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PE CUONG ON TAP CUOI HOC KI I - TOAN 9
Nam hoc: 2024 — 2025

A-LY THUYET

I. PAISO:

1) Hé phwong trinh bic nhit hai 4n

- Phuong phap thé

- Phuong phép cong dai sd

- Phuong phap dit an phu

2) Giai bai toan bang cach lip h¢ phwong trinh

3) Phwong trinh quy vé phwong trinh bic nhit mdt in

- Phuong trinh tich

- Phuong trinh chira 4n & mau

4) Bit dang thirc. Bit phwong trinh bac nhit mjt 4n

- Lién hé gitra thtr ty va phép cdng; phép nhan

- Khai niém bat phuong trinh bac nhat mot an

- Céc giai bat phuong trinh bac nhat mot an

5) Can bac hai va can thirc bac hai

- Khai niém can bac hai
x>0

- Véia>0tacdx=+a <
{x%(ﬁ)ﬁa

Aneu A>0

- Hang dang thirc \/P:|A|:{ A A<O0
—A neu <

6) Cac cong thirc bién déi ciin thirc

1. VA = A 2. JAB =JANB (A20,B2>0)

3. ézﬂ (A>0,B>0) 4. JA’B=|A|vB (B=0)
B VB

5. AVB=+vAB (A>0,B>0) AVB=-VA’B (A<0,B=>0)
A 1 c C(VazB)

6. .|2=_JAB (AB>0,B=0) 7. = A>0, A =B
\/g B| ( ) JA+B  A-PB’ ( )
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EVEREST 0
A AVB c C(Vaz VB)
8. 5= >0 T ls alp  AB20AZB)

I1. HINH HQC:
1) Ti s6 lwong gidc ciia géc nhon
a) Dinh nghia céc ti s6 luong gidc cua goc nhon
b) Mot sd tinh chat ciia céc ti s6 luong giac
+ Cho hai géc a va § phu nhau. Khi do:
sin o, = cos 3 cos o, = sin 3
tan a = cot 3 cot o = tan 3
2) Mt s6 hé thirc giira canh va géc trong tam giac vudng
- H¢ thac gitta canh huyén va canh hoc vudng
- Hé¢ thirc gitra hai canh goc vudng
- (Giai tam giac vuong
3) Duwong tron
- Dinh nghia
- Day va duong kinh cua duong tron
- Goéc & tam; s6 do cung
- D0 dai cung tron. Dién tich quat tron va hinh vanh khuyén
- DAu hiéu nhan biét tiép tuyén cua duong tron
- Tinh chat hai tiép tuyén cat nhau
- Vi tri twong ddi cta hai dudng tron
B. Bai tap
I. Tric nghiém
Céu 1. Trong cac phuong trinh sau phuong trinh nao khong phai 1a phuong trinh bac nhat hai an ?
A . 2r—-3y=5 B.0z+2y=14 C.2x—0y=3 D. 0z —0y=6
Céu 2. Kiém tra cdp s sau c6 phai 1a nghiém ctia phwong trinh 2z — y — 1 = 0 hay khong?

A. (1;1); B. (0,5:3). C. (0;0) D. (1;-2)

Ciu 3. Trong céc trudng hop sau, chi ra nhitng h¢ hai phuong trinh bac nhét hai an
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EVEREST
| 27+ 3y° =1 . i0,5x—0,2y:—0,1
-3z =18 0z 4+ 0y = —0,4
{—4w+7y:—10 {x+3y:2
"3z + 8y =—19 1312° + 5y = —1
Ciu 4. Piéu kién xac dinh cta phuong trinh — +1= " i ! la:
Az=2,2=1 B.x=2,2= -1
Cz=-2,2=1 D. z= -2
Cau 5. Cho a+3 > b+ 3, khi dé ta co:
A.a<b B.—3¢—-3>-3b—3 C.4a+3<4b+3 D.3a+1>3b
Céiu 6. Giai bt phuong trinh: 3z —5 > 2z ta dugc nghiém la:
A.x>5 B. 2 <5 C.z2>5 D. <5
Céu 7. V&iba sb a,bvac < 0, cac khang dinh sau khang dinh nao ding?
A.Néu a > bthi ac> be B.Néua>bthi%>%.
C.Néu a > bthi ac < be D.Néua>bthia+ec<b+ec
Cau 8. Néu —16a > —16b thi
A.a<b. B. a<b. C.a=b. D.a>0b.
CAau 9.Can bac hai s hoc cia (-3)* 1a
A. -3 B.3 C. =81 D. 81
Cau 10. Can bac ba cua —125 la:
A.S B. -5 C. £5 D. -25
Cau 11. Tinh /5> +./(=5)> c6 két qué 1a:
A. 0 B. -10 C. 50 D. 10
Céu 12: Cho hinh v& dudi dy, gia trj cia sina bang E
| a
Al B. L c 2. D. 3
) 3 4 5) 8

Cau 13. Cho tam gidc MNP vudng tai M . Khi d6 cos MNP bang:
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A MN g MP o MN D, MP
NP NP MP MN

Cau 14. Cho avag la hai géc nhon bat ki thoa mén o + 3 = 90°. Khéng dinh nao sau day la
dang?

A. tana = sin (3. B. tana = cot 3.

C. tana = cos 3. D. tana = tan 8

Cau 15. Cho tam giac DEF vudng tai D, duong cao DH . H¢ thurc nao sau day dang?
A. DH = DE.tan E . B. DH = DE.cotE .

C. DH = DE.cosE . D. DH = DE.sinE

Céu 16. Cho hinh chit nhat ABCD ¢6 AB = 6cm; AD = 8cm . Trong cac khang dinh dudi day,
khang dinh ndo 1a ding?

A. Bén diém 4, B, C, D thudc mot duong tron co6 tam la giao diém ciia AC va BD va ban kinh 1a

5cem.

B. Bbn diém A, B, C, D thudc mot dudong tron co6 tam la giao diém cua AC va BD va ban kinh la
10em .

C. Bén diém 4, B, C, D thudc mot duong tron co6 tam la trung diém ctia AB v&iban kinh 14 3em.
D. Bén diém 4, B, C, D thudc mot duong tron co6 tam la trung diém ctia AB véibankinh 13 4cm .
Céu 17. Cho (0; 5 cm) va dudng thang d. Goi OH 1a khoang cach tir tim O dén d . Piéu kién dé
duong thang d dén (0) ¢6 2 diém chung la:

A. OH < b5cm. B.OH = 5¢m. C.OH < 5em. D. OH > 5em.

Cau 18. Cho hai duong tron (O; R)Va ( ) . Trong cac phat biéu sau, phat biéu nao sai?

B. Hai duong tron (O

A. Hai duong tron (O va < ') cit nhau khi va chikhi R —r < 00'< R+r.
va (0') tiép xc ngoai khi va chi khi 00'=R —r ..

)

(©)
C. Hai duong tron (O)Va‘l ( tiép xuc trong khi va chi khi R —r = 00".
D. Hai duong tron (O)Vé <O ') goi la ngoai nhau khi va chi khi OO' > R+ r.
Cau 19. Cho (0;25cm) . Khi d6, day 16n nhat cua duong tron (0;25cm) bing:
A. 12,5cm. B. 25cm. C. 50cm. D. 25v/2cm .

II. TU LUAN
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1. HE PHUONG TRINH

Bai 1. Giai cac hé phuong trinh sau:

—dSr+y=3 3x—2y =25
a) b)
3r—y=2 -9z + 6y =4
) 20 +y—3=0
_+ —_ —
c) 12 Y 2 d) iz Y
Jzr—y=1 13
201z —-1)+y =3
o Pl
T —3y =—8
Bai 2. Giai hé phuong trinh:
20 =y +3 Az +y=-5 2r+y—3=0
a)i, b) | _ )iz vy
2y =2—3 (x—l)(y—i—?)—:cy—l Z=2_1
4 3
. 2 1
r—y=—1 i_y: +1+?:
d) iz Y e) 1t 21" Y
—+ <L =2 2 1 2
S =+ =-4 — =
LT r+1 y+2

2. GIAI BAI TOAN BANG CACH LAP HE PHUONG TRINH

Bai 3. Mot 6 t6 di quing dudng AB véi van toc 50 km/h, ri di tiép quing duong BC véi van
téc 45 km/h. Biét quing dudng AB va BC tong cong dai 165 km va thoi gian 6 to di trén quing
duong AB it hon thoi gian 6 t6 di trén quang duong BC 1a 30 phat. Tinh thoi gian 6 t6 di trén
doan duong AB.va BC

Bai 4. Mot ca nd chay trén song trong 7 gio, xudi dong 108 km va nguoc dong 63 km. Mot lan
khac cling trong 7 gio ca nd xudi dong 81 km va nguoc dong 84 km. Tinh van téc nude chay.
Bai 5. Hai doi cong nhan cung lam mot doan dudng trong 24 ngay thi xong. Mdi ngay, ddi I 1am

duoc nhiéu gap rudi doi I1. Héi néu lam maot minh thi mdi doi lam xong doan dudng d6 trong bao
nhiéu lau? (Gid st nang suat cia moi dgi 1a khong doi).

Bai 6. Hai nguoi 1am chung mot cong viée trong 20 ngay thi xong viéc néu nguoi thir nhat 1a 12
2 rras X TN iAo
ngay va nguoi thtr hai lam 15 ngay thi chi duogc 3 cong viéc do. Ho1i moi nguoi lam riéng thi

xong cong viéc do trong bao 1au?
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Bai 7. Mot manh vuon hinh chit nhét: néu tdng chiéu dai thém 5m va gidm chiéu rong di 2m thi
dién tich khong thay doi, néu tang chiéu dai thém 9m va gidm chi€u rong di 3m thi dién tich
tang thém 30 m”.Tinh dién tich ctia manh vuon hinh chir nhat ban dau do.
Bai 8. Hai truong A va B ¢6 435 hoc sinh thi 6 vao 16p 10 dat ti 1¢ 1a 87%.Riéng trudong A ti 18
thi do vao 16p 10 1a 85%, riéng truong B ti 1€ thi d0 vao 16p 10 1a 90%. Tinh s6 hoc sinh du thi vao
16p 10 ctia mdi truong ?
Bai 9. Hai t6 cong nhin cia mot nha mdy cung tham gia san xuit khau trang. Trong tudn thir nhat
ca hai t0 san xuat dugc 1700 chiéc khau trang. Sang tuan tha hai, t6 7 vugt muc 30%, to 11 vugt
murc 40% do do ca hai t6 san xuat dugc 2290 chiéc khau trang. Hoi trong tuan thir nhat, moi to
san xuat dugc bao nhiéu chiéc khau trang.
Bai 10. Tim cac hé sb z,y dé can bang phan tng hoa hoc

a. vFe,0, + 0, — yFe0, b. zP 4+ 0, — yPO,

3. PHUONG TRINH - BAT PHUONG TRINH
Bai 11. Giai phuong trinh

a) (z+2)(3-3z)=0 b) (32 —2)(z+1) (20 —2) =0
¢) (20+3) =(z-5) d) 3z(z—5)+6(z—5)=0

¢) (3r—2) —25=0 g) (z—4) =52-20

h) (z+3)(2z +3) = 42" —9 i) 42’ —1= (22 +1)(32 —5)

Bai 12. Giai phuong trinh

a) +3:3—z b) x+1+:p—1: 4
T —2 T —2 r—1 x+1 <:L‘—1)(:L'+1)
x+1 62 x—1

c) — =
r—2 22—4 x+2

Bai 13. Giai cac bat phuong trinh sau:

a) 3‘”4‘1>2 b) dz—7>5(20—3)+4

o L=3_z-l o+ d) (1-1) <a(z+3)

3 6 4
Bai 14. Viét bat ding thirc dé mo6 ta tinh hubng sau:
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a) Ban An it nhét 18 tudi méi duge di bau ctr dai biéu Quéc hoi.

b) Mot thang may chd dugce tdi da 700kg.

¢) Ban phai mua hang c6 tong tri gia it nhat 1 triéu dong méi dugc giam gia.
d) Ban ném vao rd it nhit 5 qua bong méi vao duoc doi tuyén bong ro.

Bai 15. David c6 thé kiém duoc 8USD cho mdi gior lam viée tai cong ty chuyén chim soc cay
canh va anh 4y mudn kiém dugc it nhat 1200 USD trong mua hé nay.

a) Hay viét mot bat phuong trinh mé ta tinh huéng nay

b) Hoi anh ay can 1am viéc it nhat bao nhiéu gid dé kiém duogc sb tién trén?

Bai 16. Mot cong ty chuyén nha can di chuyén mot cdy dan piano ning 260kg bang thang mdy.
Thang may c6 thé chd duge toi da 1a 710 kg

a) Viét va giai bit phuong trinh dé xac dinh khéi luong thang may c6 thé chéd thém duoc

b) Ngoai chiéc dan piano, thang may c6 thé ché thém dugc bao nhiéu ngudi, biét mdi
nguoi nang khoang 60kh

IV. CAN BAC HAI - CAN BAC BA
Bai 17. V&i gia tri ndo cua z thi biéu thirc sau xé4c dinh:

a) \/3z — 36 b) 2.,|—

z—1

—-10

Y d)\/3:1:—|—3—\/—5x—|—4

c)

Bai 18. Bién d6i biéu thuc trong cin thanh binh phuwong ctia mot tong hay hiéu rdi tir d6 pha bo
mot 16p can

a) V34242 b) v11 — 2430
¢) V21— 417 d) V12 + 2435

e) V46 — 65 g) V3 -5

Bai 19. Rut gon cac biéu thire sau:

1) V12 —27 ++/48 2) (JEN%—J%)J?

6 1 1 !
3) 2@—\/;—@—\/% VE BB
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) (VIS -85 B o) o) Tz 1s) L5

7) (6\/5—%@”\/5):3& 8) 2\/4_8—%\/;\/?}-2\/5
9) (3-2v2)" - (8 - 4 10) J(4-V15)* + (15 -3)?
VIO-V2 2-42 5445)(5-+5
=== 12)(1—1”5}{1 - j

Bai 20. Rit gon biéu thirc
6-v6  6-+6 3443 V63
RN RN RN
3+2V3 24402 5+5](5-+5
A SR CIN e
oL, 1 @—1 32
3445 5-3 ® Bl sive

\ Jx+3 \/_+2 Jx+2
vaB=

1
14++/x =2 3-dx x—s5dx+6’
a) Tinh gia trj cua biCu thuc A khi x =25
b) Rut gon biéu thic B

¢) So sanh % véi -2

Bai 21. Cho biéu thitc A =

x>0, x#4vax#£9

X+3 x=9  Jx+3)
1) Tinh gia tri cia A khix =16
2) Rut gon biéu thirc B

Bai22.Cho A = X+3 VéB=(x+3\/;_2— ! Jﬁ‘i voix>0:X %9
+

3)Cho P= é Tim gia tri nho nhit cua P.

B
Bai 23. Cho hai bidu thite 4-25Y% vago* L, L i 0 vaxss
\/; x—4 2—\/; \/;+2
1) Tinh gi4 trj ctia 4 khi x :%.
2) Rat gon B.
¢« ® o 8
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3) Cho P= % Tim cac gia tri nguyén cta x dé Px < %(\/; -1).

Vx o Nx+l Vxe oo 3-4k

X I
- - aQ= +1,v01 x>20;x#4
Vx-2  Nx+2 x4 Nx —
1) Tinh gia tri cta biéu thirc Q

a) Khix=4
b) Khi x=4-23
2) Rit gon biéu thirc P

Bai 24. Cho hai biéu thirc: P=

3) Tim gia tri thuc cia x dé biéu thic M = P:Q ¢6 gia tri nguyén

i+l o, 20x Jx 3x+3

NX*! va B= + -

Jx -3 Jr+3 Jx-3 x-9
25

1) Tinh gié tri cta biéu thirc A khi x = =

voi x>0, x#9

Bai 25. Cho hai biéu thirc A =

2) Rut gon biéu thirc B.
X f e e ; B -1
3) Tim céac gia tri cia x dé = < 3
Tim cdc gid tri ciia x dé biéu thirc nguyén

Bai 26. Tim gi4 tri x nguyén dé biéu thirc nguyén

Jx+2 _2x+3
Jx -1 RN oy

Bai 27*. Tim gié tri x thude R dé biéu thirc nguyén

_3\/;+7 74x -2 Jx+2

= b = c) M=——
\/;-Fl ) ©Q 2\/;+1 ) x++/x+1

Tim GTLN, GTNN ciia biéu thirc
Bai 28*. Tim GTNN — GTLN cua cac biéu thirc sau

4x+5
2Jx -1

a) A= c) C

a) P

a) A=x+4Jx+5 b) B=3x+2/x+3 ¢) C=-2x-3Jx+2
d) D=—tix+1 o) podre3rel R L
Vx Jx x=2Jx+9

4. HE THUC LUQNG TRONG TAM GIAC VUONG
Bai 29. Giai tam giac vuong ABC tai A :

a) AB=8cmvaB =45". b) AB=5cmvaBC =13 cm.
Bai 30. Tu mdt dai quan sat cao 350m so v41 muc
°* © o 9
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nude bién, ngudi ta nhin thdy mot chiée thuyén bi nan o

duoi goc 20° so v6i phuong ngang cua myc nuée bién ,ni” y i
. Mudn dén ciru con thuyén can phai di quing dudng i

bao nhiéu mét? TAV e /

P P P P P Pog P P By Py Py
e R e

Bai 31. Tinh chiéu cao ctia mot ngon thap biét chiéu dai bong cta thap trén mat dat 1a 20m , goc
tao bdi tia nang mat troi voi mat dat 13 62°

Bai 32. Mot nha tré mudn thiét ké cai cau truot trong san choi. DPoi voi tré dudi 5 tudi cau trugt
cao 2m va nghiéng voi mat dat mot goc 30°. Dbi vai tré trén 5 tudi cAu trugt cao 2m va nghiéng
v6i mat dat mot goc 45° (Hinh vé ). Tinh chiéu dai ctia mdi cau truot (Lam tron dén chir s6 thap
phan thir nhat).

2m

| 45
E B Cc

Bai 33. Tinh chiéu cao cua mot ngon nui cho biét tai
hai diém cach nhau 1km trén mat dat nguoi ta nhin
thay dinh nuai véi goc nang lan luot 1a 40° va 32°.

IV. PUONG TRON

Bai 34. Cho diém C trén (O), duong kinh AB. Tir O v& dudng thing song song voi AC va cit tiép
tuyén tai C cua duong tron (O) & P.

a) Chung minh AOBP = AOCP.
b) Chimg minh PB 1a tiép tuyén cuaa (O).

Bai 35. Cho (O; R). Tr diém M bét ki nim ngoai (O),ké hai tiép tuyén MA, MB v6i (0). A, B 1a
cac tiep diem). Qua M ké cat tuyén MCD (Cnam gitta M va D). Goi H=AB N MO va I 1a trung
diém CD.

a) Chung minh 5 diém M, A, 1,0, B cung thugc mot dudong tron
b) Chung minh OM L 4B taiH
c) Ching minh AH* = OH.HM

Bai 36. Cho nura (O), duong kinh AB. V§ 2 t1ep tuyen Ax, By cung phia voi AB. Goi M la diém
bat ky thudc nira duong tron (M khac A, B), tiép tuyen tai M cat Ax, By tai D, C.
a) Chung minh tr giac ADMO va BCMO noi tiép;
b) Chung minh CO la trung tryc ctia BM, OD la trung truc cua AM;
c) Ching minh CD = AD + BC;
d) Chtmg minh COD =90°;

e @® o
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¢) Chimg minh AD.BC =R hay 4D .BC = Af :

f) Tich AD.BC khéng d6i khi M di chuyén trén nira duong tron;

g) Chung minh AB 14 tiép tuyén cta dudng tron duong kinh CD
Bai 37. Hinh vé sau tao thanh tir cac cung tron cua cac duong tron duong kinh H7, HO,0B . Tinh
dién tich hinh HOABINH, biét HI = 20(cm), BI = 2(cm).

Bai 38. Hinh v& bén dudi mo ta mat cit cia chiée dén led co dang
hinh vanh khuyén véi ban kinh cac dudng tron 1an lwot 13 15 cm, 18
cm. Tinh dién tich hinh vanh khuyén do.

Bai 39. Cho duong tron (O; R) va mot diém M sao cho OM = 2R.
Tir M v& cac tiép tuyén MA va MB véi A, B 1a cac tiép diém.

a) Tinh d6 dai cung nhé AB.

b) Tinh dién tich gi6i han boi hai tiép tuyén AM; BM va cung nho
AB.

[uY
[uy
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PE THI THU SO 01

Cau 1.
a)  Giai phuong trinh (x2 —4) +x(x-2)=0

. dx+y=2
b)  Giai hé phuong trinh Ty
8x+3y=5
¢)  Giai bét phuong trinh 4x‘1+6x;19g9x;“

Céiu 2. Tinh gid tri cua biéu thire
) |(2-VE) +J14-6V5
b) (zm—_ggwﬁ}zﬁ

34 3-Vx 36 | x-
3-Jx 3+4x 9-x) 3Jx—x

vol x>0,x#9,x#25.

Cau 3. Cho biéu thirc: 4 :(

a, Rat gon A.

b. Tinh gia trj biéu thirc ctia A khi x = 16

b, Tim x sao cho 4<0.
Céu 4. Hai nguoi the cung lam chung mdt cong viéc trong 7 gio 12 phut thi xong. Néu nguoi thir
nhat lam trong 5 gio' va nguoi thir hai lam trong 6 gio thi ca hai nguoi chi lam dugc % cong viée.
Hoé1 mot lam cong viée do trong may gio thi xong ?

Cau 5. *—-—-

a) Mot khic song rong khoang 250m. Mot chiée thuyén chéo i

qua song bi dong nude ddy xién nén phai chéo khoang 320m moi ;

sang duoc bo bén kia. Hoi dong nuéc di ddy chiée do 1éch di mot :

gdc bang bao nhiéu d6? (nhu hinh ve) gi i
&

b)  Tinh dién tich cua hinh vanh khuyén nim giira hai duong
tron dong tim cé ban kinh 1a 3m va 5m
Céu 6. Cho duodng tron (O;R = 6 cm) va diém M & ngoai dudng tron
sao cho OM = 10 cm . Ké céc tiép tuyén MA, MB véi dudng tron (O)
(A, B 1a céc tiép diém), dudng thang AB cit OM tai K.

a) Chirng minh 4 diém M; A; B; O cung thudc mot duong tron.
b) Chirng minh K 13 trung diém cua AB. Tinh MA, OK.
c¢) Ké duong kinh AN cua duong tron (O). Ké BH vuong géc voi AN tai H.

Chtrng minh MB.BN = BH.MO.
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TRAI NGHIEM la cach HOC TAP t6t nhat
EXPERIENCE is the best form of LEARNING
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