PE KIEM TRA CUOI HQC KY I NAM HOC 2025-2026
MON TOAN - KHOI 11
Thoi gian lam bai: 90 phut
(Khéng ké thoi gian phdt dé)

TRUONG THPT VAN XUAN - HOAI PUC
TO TOAN - TIN

PE LE
PHAN I. Cau tric nghiém nhiéu Ira chon. Hoc sinh tra 10i tir cdu 1 dén cau 12. Trong mdi
cau hoc sinh chon chi mgt dap an dung.

Cau 1. Tim x décacsd 2; 8; x; 128 theo thir tu d6 1ap thanh mot cép s6 nhan.
A. x=14. B. x =32. C. x=64. D. x=68.

Cau 2. Cho cap so cong (u,) c6 s6 hang dau u, =2 va cong sai d =4. Gid tri u,y, bang

A. 8074. B. 4074. C. 8094. D. 4078.
Cau 3. Cho céc cong thire sau, cong thire nao dung?

A. sinu+sinv=sinu+vcosu_v B. sinu+sinv=25inu+vcosu_v

C. sinu—sinv:sinu+vcosu_v D. sinu+sinv:2sinu+vsinu_v
Ciu 4. Tap gi tri cia ham s6 y = cos x 1a

A. T=R. B. T =[-11]. C. T =[0;1]. D.T=2r.

Céu 5. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi 4’, B’ l1an luot 14 trung diém cta
SA4, SB. Puong thang A'B’ song song vi mat phang nio sau day?

A. (S4B). B. (SBC). C. (SCD). D. (S4D).
A ~ A < X n+7 A P A ,
Céu 6. Cho day so (u,) bict u, = 3 Ménh dé nao sau day dang?
n+
A. Diy sb giam. B. Diy s ting.
~ A A - A -5 . X n+8
C. Day s0 khong tang, khong giam. D.Coésohang u,,, = 3
n+
x* -1
. —— khix=#1 5
Cau 7.Cho ham so f(x)=1 x—1 te=l Ménh dé nao sau day dung?
2 khix =1
A. f(1) khong tinh dugc. B. lim /' (x)=0.

x—1

C. f(x) gian doan tai x=1. D. f(x) lién tuc tai x=1.



Céu 8. Cho hinh hop ABCD.A'B'C'D’ . Mit phang (A'DC") song song voi mit phang ndo sau
day?
A. (BCB'). B. (D'AC). C. (B'CD"). D. (CB'4).

n—>+o0

Cau 9. Tim lim| 2+ ?
1945n

A. —0 B. 1. C.2. D. +o0.

lim (2x° -3x" +1)
Cau 10. Tim gidi han *>~~ .
A. 400. B. —o. C.0. D. 2.
Cau 11. Cho ta dién ABCD. Goi J,I lan luot 1a trong tdm cac tam giac ABC va ABD . Chon
khang dinh ding trong cac khang dinh sau?
A. 1J song song v&i CD.B. IJ song song voi AB .
C. IJ chéo CD. D. IJ cit AB.

Céu 12. Hinh v& nao sau diy khéng phai 1a hinh biéu dién ctia hinh hop?
o B A C

B C

D B
A » el
I
i
i
I
4t / aJ / /
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!
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A : c
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PHAN II. Cau tric nghiém ding sai. Hoc sinh tra 19i tir cAu 1 dén cAu 2. Trong mdi y
a),b),c),d) & moi cau hgc sinh chgn ding hoic sai.

Céu 1. Cho ham s6 f'(x)=x"—3x+2,g(x)=ax+b (véiablahingsd, a#0)
a) lin(}f(x) =2

b) V6i a=1,b= —2,limM =-1.

x—2 g(_x) B
X—>+0 g(X) a

d) bé limM:2 thi a+b:§.
=2ax+b 2



Céu 2. Cho ling tru tam giac ABC.A'B'C' ¢6 I,K,G lan luot 1a trong tAm cac tam giac
ABC,A'B'C',ACC". Goi M,M',N lan luot 13 trung diém cia BC,B'C’,CC". X¢ét tinh ding

sai cua cac khang dinh sau:

a) Tt giac AMM ‘A’ 1a hinh binh hanh
b AL _AG _1

AM AN 3
¢) Mit phang (IKG) cit (BCC'B')

. BH 1 , ,
d) Goi H 1a diém thudc doan A'B sao cho B0 = rh Mit phiang (a) la mat phang qua H va

, . JC 1
song song voi mat phang day. Goi J 1a giao diém cua (a) va CB'. Ti 865 ==

3

PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 19i tir cdu 1 dén ciu 4.

Cau 1. Nam 2019 dan sb thanh phé Ha Néi 1a 8,06 triéu nguoi, ti suét di cu thuan (ti 1¢ tdng dan
s6 hang nam do di cu) cta tp Ha Noi 1a 2,28% . Hoi néu giit nguyén ti 1¢ ting dan sb nhu nim
2019 thi dan s6 thanh phé Ha Noi sau 30 nam sé 1a bao nhiéu triéu ngudi? (Lam tron dén hang
phan muwoi, gia st ti 18 ting dan sd ty nhién khong anh hudng dén sy ting dan s cua thanh phd
Ha Noi).

(27 +1)(n +3)

Cau 2. Tinh A =lim

(n +1)(n + 2)
3
Cau 3. Tinh B = lingw
X—> x

Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh thang, biét day 16n AD =4 day nho
BC =2.Goi E,F lan luot lay trén S4 va SD sao cho SE = x.SA4, SF =x.SD. K 14 giao diém
cua cac dudng thing 4B va CD. M 14 giao diém cua duong thang SB va mit phang (CDE),
duong thing SC cat mit phing (EFM) tai N .Tim x dé ti sb dién tich ciia hai tam giac KMN
va KEF la g

PHAN IV. Ty luin. Hoc sinh 1am bai tir cAu 1 dén cau 3.

Caul.
sin2a +sina

a. (0,5 diém). Rt gon biéu thirc 4 = .
1+cos2a +cosa

b. (0,5 diém). Giai phuong trinh: cos(2x + %) )



Cau 2. (1 diém).
, —* +4¢t+12 khi 0<¢t<5
Ham so v(¢) :{ !

mo ta van tde (m/s) ciia mot vat tai thoi diém ¢

at -3 khi 5<¢<10
(gidy) trong khoang thoi gian 10 gidy dau tién ké tir khi vat bat dau chuyén dong. Biét ring v(t)
la ham lién tuc trén doan [0;10] va trong 10 giay dau tién do, c6 hai 1an vat dat van téc 10 (m/s)
1a vao cac thoi diém ¢, gidy va ¢, gidy. Tinh ¢, +¢, (Két qua lam tron dén hang phan 10)

Cau 3. Cho hai hinh binh hanh ABCD va ABEF khong cting nam trong mot mit phing.

F E
‘:"A' ......................... 5
D C
a) (0,5 diém)
Chtmg minh rang BC//(AFD).
b) (0,5 diém)
Goi M la trong tdm cua tam giac ABE . Goi (P) 12 mat phang di qua M va song song vdi

mit phang (AFD). Lay N la giao diém ciia (P) va AC . Tinh %



TRUONG THPT VAN XUAN-HOAI PUC PE KIEM TRA CUOI HQC KY I NAM HOC 2025-2026
TO TOAN - TIN MON TOAN - KHOI 11
Thoi gian lam bai: 90 phut
(Khéng ké thoi gian phat dé)

PE CHAN

PHAN I. Cau tric nghiém nhiéu lwa chon. Hoc sinh tra 10i tir cAu 1 dén cau 12. Trong méi
cau hgc sinh chgn chi mgt dap an ding.
Cau 1. Tim x dé€ cacso 2; 8; x; 20 theo thu ty do 1ap thanh mot cap s6 cong.

A. x=14. B. x=32. C. x=64. D. x =68.

Céiu 2. Cho cip s6 nhan (un) c6 s6 hang dau u, =2 va cong sai ¢ =—4. Gid tri u, bang

A. 2048, B. 8192. C. -256. D. 4096 .
Cau 3. Cong thuc nao sau day sai?

A. cos(a—b)=sinasinb +cosacosb. B. cos(a+b) =sinasinb —cosacosb.

C. sin(a —b) =sinacosb —cosasinb. D. sin(a+b)=sinacosb + cosasinb.

Ciu 4. Tap gia tri ciia ham sb y =2sinx 1a
A. T=R. B. T =[-2;2]. C. T=[0;2]. D.T=2r.

Céu 5. Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Goi M , N lan luot 13 trung diém cta
SA4, SD. Pudng thang MN song song voi mat phang nao sau day?

A. (54B). B. (SDC). C. (4BCD). D. (SAD).

Cau 6. Cho diy s6 (u,) biét u, = " _1 . Ménh dé nao sau day ding?
n+
A. Diy s6 giam B. Diy s ting
~ A A < A ‘s LA n+7
C. Day s0 khong tang, khong giam D.Co6sohang u, , = 5
n+
. +2 khi x>0 .
Céu 7. Cho ham sé f(x)=1" © 7 Mgnh d& nao sau day sai?
X khi x<0
A. 1(0)=0. B. f(x) lién tyc tai x,=0.
C. lim f(x)=0. D. lim f(x)=2.
x—0" x—>0"

Céu 8. Cho hinh hop 4ABCD.A'B'C'D' . Mit phang (4B'D') song song voi mit phiang nio sau
day?
A. (BCB'). B. (D'AC). C. (B'CD'). D. (C'BD).

2
Cin 9. Tim lim /- 72141954,
n—>+0 n-+1




A. 40 B.5. C. 1954. D. 7.

4x+1

Cau 10. lim bang

xo—o —x 41
A. —4. B. 4. C.2. D. 1.
Cau 11. Cho tit dién 4BCD.Goi G,G' lan luot 1a trong tdm céc tam gidc BCD va ABD . Chon
khang dinh diing trong cac khing dinh sau?
A. GG' song song voi AC . B. GG' song song v&i AB .

C. GG' chéo AC. D. GG' cit AB.

Cau 12. Hinh v& nao sau day khong phai Ia hinh biéu dién cta hinh chép tir gidc S.4BCD ?
s

PHAN II. Céu tric nghiém dung sai. Hoc sinh tra 10i tir cAu 1 dén ciu 2. Trong mdi y
a),b),c),d) 6 méi cau hgc sinh chgn ding hodc sai.

Céu 1. Cho ham sd f(x) =x" —5x+4,g(x)=ax+b (ablahiang sb khac 0).
a) lim] f(x)=0

b) lim—f(x) =12.
x—4 X —
X—>—0 g(x) a

d) bé limM=4 thi 4a+2b=-3.
=4 agx+b



Céu 2. Cho hinh ling try tam giac ABC.A'B'C'. Goi E,F 1an luot 14 trung diém cua cac canh
AC va A'B'. Xét tinh dung sai ciia cac khang dinh sau:

. . 1
a) Néu goi H 1a trung diém cua B'C’ thi FH = EA,C’

b)EF I/ (BCC'B').
¢) Néu goi K 1a trung diém cua AB thi t& giac CC'FK 1a hinh thang vudng
d) Goi M,N lan luot 13 trung diém cia BB',CC'. Pudng thing qua di qua trong tim / cua
.7 < 4 \ A . ’ A [P 2
tam giac ABC cat A'B va MN lan luot tai P,Q.Tis6 — =—
PO 5
PHAN III. Cau tric nghiém tra 16i ngin. Hoc sinh tra 19i tir cdu 1 dén ciu 4.
Céu 1. Nam 2019 dan s6 tinh Bac Ninh 14 1,38 triéu nguoi, ti suat di cu thuan (ti 1¢ ting dan s6
do di cu) ¢ tinh Bac Ninh 1a 8,53% . Hoi néu gitr nguyén ti 1é ting dan s6 nhu nam 2019 thi dén
sé tinh Bac Ninh sau 30 nam sé& 1 bao nhiéu triéu ngudi? (Lam tron dén hang phan muwoi, gia s
ti 1é ting dan s6 tu nhién khong anh hudng dén su ting dan sb cia tinh nay).

2(\/2—3)(;1\/%1)
(n—l)(n—2)

3 J—
Ciu 3. Tinh B = lim %) !

x—0 X

Cau 2. Tinh A =lim

Céu 4. Cho hinh chép S.4ABCD c6 ddy ABCD 1a hinh thang, biét day 1on AD =6 day nho
BC =3.Goi E,F lan luot lay trén S4 va SD sao cho SE = y.S4, SF = y.SD . K 1a giao diém
cua cac dudng thing 4B va CD. M la giao diém ciia dudng thing SB va mit phang (CDE),
duong thing SC cat mit phing (EFM) tai N . Tim y dé ti sb dién tich ciia hai tam giac KMN
va KEF la i

9
PHAN IV. Ty luin. Hoc sinh 1am bai tir cAu 1 dén céu 3.
Cau 1.
.(0,5 diém)

sin2a +cos o

Rt gon biéu thirc 4 = .
1—cos2a +sina

b.(0,5 diém).

Giai phuong trinh: sin(3x + %j =0



Cau 2. (1 diém)

2 —t*+10¢+5 khi 0<¢<6 o
Ham s0 v(7) = . mo ta
at+41 khi6<t<12

van tdc (m/s) ciia mot vat tai thoi diém ¢

(gidy) trong khoang thoi gian 12 gidy dau tién ké tir khi vat bit dau chuyén dong. Biét rang v(t)

la ham lién tuc trén doan [0;12] va trong 12 gidy dau tién d0, c6 hai lan vat dat van tdc 21 (m/s)

1a vao cac thoi diém ¢, gidy va ¢, gidy. Tinh ¢, +1,?

Cau 3. Cho hai hinh binh hanh 4BCD va ABEF khong cling nam trong mot mét phang.

F E
:"A' ......................................... B
D - C
a) (0,5 diém)
Chtng minh ring AD//(BEC).
b) (0,5 diém)

Goi M la trong tdm cua tam giac AFE . Goi (P) 13 mat phang di qua M va song song vdi

mit phang (AFD).Lay N la giao diém cua (P) va AC. Tinh Ve

AN
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LOI GIAI CHI TIET
Dé 18
PHAN I. Cau tric nghiém nhiéu lwa chon. Hoc sinh tra 10i tir cAu 1 dén cdu 12. Trong méi
cau hoc sinh chgn chi mot dap an ding.
Cau 1. Tim x décacsd 2; 8 x; 128 theo thir tu d6 lap thanh mdt cép sb nhan.
A. x=14. B. x=32. C. x=64. D. x =68.
Cau 2. Cho cap s0 cong (u,) c6 s6 hang dau u; =2 va cong sai d =4. Gid trj u,,, bing
A. 8074. B. 4074. C. 809%4. D. 4078.
Loi giai
Ap dung cong thic s6 hang tong quét: u,,, = u, +2023d =2+2023.4 =8094.

Cau 3. Cho céc cong thire sau, cong thure nao dung?

) ) . uU+v.  u-—v ) ) . UuU+v  u—v
A. sinu +sinv = sin cos . B. sinu +sinv = 2sin cos
2 2 2
. . . uU+v  u-—-v ) . . U+vV . u—v
C. sinu —sinv =sin cos D. sinu +sinv = 2sin sin
Céu 4. Tap gi tri cia ham s6 y = cos x 1a
A. T=R. B. T=[-11]. C. T =[0;1]. D.T=2r.

Loi giai
Tacod: —1<cos x<I, Vxe R nén —1< y <1 hay tap gia tri cia ham s0 y =cosx 1a T =[-11]
Céu 5. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi 4’, B’ l1an luot 14 trung diém cta
SA, SB. Puong thang A'B’ song song véi mat phang nio sau day?
A. (S4B). B. (SBC). C. (SCD). D. (S4D).

Loi giai



Trong (SAB) c6 A'B'// AB (vi A'B’ la duong trung binh cia aSAB).

Mat khéc trong (ABCD) tacd AB//CD do ABCD la hinh binh hanh.

A'B'//CD
Trdotaco {CD c (SCD) = A’B'//(SCD) .
A'B' ¢ (SCD)
Cau 6. Cho diy s (u,) biét u, = n Z . Ménh dé nao sau ddy ding?
n+
A. Diy sb giam. B. Diy s ting.
~ A A - A -5 . X n+8
C. Day s0 khong tang, khong giam. D.Cosohang u,,, = 3
n+
x' -1 .
Ciu 7. Cho hamsd f(x)=1 x—1 khix1 Ménh d& nao sau day ding?
2 khix=1
A. f(1) khong tinh dugc. B. lirrllf(x) =0.
C. f(x) gian doan tai x=1. D. f(x) lién tyc tai x =1.

Loi giai
Ta c6: Him s6 f(x) x4c dinh trén R

2
X

lim £ (x) = lim _1=li£1}(x+l)=2 va f(1)=2.

x—1 e |

Suy ra ham sb da cho lién tuc tai x=1.



Céu 8. Cho hinh hop ABCD.A'B'C'D’ . Mit phang (A'DC") song song voi mit phang ndo sau
day?
A. (BCB'). B. (D'AC). C. (BCD)). D. (CB'4).

n—>+0

Cau 9. Tim lim| 2+ ? ?
1945n

A. —0 B. 1. C.2. D. +o.
Loi giai
lim(2+ 0 jzlim(2+i.lj:2+i.0:2
n—>+00 1945n n—>+00 1945 n 1945
lim (2x5 337 + 1)
Cau 10. Tim giéi han *>~~ .
A. +0. B. —. C.0. D.2.

Ta cé: lim (2x5 —3x° +1) = lim x° (2—%+ij:_oo

X—>+00 X—>—0 X X

Do lim x’ =—oova lim (2—%+i5j:2>0.

X X

Cau 11. Cho ti dién ABCD. Goi J,I lan luot 1a trong tdm cac tam giac ABC va ABD . Chon
khang dinh ding trong cac khang dinh sau?
A. 1J song song v6i CD. B. IJ song song véi AB.

C. IJ chéo CD. D. IJ cit AB.

Loi giai

Goi M, N lan luot 13 trung diém cia BD,BC

= MN la duong trung binh cta tam gidc BCD = MN [/ CD 1



5 Al A 2
J,I lan luot 1a trong tdm cac tam gidc ABC va ABD = —— = AL _2 =IJJ/ MN 2
AM AN 3

Tx 1 va 2 suyra IJ // CD.

Céu 12. Hinh v& nao sau diy khéng phai 1a hinh biéu dién cua hinh hop?
C

D B
_'—l' » ('.'I.l'
!
#
1
!
’
!
!
i
i
i
) -
A + o
D. DJ BI

PHAN II Ciu tric nghi¢ém ding sai. Hoc sinh tra 16i tir cAu 1 dén ciu 2. Trong mdi y
a),b),c),d) 6 méi cau hgc sinh chgn ding hodc sai.

Ciu 1. Cho ham s f(x) =x"—3x+2,g(x) = ax+b (v6iab la hing sb)
a) lim f(x) =2

b) Véi a=1,b= —2,limM =-1.

x—2 g(x)
¢) lim ~——+= AC) = l
TR e a

d) bé limM:Z thi a+b=§.
=2 agx+b 2

Loi giai
a) lirrolf(x)=O—3.0+2 =2 dang

2 — —
by tim? ) _ i X =32 (¥2)( 1):1im(x—1)=1.Véy}'/bsai.
x—2 x_2 x—2 _x_2 x—2 _x_2 x—2
’ 2
¢) lim _Vf(x): lim ﬂ:l dtng

X—>+00 g(X) X—>+00 ax—+b a



d) bé 1imM =2 thi

=2 ax+b
+ ax+b conghiémbang2 < 2a+b=0<b=-2a.
2\ (x-1 _
i dor fim ) i FZDOY) et L
2 ax+b 2 a(x_z) -2 q a 2

1
Vay a+b=—5,}7dsai.

Céu 2. Cho ling tru tam giac ABC.A'B'C' ¢6 I,K,G lan luot 1a trong tAm cac tam giac
ABC,A'B'C',ACC". Goi M,M',N lan luot 13 trung diém cia BC,B'C’,CC". X¢ét tinh ding

sai cua cac khang dinh sau:

a) T gidc AMM A’ 13 hinh binh hanh
o AL _AG _1
AM AN 3

¢) Mit phang (IKG) cit (BCC'B')

: BH 1 , ,
d) Goi H 1a diém thudc doan A'B sao cho oY = 7 Mait phang (a) la mat phang qua H va

, . L JC 1
song song voi mat phang day. Goi J giao diém cua (a) va CB'.Tiso L ==

3

MM’ 1a @uong trung binh ctia hinh binh hanh BCC'B’ nén



MM' /| BB' MM' 11 AA'
= AMM'A’ 1a hinh binh hanh

a) bung: =
MM' = BB’ MM' = AA'
Vi I,K theo thit ty 14 trong tAm cac tam gidc ABC, A'B'C’ nén

M :KZ\/[':%A'M':%AM,ma IM /I KM'" nén IKM'M 1a hinh binh hanh.

Suyra IK //MM',MM' < (BCC'B')= IK // (BCC'B") .(1)

b) Sai: Goi N 1a trung diém ciia CC' tam giac . AMN . c¢6 AL = AG = 2 (tinh chat
AM AN 3
trong tam)

Suy ra IG // MN ma MN < (BCC'B') nén IG i/ (BCC'B') (2)
c) Sai: Tir (1) va (2) suyra (IKG)/ (BCC'B').
d)
Vi (@) qua H va song song véi mit phang ddy nén () cat mat phing (ABB'A') theo giao
tuyén la duong thang d, qua H va song song AB, d, "BB'=P
(&) cat mit (BCC'B') theo giao tuyén 1a duong thing d, qua P va song song BC
Goid,NCC'=K;d,nCB'=J = (a)nCB'=J

Tacdo BP =CK nén JC:CK:BP:l
JB' PB' PB' 3

JC 1

A

YB3

PHAN III. Cau tric nghi¢m tra 1oi ngin. Hoc sinh tra 10i tir cdu 1 dén cau 4.
Céu 1. Nam 2019 dan s thanh phd Ha Noi 1a 8,06 triéu ngudi, ti suat di cu thuan (ti 1é ting dan
s6 hang nim do di cu) ciia tp Ha Noi 1a 2,28% . Hoi néu giit nguyén ti 1¢ ting dan sé nhu nam
2019 thi dan sé thanh phé Ha Noi sau 30 nam s& 1a bao nhiéu triéu nguoi? (Lam tron dén hang
phan muoi, gia st ti 1€ tang dan so tu nhién khong anh hudng dén su tang dan so cta thanh pho
Ha Noi).

Loi giai



Goi P, 1a dan $6 TP Ha Noi vao nam thir ¢ sau nam 2019 thi dan s6 nim tha 7+1 sau nim 2019
P, =P +P.0,0228=1,0228.P .
Vay theo ddu bai dan s6 TP Ha Noi ting trudng theo cap s6 nhan véi cong boi g =1,0228 tinh tir
nam 2019. Cong thire tinh dan s6 TP Ha Noi: P = P,.(1,0228) Trong do:

t
P 1a dan s6 sau t nam tinh tir nim 2019

P, 1a dan s6 ban dau tinh méc 1a nam 2019.

Thay sb vao cong thirc: B, =8,06.(1,0228)" ~15,89 triéu ngudi.

Lam tron dén hang phan muoi triéu nguoi: 15,9 triéu nguoi.

(27 +1) (Vi +3)

(n+1)(n+2)

O R O < 1 30 W o G Y

by,

Cau 2. Tinh A =lim

A =1lim

(n+1)(n+2) ”(Mj”(’”z} (HlJ(sz 1
n n n n
3_
Cau 3. Tinh B = lim &3 =27
x—0 X
Loi gidi

B=27

3 3 2
leirr(}(x+3) 27=1in3x 9x +27x:1in(}(x2+9x+27)=27

x> X x—> X x—>

Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh thang, biét day 16n AD =4 day nho
BC =2.Goi E,F lan luot 1ay trén SA va SD sao cho SE = x.54, SF =x.SD. K 1a giao diém

ciia cac duong thang 4B va CD. M 14 giao diém cua duong thang SB va mit phang (CDE),
duong thang SC cat mat phing (EFM) tai N . Tim x dé ti s6 dién tich ciia hai tam giac KMN

va KEF la g

Loi giai
Ta co:



{E e SA = (S4B)

£ e(CED) = E =(CED)\(SA4B)

K e AB (SAB)

K eCD < (CED) = K =(CED)(S4B)

ABmCD:K:{

Nén

KE =(CED)(SAB)

Lai co:

SB = (SAB), SBN(CDE)=M = M =SBNKE

= K =(EFM )N (SCD)

K e EM < (EFM)
KeCDc (SCD)

{FE(EFM) = F =(EFM ) (SCD)

F eSDc(SCD)
Nén
KF =(EFM )N(SCD)
Lai cé:
SC =(SCD), SCN(EFM)=N = N =SC NKF = 3(EFNM)
Theo dé bai:

SE = x.54
oA SE_SF_EF _ X BriiapyBC = 3(EFCB)
SF=xSD_ SA SD AD 1

Tu d6:

(EFCB)(EFNM )= EF

(EFNM )\ (SBC)=MN L EFIMN/BC = MN _SM _ 1MN
(SBC)N(EFCB)=BC BC SB 1 .,
EF//BC 2

(1)



BC//AD

BC = lAD = K1 =2
2 KB
AKBC ~ AKAD
K¢ BL//AS

Nén AKBL ~ AKAE, AMBL ~ AMSE

KA_AE MB_BL_ KAMB_AE_ 2MB_AE _SA-SE_1-x
KB BL MS SE ~KBMS SE ~MS SE SE X

Nén:

MB_I—x:SM_ 2x
MS 2x SB  1+x

(2)
Két hop véi (1) ta co:

MN 2x MN 1
= f— =
lAD l+x EF 1+4+x

Mat khac:
2 2
MN//EF:AKMN~AKEF:>E:&M:(MJ :(Lj _4
Sir \EF 1+x) 9
xX= l (t/m)
Nén 2

PHAN IV. Ty luin. Hoc sinh 1am bai tir cAu 1 dén cu 3.

Cau 1.
sin2a +sina

a. Rut gon biéu thic 4 = .
1+cos2a +cosa

sin2a +sina sina(2cosa +1) _ sina (2cosa +1)

Giai:Taco 4= =tanco .

1+ cos2a + cosa 2cos’a +cosa cosa (2cosa + 1)



b. Giai phuong trinh: cos(2x + %j =0
cos 2x+z :0<:>2x+£:£+k7r<:>x:£+k—”,kez
6 6 2 6 2

—1* +4t+12 khi 0<¢<5
at -3 khi 5<¢<10
t (gidy) trong khoang thoi gian 10 gidy dau tién ké tir khi vat bat dau chuyén dong. Biét rang

v(t) la ham lién tuc trén doan [0;10] va trong 10 gidy du tién do, c6 hai 1an vat dat van téc 10

Céu 2. Hamsb v(¢) = { mo ta van toc (m/s) clia mot vat tai thoi diém

(m/s) 12 vao cac thoi diém t, gidy va t, gidy. Tinh ¢, +1, (Két qua 1am tron dén hang phan 10)
Loi giai

Ham s6 v(¢) lién tuc trén doan [0;10] nén ham s6 lién tuc tai £ =35. 0,5 diem

. RT _ . . ST 2 _
Suy ra tlirsr}v(t)—hmv(t)—v(S)<:>11m(at 3)—11m( t +4t+12)—7

t—5" t—5* 5"

S 5a-3=-5+45+12<a=2.

P +4r+12 khi0<t<5 0,5 diém
2t-3 khi 5<¢<10°

Khi d6 v(t):{
vat  dat  van  toc 10 (m/s) nén ta 6  v(£)=10

{—t2+4t+12:10(0£t£5) t=2+6

= 13
2t-3=10 (5<1<10) z=?

1 1
Nhu vy taco ¢, =2+~/6 va tzzg z,+z2=2+\/€+33z10,9.

Céu 3. Cho hai hinh binh hanh ABCD va ABEF khong cing ndm trong mot mit phang.

a) (0,5 diém)



Chtmg minh rang BC//( AFD).

b)(0,5 diém)
Goi M 1a trong tam cua tam giac ABE . Goi (P) 12 mit phang di qua M va song song véi
mit phang (AFD). Lay N la giao diém ciia (P) va AC. Tinh %
Loi giai
J
F P E
\ \
\ vy’
\ i’ A\
\ A
\ e '\\
\ 7
RIS . S -
/ /1
/ /
/ /
/ /
/ /
D - c

a) Ta c6: AD//BC (ABCD 1a hinh binh hanh)
Ma AD thudc (AFD), BC thudc (BEC)

Nén BC//(AFD)

b) (ADF)//(P)// (BEC). Ta c6 FB cat 3 mit phang song song lan luot tai F, M, B; AC cit 3

mit phang song song lan lugt tai A, N,C. Ap dung dinh Iy talet: AN = NC = AN = M =2
FM MB NC MB

Do do: ﬂ=2.
NC



Pé chin
PHAN I. Cau tric nghiém nhiéu lwa chon. Hoc sinh tra 10i tir cAu 1 dén cdu 12. Trong méi
cau hgc sinh chgn chi mgt dap an ding.
Caul. Tim x d€cacso 2; 8; x; 20 theo thur tu d6 1ap thanh mot cap so cong.
A. x=14. B. x=32. C. x=64. D. x =68.

Cau2. Cho cép sb nhan (un) ¢6 s6 hang dau u, =2 va cong sai ¢ = —4 . Gia tri u, béng
A. -2048. B. 8192. C. -256. D. 4096 .
Loi gidi
Ap dung cong thtc sé hang tong quat: u, =u, q° =2.(-4)°=8192.
Cau 3. Cong thirc nao sau day sai?
A. cos(a—b)=sinasinb +cosacosb. B. cos(a+b) =sinasinb —cosacosb.
C. sin(a—b)=sinacosb—cosasinb. D. sin(a+b)=sinacosb +cosasinb.
Loi gidi
Ta c6 cos(a+b)=cosacosh—sinasinb.
Cau 4. Tap gia tri cia ham sd y =2sinx la
A. T=R. B. T =[-2;2]. C. T=[0;2]. D.T=2r.

Cau 5. Cho hinh chép S.ABCD cb day 1a hinh binh hanh. Goi M, N 1an luot 1a trung diém
ciia SA, SD. Puong thing MN song song véi mit phang ndo sau day?

A. (54B). B. (SDC). C. (4BCD). D. (S4D).
Cau6. Cho day sb (u,)bit u =" _1 . Ménh dé nao sau diy ding?
n+
A. Diy s6 giam B. Diy s ting
~ A ~ < ~ ., ;A n+7
C. Day s6 khong tang, khong giam D.Coésohang u, , = >
n+
. > +2 khi 0 3
Cau7. Chohamso f(x)= o l *>7 Menh d& nao sau day sai?
X khi x<0
A. f(0)=0. B. f(x) lién tuc tai x,=0.
i =0. D. I =2.
C /i) i)

Loi giai



/(0)=0
lim f(x)=limx=0 — ham s6 gian doan tai x, = 0.
x—>0" x—0"
. _ . 2 _ 2 _
}L?f(x)—tlggl(x +2)—0 +2=2

Cau 8. Cho hinh hop ABCD.A'B'C'D' . Mit phing (AB'D') song song v4i mit phing nao sau
day?

A. (BCB'). B. (D'AC). C. (B'CD). D. (C'BD).
2
Cau9. Tim lim 2 721*1934,
n—>-+owo n +1
A. +o0 B.5. C. 1954, D. 7
Loi giai
;.5 1954
2 2
Ta co: lim n +52n+1954 = limM:1_7
n—>+owo n +1 n—+o 1 1 1
t
n
dx+1
Cau10. lim =" bing
X—>—00 _x+
A. 4. B. 4. C.2. D. 1.
Loi giai
1
4+—
fim 2L i 4.
X—>—00 _x+ x—>730_1+7
X

Cau 11. Cho ttr dién 4BCD.Goi G,G" lan luot 1a trong tdm cac tam gidc BCD va ABD . Chon
khang dinh ding trong cac khang dinh sau?

A. GG' song song voi AC . B. GG' song song v&i AB .

C. GG' chéo AC. D. GG' cit AB.

Cau 12. Hinh v& nio sau ddy khong phai 1a hinh biéu dién ciia hinh chép ti gisc S.ABCD ?

8




PHAN IL. Cﬁu}rz’ic nghiém ding sai. Hoc sinh tra 101 tir cAu 1 dén cdu 2. Trong mbi y
a),b),c),d) & méi cau hgc sinh chgn ding hodic sai.
Céu 1. Cho ham s f(x) =x>—5x+4,g(x)=ax+b (ablahing sd khac 0).

a) limf(x)zO
b) 114\/_()6)2—12.
¢) lim “f( ») l

= g a
&) Pé limL Y _ 4 i da+2b=-3.

x4 ax + b

Loi giai

a) lir{llf(x) = lir{ll(x2 —5x+4)=10. Vay a sai

o iim (x) lim(x—l)(x—4)(\/;+2)

= lim (x ~1)(v/x +2) =12 Vay b diing.

x—4 ,\/_ 2 x—4 x—4 x—4
, ’ 2
¢) lim ﬂ = lim N¥ ZSx+4 = 1 Vay ¢ sai
o> g(x) > ax+b a

d) bé 1imM =4 thi
x—4 ax + b

+ ax+b conghiémbing 4 <> 4a+b=0<b=-4a

f@) o G- L (x-1) 3

+ lim
>4gx+b x4 a(x—4) -4 g a

<:>a=%:>b=—3:>4a+2b:—3.Véyddl’mg.

Céu 2. Cho hinh ling tru tam giac ABC.A'B'C'. Goi E,F lan luot 1a trung diém cta cac canh
AC va A'B'. Xét tinh dung sai ctia cac khang dinh sau:

4 2 ’ 1 ’ !
a) Néu goi H 1a trung diém cua B'C’ thi FH = EA C



b)EF i/ (BCC'B').

¢) Néu goi K 1a trung diém cua AB thi tt giac CC'FK 1a hinh thang vudng

d) Goi M, N lan luot 1a trung diém ctia BB',CC’. Pudng thing qua di qua trong tim
., . . IP 2

I cuatam giac ABC cat A'B va MN lan luot tai P,Q . Tisb P_Q = g

Loi giai

a) bung: Goi M 1a trung diém B'C' taco FM 1a duong trung binh cia A4'B'C’ nén
FM song song va do dai bang ntra doan A'C’.

b) Piing: Lai c6 E 1a trung diém AC, AC song song vabang A'C’' nén EC song song
va do dai bang nra A'C’ .

Suy ra FM song song va bang EC , nén CEFM 14 hinh binh hanh.

Do d6 EF song song v6i MC ma MC niam trong (BCC'B') nén EF song song véi
(BCC'B')

¢) Sai: Goi K 1a trung diém AB,vi F 1a trung diém A'B' va ABB'A’ 1a hinh binh
hanh nén FK song song va bang AA4'. Do d6 FK song song va bang CC', suy ra
CC'FK 1a hinh binh hanh.

d) Sai



Qua / ké duodng thing song song voi BC cit AC, AB tai H,K .
Suy ra KH /| MN do @6 M,N,K,H,I déng phang.  Goi
P=ABNMH,Q=IPMN .

1
HP HB 3
PM DM 1

2

Ké MD//A'B'(D € A'B) ta dugc

. IP HP 2  IP 2 _ .
Dod6 — =——=—nén — =—. Vaydsai
PO PM 3 PO 3

PHAN III. Cau tric nghiém tra 1oi ngin. Hoc sinh tra 10i tir cdu 1 dén cau 4.

Cau 1. Nam 2019 dén sé tinh Bic Ninh 1a 1,38 triéu nguoi, ti suat di cu thuan (ti 1é ting dan s6
do di cu) ¢ tinh Bac Ninh 1a 8,53% . Hoi néu giit nguyén ti 1¢ ting dan sé nhu ndm 2019 thi dan
s6 tinh Bic Ninh sau 30 ndm sé& 1a bao nhiéu triéu nguoi? (Lam tron dén hang phan muoi, gia st
ti I¢ tang dan so ty nhién khong anh hudng dén sy tdng dan so cia tinh nay).

Loi giai

Goi P 14 dan s tinh Bac Ninh vao ndm thtr ¢ sau nim 2019 thi dan s6 nam thi ¢ +1 sau nim

an
2019 P, =P +P.0,0853=1,0853.P .

Vay theo ddu bai dan s tinh Bac Ninh ting trudng theo cAp s6 nhan voi cong boi ¢ =1,0853

tinh tir nim 2019. Cong thic tinh dén sd tinh Bic Ninh: £ = £,.(1,0853)" Trong do:
P 1a dan sb sau t nim tinh tir nam 2019

P, 14 dan s6 ban d4u tinh méc 1a nam 2019.

Thay s6 vao cong thirc: B, =1,38.(1,0853)" ~16,08 triéu nguoi.

Lam tron dén hang phan muoi triéu nguoil6,l triéu nguoi.

2(&—3)(n\/2+1)
(n—l)(n—Z)

Cau 2. Tinh A =lim

Loi giai



2(Vn=3)(nfn +1)

A =1lim

T

3_
o ()’ 1

x—0 X

Cau 3. Tinh B =

Loi giai

3 3 2
i Y T I X 4 3x43) =3
x—0 X x—0 X x—0

B

Ciu 4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang, biét day 16n 4D =6 day nho
BC =3.Goi E,F lan luot lay trén S4 va SD sao cho SE = y.S4, SF = y.SD . K 1a giao diém
ciia cac duong thang 4B va CD . M la giao diém ciia duong thing SB va mit phang (CDE),
duong thing SC cdt mit phang (EFM) tai N . Tim y dé ti sb dién tich ciia hai tam giac KMN
va KEF la i .
9
Loi giai:

Ta co:

{EESAC(SAB):E:(CED)ﬂ(SAB)

E e(CED)

K € AB = (SAB)

KeCDc (C’ED) = K= (CED)K\(SAB)

ABmCD=K:>{

Nén
KE = (CED) N (SAB)
Lai cé:

SB < (SAB), SBN(CDE)=M = M = SBNKE

{K €EM c(EFM)_ . _ (EFM)N(SCD)

K € CD = (SCD)
{fi i giFf(LCD) = F =(EFM)(SCD)



Nén

KF =(EFM)N(SCD)

Lai co:

SC =(SCD), SCN(EFM)=N = N =SC NKF = 3(EFNM)
Theo dé bai:

SE = .54
yoA L SE_SE_EF Y gRiiaD)BC = 3(EFCB)
SF=ySD  SA SD AD 1

Tir do:

(EFCB)N(EFNM )= EF

(EFNM ) (SBC)=MN e EFJMN//BC — MN _SM _ MN 1)
(SBC)N(EFCB)=BC BC SB 1

Lap
EF//BC 2

BC//AD

Be=tup =KA_,
2 KB

AKBC ~ AKAD
Ké BL// AS
Nén AKBL ~ AKAE, AMBL ~ AMSE

KA_AE MB_BL_ KAMB_AE_ 2MB_AE_SA—SE _1-y
KB BL MS SE ~KBMS SE ~MS SE SE

y
Nén:

MS 2y SB l1+y

Két hop véi (1) ta co:

MN _2y _ MN_ 1

lAD 1+y EF l+y

Mait khac:



2 2
MN//EF:>AKMN~AKEF:>E:SAKMN=[MJ :(L) _4
9  Sir EF I+y 9
1
y== (t/m)
Nén 25
i
y==()

Dép an: yz%zO,S

PHAN IV. Ty luén. Hoc sinh 1am bai tir cAu 1 dén ciu 3.

sin2a +cos«a

Céiu 1. a. Rut gon biéu thuc 4= —.
l1—cos2a +sina

sin2a+cosar cosa(2sina+1)=cosa(2sina+1)

Giai: Taco A= =cota

l—cos2a +sina  2sin’a+sina sina(2sina+1)

b. Giai phuong trinh: sin(3x + %j =0

sin 3x+z =O<:>3x+£=k7r<:>x=——+—,keZ
3 3 9 3
—>+10t+5 khi 0<¢<6

Cau 2. Himsd v(t) = .
at+41 khi6<z<12

mo ta van toc (m/s) cia maot vat tai thoi diem

t (gidy) trong khoang thoi gian 12 gidy dau tién ké tir khi vat bat ¢au chuyén dong. Biét rang v(t)

la ham lién tuc trén doan [0;12] va trong 12 gidy dau tién d6, c6 hai lan vat dat van toc 21 (m/s)

1a vio cac thoi diém ¢, gidy va ¢, gidy. Tinh ¢, +¢,?

Loi giai
Ham s6 v(¢) lién tuc trén doan [0;12] nén ham s6 lién tuc tai 7 =6. 0:5
Suy ra limv(¢) = limv(r) = v(6) < lim (at+41) = lim (~£* +10¢+5) =29 diem
t—>6" t—>6~ t—>6" t—6"
&S 6a+41=29<a=-2.
Khi do v(t)z{—r2+10t+5 khi 0<7<6 d(l)efn

2t+41 khi6<r<12’

Vit dat van toc 21 (m/s) nén ta co v(t) =21




2 1106 +5=21 khi 0<7<6 t=21M)
—t "+ 10t +>= 1 <t< - tIS(L)

=2t+41=21 khi <12
t+ 16<t £ Z10(TM)

Nhuvaytaco t, =2 vat,=10 ¢, +¢,=2+10=12.

Cau 3. Cho hai hinh binh hanh ABCD va ABEF khong cting nam trong mot mit phang.

F E

a) Chimg minh rang AD//(BEC).

b) Goi M la trong tdm cua tam gidc AFE . Goi (P) 1a mat phang di qua M va song song véi

mit phang (AFD). Lay N la giao diém cua (P) va AC. Tinh %
Loi giai

a) Ta c6: AD//BC ( ABCD la hinh binh hanh)

Ma AD thudc (AFD), BC thudc (BEC)

Nén AD//(BEC)

b) (ADF)//(P)// (BEC). Ta c6 FBcat 3 mit phang song song lan luot tai F, M, B; AC cit 3

mat phéng song song lan luot tai A, N, C. Ap dung dinh 1y talet: AN = NC = AN = M
FM MB NC MB

1
2
Do doé: ﬂ:l

NC 2
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