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I. KIEN THUC TRONG TAM

Chu dé Ndi dung

- Can bac hai, can thirc bac hai va hang dang thirc: A’ =|A.
- Rut gon biéu thirc chira can thirc bac hai.
- C4c cau hoi lién quan dén biéu thtrc chira cin bac hai.

Biéu thuc chira

can bac hai.

- Phuong trinh va hé phuong trinh bac nhat hai an.

- Cac phuong phap giai hé phuong trinh bac nhat hai an va hé phuong
trinh dua duoc vé hé bac nhat hai an.

- Giai bai toan bang cach lap hé phuong trinh.

H¢ hai phuong
trinh bac nhat

hai an.

Hinh hoc tong | - Hé thirc lwong trong tam giac vudng.
hop. - Buong tron, goc vaéi duong tron
(Gidi han hét bai: Goc tao bai tia tiép tuyén va day cung)

I1. BAl TAP TU LUAN
Dang 1: Rut gon biéu thirc chira ciin bic hai
Bai 1: Cho biéu thirc

Al 20X J_+1 C1x - 3’82&—3 Vi X 0% 2.
K13 k-3 9-«x Jx+1
a) Tinhgiatri cua B khi x—%

b) Ratgon A; 7

c) Tim x nguyén dé P =AB nhan gia tri nguyén.
Bai 2: Cho biéu thuc

V1 X )2 g X2
Jx—5 x+2) Jx-5 4x +1
a) Tinh gi4 tri cia biéu thuc B khi x=64;

b) R4t gon A;

A— vol X>0;x=25.

¢) Pat P = AB. Tim gia tri nguyén cua x dé \/Es%.
Bai 3: Cho biéu thuc:
1

A:X+ X + Vi B X+2 N \/§+1 _\/§+l
X+4 XX -1 X+/x+1 x-1

a) Tinh gi tri cua bidu thirc A khi x = /4 +24/3 + 7 —4/3:

b) Rit gon bicu thic B;

c) Tim gia tri I6n nhat caa biéu thic C = A.B.

Vol x>0 x =1,
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x 2 6
Jx+1 Ix=2 x=x-2

Bai 4: Cho biéu thirc C = VoI X>0; x= 4.

a) Rt gon biéu thic C;
b) Tinh gia trji cua biéu thuc C khi x=9;
¢) Tim diéu kién cua x dé C >9;
d) Sosanh C véi 1;
e) Tim diéu kién cua x dé C <%;
f) Tim gid tri nho nhat caa biéu thic C;
g) Timx nguyén dé C nhan gia tri nguyén.
Dang 2. Giai h¢ phwong trinh
Bai 5: Giai cac hé phuong trinh sau:
{3x+y=10 _ ] {2(2x+3y):3(2x—3y)+10_

5X+7y=22" 4x -3y =4(6y—2x)+3
Z_L1-30 2 T _30
X X+y X-—

O 13 7 9y T
Silo3 =y s
Xy X+y X-Yy
3X 2 1
—+ =4 2(x* —2x) + =0
X+1 y+4 . /y+1

e )

) T s 9 f) 2 )
N = 3(x" —2x) - =1
Xx+1 y+4 ( ) \/m
2Jx-1+3,/y-2=8 Sx-1-3y+2/=7

9) : h) ~ - :
Ix-1+2/y-2=5 24X —8x+4+5\y’ +4y+4 =13

mx +4y =20

(m 1a tham s6).
X+my =10

Bai 6: Cho h¢ phuong trinh:{
Vi gia tri nao ctia m thi hé da cho:

a) C6 nghiém duy nhat;

b) Co6 nghiém duy nhét théa man x+y =1.

Dang 3. Giai bai toan bang cach 1ap hé phwong trinh

Bai 7. Hai voi nudc cing chay chung vao mot bé khong co nudc thi sau 12 gior day bé. Néu
dé voi thir nhat chay mot minh trong 5 gio roi khoa lai va mo tiép voi thir hai chay mot
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minh trong 15 gio thi dugc 75% thé tich cua bé. Hoi mdi voi chay mot minh thi sau bao
lau s& day bé?

Bai 8. Dé hoan thanh mét cong viéc, hai to phai 1am chung trong 6 gio. Sau 2 gio 1am
chung thi t6 II duoc diéu di lam viéc khéc, t6 I d3 hoan thanh cong viéc con lai trong 10
gio. Hoi néu mdi t6 1am riéng thi sau bao l1au s& hoan thanh cong viéc d6?

Bai 9. Mot 6 to di quing duong AB véi van téc 50km/h, rdi di tiép quing duong BC V6i
van toc 45km/h. Biét tong hai quing duong dai 165km va thoi gian 6 to di quing duong
AB it hon thoi gian 6 t6 di trén quang duong BC 1a 30 phat. Tinh thoi gian 6 t6 di trén moi
doan duong.

Bai 10: Mot 6 t6 di tir A va dy dinh dén B Ilc 12 gio trwa. Néu xe chay véi van toc 35km/h
thi s& dén B cham hon 2 gio so véi du dinh. Néu xe chay véi véan toéc 50km/h thi s& dén B
sém hon 1 gid o véi dy dinh. Tinh do dai quing dudng AB va thoi diém xuat phét cua 6
t6 tai A.

Bai 11: Mot chiéc ca no di xudi dong theo mot khiic séng trong 3 gio va di nguoc dong
trong vong 4 gio, duoc 380km. Mot 1an khac, ca nd nay di xudi dong trong 1 gid va nguoc
dong trong vong 30 phat dugc 85km. Hay tinh van téc thuc caa ca nd va van toc dong nudc
(biét van toc thyc cia ca nd va van tée dong nude ¢ hai lan 1a nhu nhau).

Bai 12: Mot tam giac ¢ chiéu cao bang % canh day. Néu chiéu cao ting thém 3dm va

canh day giam di 2dm thi dién tich ctia n6 ting thém 12dm?. Tinh dién tich cta tam giac
ban dau.

Bai 13. Theo ké hoach hai t6 san xuat 600 san pham trong mét thoi gian nhat dinh. Do ap
dung ki thuat méi nén to I da vuot mac 18% va to 11 da vuot mac 21%. Vi vay trong thoi
gian quy dinh ho di hoan thanh vuot mic 120 san pham. Hoi s6 san pham duoc giao cua
mdi t theo ké hoach?

Bai 14. Trong mot ki thi, hai trudng A va B ¢6 tong cong 350 hoc sinh dy thi. Két qua hai
truong d6 c6 338 hoc sinh tring tuyén. Tinh ra thi trudng A c6 97% va trudng B c6 96%
s6 hoc sinh cua truong trdng tuyén. Hoi mdi trudng ¢d bao nhiéu hoc sinh dy thi?

Dang 4: Hinh hoc tong hop

Bai 15: Cho duong tron (O; r) va day cung AB (AB < 2r). Trén tia AB lay diém C sao cho
AC > AB. Tir C ké hai tiép tuyén t&i duong tron (O) tai P, K. Goi | 13 trung diém caa AB.
a) Chiing minh ring 5 diém C, P, I, K, O cuing thugc mot dudng tron;

b) Chtng minh rang AACP va APCB dong dang. Tir d6 suy ra: CP> = CB.CA;

¢) Goi giao diém ciia OC va (0) la N. Chting minh PN Ia phan giac cua goc CPK;

d) Goi H la truc ttm ACPK. Hay tinh PH theo r.

Bai 16. Cho duong tron (0), dudng kinh AB ¢6 dinh, mot diém | nam gitta A va O sao cho
Al =§AO. Ké day MN vudng géc véi AB tai |. Goi C 1a diém thy y thuoc cung Ion MN

sao cho C khdng trung véi M, N va B. N6i AC cat MN tai E.
a) Chiing minh rang 4 diém I, E, C, B cuing thuéc mot duong tron;
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b) Chung minh raing AAME va AACM dong dang va AM? = AE.AC ;

¢) Chting minh rang AE.AC — Al.IB = Al?;

d) Hay xac dinh vi tri caa diém C sao cho khoang céch tir N dén tam duong tron ngoai tiép
tam gidc CME 1a nho nht.

Bai 17: Cho dwong tron (O; R), dwong kinh AB. Tir A, B ké 2 tiép tuyén Ax, By voi nia
duong tron (O; R). Qua diém M bat ki thudc ntra dudng tron ke tiép tuyen thar ba cét cac
tiép tuyén Ax, By lan lugt & E va F. N6i AM cit OE tai P, ni MB cit OF tai Q. Ké MH
vudng goc véi AB tai H.

a) Chtng minh 5 diém M, P, H, O, Q cling thuoc mot dudng tron;
b) Chirng minh: AE. BF = R?;

¢) Goi giao diém cua doan thang EO véi (O) Ia 1. Chtiing minh | 13 tdm dudng tron noi tiép
AAEM;

d) Goi K 14 giao diém cua MH va BE. Chiing minh: MK = KH.

Bai 18: Cho duong tron (O; R), duong kinh AB vudng goc voi duong kinh CD, M la mot
diém bat ki trén cung nho AC (M khéc A, C), BM cat AC tai H. Goi K 1a hinh chi¢u cia H
trén AB.

a) Chtng minh 4 diém C, B, K, H ciing thudc mot duong tron;
b) Chung minh: ACM = ACK;
¢) Trén doan thang BM lay E sao cho BE = AM. Chitng minh AECM vuéng can tai C;

d) Goi d la tiép tuyén cua (O) tai A. Cho P 1a diém nam trén d sao cho APM =BOM;
Chtng minh duong thang PB di qua trung diém doan HK.

Bai 19: Cho tam gidc ABC nhon noi tiep duong tron (O; R). Buong cao AD, BE cat nhau
tai H, kéo dai BE cat duong tron (O; R) tai F.

a) Ching minh 4 diém C, D, H, E ciing thudc 1 duong tron;
b) Chitng minh tam giac AHF can;

¢) Goi M 1a trung diém cua canh AB. Ching minh: ME Ia tiép tuyén cua duong tron ngoai
tiep tam giac CDE;

d) Cho BC ¢ dinh va BC = R+/3. Xac dinh vi tri cia diém A trén (O) dé DH.DA Ién nhit.
Dang 5: Toan ning cao
Bai 20*: Giai phuong trinh : (vI+X +\/1—x)(2+ 2V1-%? ) 8.

Bai 21*: Tim gia tri Ion nhat cua biéu thirc A=x*+44/9—X2.
Bai 22*: Cho cé4c s6 khong am x, y, x thoa man x +y+z =1,

Tim gia trj I6n nhét ctia biéu thire S=+/3x% +1++/3y? +1+/322 +1.
Bai 23* : Cho ba sé duong a, b, c. Chitng minh rang :
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1 1 1 1
—+—+-23 + + :
a b c (a+2b b+2c c+2a)

Ha Ngi, ngay ... thang ... nam 2021

Gi&o vién bién soan Phé duyét ctia Té trwéng chuyén mén
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