vi d dai), ndi cac trung diém cua bon canh dé cé

hinh vudng thtr hai. Tiép tuc ndi cac trung diém ctia bon canh ctia hinh vudng thtr hai dé dugc hinh vudng
thir ba. Ctr ti€p tuc lam nhu thé, nhan dugc mot day hinh vuong (xem Hinh 5).
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Hinh 5
Ki hiéu p, 1a chu vi cta hinh vudng thir n va Q, 1 tong chu vi cia n hinh vudng dau tién. Viét cong
thirc tinh p, va Q,(n=1,2,3,..
hinh vudng).
Cau 26: V61 hinh vudng 4, B,C,D, nhu hinh vé bén, cach t6 mau nhu phan gach soc dugc goi la cach to

) vatim lim Q, (gioi han nay néu ¢ dugc goi la tong chu vi cua cac

mau “dep”. Mot nha thiét ké tién hanh t6 mau cho mot hinh vuong nhu hinh bén, theo quy trinh sau:
A, B,

D, . Cy
Budc 1: T6 mau “dep” cho hinh vudng A4,B,C,D, .
Budc 2: T6 mau “dep” cho hinh vudng 4,B,C,D, 1a hinh vudng ¢ chinh gitra khi chia hinh
vudng 4,B,C,D, thanh 9 phan bang nhau nhu hinh v&.
Buéc 3: T6 mau “dep” cho hinh vudng 4,B,C,D, 1a hinh vudng & chinh gitta khi chia hinh
vudng 4,B,C,D, thanh 9 phan bang nhau. Ct tiép tuc nhu vay. Hoi can it nhat bao nhiéu
budc dé tong dién tich phan dugc t6 mau chiém 49,99% .

Cau 27: Mot lo thiy tinh dung tich 1 000 ml chira dy 1 loai dung dich chat ddc nong do 10 % da duoc
chuyén sang binh chtra khac; nhung dung dich doc hai sau khi do hét van con dinh 1o 0,1 %. D€ chat

doc con trong 10 < 0,001 p gam (microgam), Nguoi ta dung nudce cat xuc rua lo thuy tinh nay. Hoi phai
xuc rira bao nhiéu 1an néu mdi 1an dung 1000 ml nude cat? Gia thir rang mdi 14n xtc rira, chat doc hoa
tan hét trong nudc va sau khi d6 di dung dich méi ciing van con dinh lo mot lugng nhu nhau.

= T

-

10%
| —
Cau 28: Mot hing taxi dua ra gia cudc cho loai xe 4 chd nhu sau:
Loai xe Gia cuérc cho 1/im Gia cwéc cho km thw | Gia cwéc cho km thw
dau tién 2 dén km thir 25 26 tré 1én
VF 5 plus 20.000 d6ng/ km 15.000 dong/ km 15.000 dong/ km

(qua 1 km déu dugce tinh cho km thir hai, qua km thtr 25 duogc tinh cho km thir 26).
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20000 khi 0<x<1
Gia cude duoc biéu didn bsi ham sé T(x) =420000+ (x—1).15000  khi1<x<25
380000+ (x —25).14000  khi x > 25.

Xét tinh lién tuc ctia ham s6 7'(x), voi x(km).

Cau 29 : Mot nguoi nhdy bungee (mot tro choi mao hiém ma nguoi choi nhay tr mot noi c6 dia thé cao
xudng voi ddy dai an toan budc xung quanh ngudi) tir mot cdy cau va cing mot soi day dai
100 m. Sau mdi 1an roi xudng, nhd sy dan hdi cia diy, nguoi nhay dugc kéo 1én mot quing
dudng c6 do dai bang 75% so véi 1an roi trude d6 va lai bi roi xudng dung bang quing dudng
vira duoc kéo 1én (Hinh 3). Tinh tong quing dudng nguoi d6 di duoc sau 10 1an kéo 1én va lai
roi xuéng.

(0,75)(100) m §

AF

Hinh 3
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