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= CHUONG I

MENH DE - TAP HGP

MENH DE

(A) TOM TAT LY THUYET

@ MENH DE

Ménh dé Ia mot khang dinh hodc la ding hodc la sai va khong thé vira ding vira sai.

@ MENH PE CHUGA BIEN

Ménh dé chita bién la mot cau chita bién, véi méi gia tri ctia bién ta dwgc mot ménh dé.

@ PHU PINH CUA MOT MENH DE

Phii dinh ctia ménh dé P kyj hiéu la P la mét ménh dé théa man tinh chét

P P
Dung | Sai
Sai bidng

Dé pht dinh ménh dé P, thong thuong ta thém “khong phai” hogc “khéng” vao nhirng vi tri phit hgp trong ménh dé
P dé c6 cau tron jj.
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@ MENH DE KEO THEO

Ménh dé “Néu P thi Q "goi la ménh dé kéo theo, ky hieu P = Q.
Ménh dé P = ( chi sai khi P diing déng thoi Q sai.
Toém tét:

P Q P=Q
Dung | Sai Sai

Sai Ding | Ding
Sai Sai Dung
Ding | Diang | Ding

& Vidu 1.
® Meénh dé “~10 < —1 = (—10)? < (—1)?” la ménh dé sai.
® Ménh dé “v/3 < 2 = 3 < 47 la ménh dé ding.

Dinh Iy trong toan hoc la ménh dé ding c6 dang P = Q.
@ P: goi la gia thiét (hay P la diéu kién da dé c6 Q).
@ Q: goi la két luan (hay @ la diéu kién cin dé c6 P).

@ MENH DE DAO - HAI MENH DE TUGNG DUONG

Ménh dé& dao cia ménh dé P = @ la ménh dé Q = P.

E Ménh dé déo cia mot ménh dé ding chwa hén Ia mét ménh dé ding. %

Néu hai ménh dé P = Q va Q = P déu dung thi ta néi P va @ 1a hai ménh dé twong dwong.
Ry hiéu P & Q.
Tém tat:

P Q P=qQ
Ding | Diang | Ding
Sai Sai Diing
Sai Dung | Sai
Didng | Sai Sai

Cach phat biéu khac:  + P khi va chi khi Q.
+ P la diéu kién can va da dé c6 Q.
+ Q la diéu kién can va da dé c6 P.

& Vidu 1. Tam gidc ABC can c6 mét géc 60° la diéu kién can va da dé tam giagc ABC déu.

& Vidu 2. Tam gidc ABC la tam gidc vudng khi va chi khi c6 mot géc bang tdng hai géc con lai.

& Vidu 3.
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@ KY HIEU v, 3, 3!

Ky hiéu V: doc la véi moi; ky hiéu 3: doc la ton tai; ky hiéu 3!: doc 1a tdn tai duy nhét.
Xét cau “Binh phuwong ctia moi s6 thyc déu 16n hon hodc bing 0” 1a mot ménh dé.
Ta viét: Vo € R : 22 > 0 hay 22 > 0,Vx € R.

& Vidu 1.
Cau Ménh dé Doc la Ménh dé ding Ménh dé sai

1 YneN:n2>1

2 C6 mot s6 nguyén nho hon 0

3 JrxeZ: 2=z

4 Comotsd tynhitnnma2n +1 =0

5 | MxeZ: |z <1

@ PHU PINH CUA MENH BE VGI MOI, TON TAI

Ménh dé P : Vz € X, T(z) c6 ménh dé phu dinh la 3z € X, T(z).

Ménh dé P : 3z € X, T(z) c6 ménh dé phu dinh la Vz € X, T(z).

@ Phit dinh cita “a < b 1a “a > V.
@ Phu dinh ciia “a = b a “a #£ b
@ Phit dinh cita “a > b la “a < V.

® Phu dinh cta “a chia hét cho b” la “a khong chia hét cho b”.

& Vidul. P:3n€Z,n<O0phidinhcia PlaP:Vn € Z,n > 0.

& Viduy 2.

CAC DANG TOAN VA Vi DU

@© Dang 1. X4ac dinh ménh dé. Tinh diing sai cia ménh dé

Can ctr trén dinh nghia ménh dé va tinh ding sai ctia chung. Luu g rang:
® P, P khong ciing tinh diing sai.
@ P = Q chi sai khi P dung, Q sai.
® P & (Q ding khi va chi khi ca hai ménh dé P va Q déu ding hay déu sai.
@ Vz € X, P(z) ding khi P(z) ding véi moi zp € X.

® 3z € X, P(x) dang khi ¢6 2o € X sao cho P(z() dtng.
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& Vi du 1. Xét xem cac phét bi¢u sau c6 phai la ménh dé khéng? Néu la ménh dé thi cho biét d6 Ia ménh dé
ding hay sai?
(1) S6 1 1a s6 nguyén t6. (2) Ha Nai Ia tht do nuéc nao?
(3) Phuong trinh 22 + 1 = 0 v6 nghiém. (4) Hinh hoc la mén hoc kho that!
() x + 4 1a mot s6 am. (6) Néu n 1a s6 chén thi n chia hét cho 4.
(7) Néu n chia hét cho 4 thi n 1a s6 chan. n 1a s6 chan néu va chi néu n? chia hét cho 4.
(9 In € N, n? — n khong la bdi cta 3. VxGR,mz—x+l>0.
@ Loi giai.

a) “S6 1 1a s6 nguyén t6” 1a mot ménh dé sai vi s6 nguyén t6 1a s6 16n hon 1.
b) “Ha Nai la tha d6 nwéc nao?” khong phai la ménh dé day la cau hoi.

¢

d

‘Hinh hoc la mén hoc khé that!” khéng phai la ménh dé vi day la cau cam thén.

«“

)
)
c) “Phuong trinh 22 4+ 1 = 0 v6 nghiém.” 1a ménh dé ding.
)
e) “r + 41a mot s6 am.” la ménh dé chira bién.

f) “Néu n 1a s6 chan thi n chia hét cho 4.” 1a ménh dé sai vi n = 2 1a s6 chén nhung khong chia hét cho 4.
g) “Néu n chia hét cho 4 thi n la s6 chn.” 1a ménh dé ding.

h) “n la sé chdn néu va chi néu n? chia hét cho 4.” la ménh dé ddng.

i) “In € N, n® — n khong la boi ctia 3.” 1a ménh dé sai vi ¥n € N,n® — n = (n — 1)n(n + 1) chia hét cho 3.

. 1\* 3
j) VeeR, 2?2 —2+1>0 léménhdédﬁngvixQ—x—&—l:(x—§> +1>0.

@ Dang 2. X4c dinh ménh dé dao, ménh dé pha dinh cia mét ménh dé

® Ménh dé phu dinh cta P la “khéng phai P”.

@ Ménh dé phit dinh cia “Vz € X, P(z)” la “Jz € X, P(a)".

® Meénh dé phu dinh cta “Iz € X, P(z)” la “Vo € X, P(z)”.
© Meénh dé Q = P la ménh dé dao ctia ménh dé P = Q.

& Vidu 1. Tim ménh dé dao ctia ménh dé sau va cho biét ménh dé dao ding hay sai: “Néu hai géc dbi dinh
thi ching béng nhau”.

@ Loi giai.
Ménh dé da cho c6 dang P = Q trong d6 P la “hai goc déi dinh”, Q) 1a “hai géc béng nhau”.
Vay ménh dé dao la “Néu hai géc bdng nhau thi ching déi dinh”. Ménh dé& nay sai.

& Vidu 2. Tim ménh dé phi dinh ctia céc ménh dé sau va cho biét chiing diing hay sai?
a) P:Vz e R, (z —1)2 > 0.

b) Q: “C6 mot tam gidc khdng c6 géc nao lén hon 60°”.

@ Loi giai.
a) Ménh dé phi dinh ctia P la P: “3z € R, (z — 1)? < 0”. Day la ménh dé sai.

b) Ménh dé pht dinh ciia Q 1a Q: “Moi tam giac ludn c6 mot géc 16n hon 60°”. Day la ménh dé sai vi tam giac déu
khong c6 géc 16n hon 60°”.
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&% Vi du 3. Phét biéu thanh loi va phi dinh cAc ménh dé sau.
O Vr e R, 22 > 0. @3neN,n?+n=0.

@ Loi giai.

a) Binh phuong ctia mot s6 thuc la s6 duong.
Ménh dé phu dinh la “Ton tai binh phwong ctia mét s6 thyc 1a s6 khong duong”.

b) C6 mot s6 tw nhién n ma tich ctia né véi s6 lién sau né bang 0.
Ménh dé phu dinh Ia “Véi moi sé ty nhién n ma tich ctia né véi sb lién sau né khac 0”.

© Dang 3. Phat biéu dinh li dang diéu kién can, diéu kién da

®@ Mot dinh Ii thuwong c6 dang “Vz € X, P(z) = Q(x)". Xéc dinh P(z), Q(x).
®@ Lay z € X sao cho P(z) ding, chitng minh Q(x) dtng.
@ P(z) la diéu kién da dé c6 Q(z) hay Q(z) la diéu kién can dé c6 P(x).

& Vidu 1. Sir dung khéi niém “diéu kién can”, “diéu kién da” phat biéu cac dinh Ii sau.
a) Néu hai tam gidc bang nhau thi ching c6 dién tich bdng nhau.

b) Néu a + b > 0 thi it nhat c6 mot s6 a hay b duwong.

@ Loi giai.

a) Hai tam gi4c bang nhau la diéu kién da dé chiing cé dién tich bang nhau.
Hai tam gi4c c6 dién tich bing nhau la diéu kién cin dé ching bang nhau.

b) a+b > 0 la diéu kién dua dé it nhét c6 mot sb a hay b dwong.
It nhat c6 mot s6 a hay b dwong la diéu kién can dé a + b > 0.

& Vi du 2. Sir dung khéi niém “diéu kién can”, “diéu kién da” phat biéu céc dinh If sau.
a) Mot sb c6 téng chia hét cho 9 thi chia hét cho 9 va nguoc lai.
b) Mot hinh binh hanh c6 cdc dwong chéo vudng géc la mét hinh thoi va nguoc lai.

c¢) Phuong trinh bac hai ¢6 hai nghiém phéan biét khi va chi khi biét thirc ctia n6 duwong.

@ Loi giai.
a) Mot s6 c6 téng chia hét cho 9 la diéu kién can va da dé sé d6 chia hét cho 9.
b) Mot hinh binh hanh c6 cac duong chéo vudng géc la diéu kién can va da dé hinh dé 1a mot hinh thoi.

c) Phuong trinh bac hai c6 hai nghiém phan biét la diéu kién can va da dé biét thirc cta né duong.

(C) BAI TAP TU LUAN
Bai 1. Trong céc phat biéu sau, phat biéu nao la ménh dé? Phat biéu nao 1a ménh dé chira bién?
a. 2009 4+ 1 > 2020.
b. 2x+3=0.
c. 224+1>0.

d. Moi tam gidc déu déu la tam gidc can.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

& | D an TgX DC Toan 10 - Marie Curie

e. SO  ¢6 16n hon 3 hay khong?
f. Hai tam gidc bdng nhau khi va chi khi ching c6 dién tich bdng nhau.
g. 3 la mot s6 nguyeén to.
@ Loi giai.
@ Trong cac phét biéu trén, phat biéu a., d., f., g. Ia ménh dé
® Phat biéu b., c. ]a ménh dé chia bién.

@ Phét biéu e. khong phai la ménh dé (cau hoi)

Bai 2. Phat biéu thanh loi, xét tinh diing sai va 1ap ménh dé phu dinh ctia cdc ménh dé duéi day:

a. 3z € R: 2% = —10. c. VzeR:z2<0. e. dzreR:z224+z+5>0.
b. Vz € R: 2% + 2 + 12 # —10. d IzeR:22<0. fVreR:22+2+5>0.
@ Loi giai.

a. C6 mot s6 thuc binh phuong ctia né bang —10. Day la ménh dé sai, vi binh phwong ctia mot s6 thue bét kyjy la mot
s6 khong am.
Ménh dé pha dinh 1a: Moi s6 thuc, binh phurong ciia né khac —10.
47

X 1\ 4
b. Day la mot ménh dé ding, vi 22 + x4+ 12 = (eri) +Z7 > T # —10Vzx

Ménh dé pha dinh 1a: C6 moét s6 thuc ma tich cta sb dé véi s6 dé cong mot bang —22.

c. Day la ménh dé sai, vi z = 1 thi 22 = 1 > 0. Ménh dé& chtra kyj hiéu “véi moi” c6 1 phan tir lam cho né sai thi
ménh dé 4y sai.
Pha dinh ctia ménh dé 1a: Tén tai mot sé thye ma binh phwong clia né la sé dwong.

d. Dayla ménh dé ding, vi ¢6 phén tr = 0 lam cho ménh dé dé ding.
Pht dinh ctia ménh dé 1a: Moi s6 thuc, binh phwong ctia né 1a s6 duong.
e. Day la ménh dé diang. Vivéi 2 = 1 thi 12 + 1+ 5 > 0 la ménh dé didng.

Phu dinh ctia ménh dé 1a: Moi s6 thuc, tich ctia s6 d6 voi s6 d6 cong s6 mét thi bé hon hoac bang &m nam.

. 1\ 19 _ 19
f Déyléménhdédﬁng.Vix2+m+5:<JJ+§> +ZZZ>va

Pht dinh ctia ménh dé 1a: Tén tai s6 thuec, tich ctia sé dé v6i sb d6 cong s6 mot thi bé hon hoidc bdng am nam.

Bai 3. Trong c4c cAu sau, cAu nao la ménh dé, cau nao 1a ménh dé chira bién?
a. 10 < 1. b.2+z>z+1. c. r—y=1 d. V21asbvé i

@ Loi giai.
Cau a. cau d. ]a ménh dé.
Cau b. cau c. la ménh dé chira bién.

Bai 4. Cac cau sau day, cAu nao la ménh dé, cau nao khong phai la ménh dé? Néu la ménh dé hay cho biét ménh dé
dé6 ding hay sai.

a. Khong dwoc di 16i nay. b, Bay gio la méy gio? c. 7 khong la s6 nguyén t6. d. /5 la sé vo ti.
@ Loi giai.
a. Khong dugc di 16i nay.
Cau nay khong phai 1a ménh dé vi 1a cau ménh Iénh.
b. Bay gio 1a may gio?
Cau nay khong phai la ménh dé vi 1a cau héi.
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c. 7 khong la s6 nguyén t6.
Cau nay la ménh dé sai.

d. V5 lasb voti.
Cau nay la ménh dé dung.

Bai 5. Cac cau sau day, cau nao la ménh dé&, cu nao khong phai la ménh dé? Néu la ménh dé hay cho biét ménh dé
dé dung hay sai.

a. S6 7 6 16n hon 3 hay khong?

b. Hai tam giéc bang nhau khi va chi khi chiing c6 dién tich bang nhau.

(@]

. Moi tir giac la hinh thoi khi va chi khi né c6 hai duong chéo vuong géc nhau.
d. Phuong trinh 22 + 2020z — 2021 = 0 v6 nghiém.
@ Loi giai.

a. S6 7 6 16n hon 3 hay khong?
Day 1a cAu hoi khong phai ménh dé.

=3

Hai tam giéc bang nhau khi va chi khi chiing c6 dién tich bang nhau.
Day 1a ménh dé sai, vi “Hai tam gidc c6 dién tich bdng nhau thi bing nhau” 1a sai.

c. Moi tir giac 1a hinh thoi khi va chi khi né cé hai duong chéo vuong géc nhau.
Day la ménh dé sai, vi “Moi tir gidc c6 hai duong chéo vudng géc thi né 1a hinh thoi” 1a sai.

d. Phuong trinh 22 + 2020z — 2021 = 0 v6 nghiém.
Day la ménh dé sai, vi phuong trinh bac hai c6 a, ¢ tréi dau ludn c6 2 nghiém trai dau.

Bai 6. Tim hai gi4 tri thyre ctia = dé tir méi cau sau ta dirgc mot ménh dé diing va mét ménh dé sai.

a. 2 <. b. z = 5x. c. 22> 0. d.x>l.
x
@ Loi giai.
U A B Ca e
a. VOILEZithI 5 <§lam¢nh dé ding. V6i x = 1 thi 1° < 1 la ménh dé sai.

b. V6ixz = 0thi 0 = 0-5la ménh dé ding. V6i z = —1 thi —1 = —1 - 5 la ménh dé sai.

c. Véi z = 3 thi 32 > 0 la ménh dé ding. Véi 2 = 0 thi 02 > 0 la ménh dé sai.

1 . 1 .
d Véiz=2thi2 > 3 la ménh dé dung. Vi z = —1 thi —1 > —3 la ménh dé sai.

Bai 7. Cho ménh dé chta bién “P(x) : x > 23 7, xét tinh diting sai ctia cdc ménh dé sau

a. P(1). b P (1) c. Yz €N, P(x). d. 3z € N, P().
. P3)
@ Loi giai.
a. P(1):1 > 13 1a ménh dé sai. c. Vz € N, P(z) la ménh dé sai.
b. P(L): 15 LA menh dé de
- P\3) 3> 5 laménh dé ding. d. 3z € N, P(z) la ménh dé sai.

Bai 8. Dung céc kyj hiéu V, 3 truéc cac ménh dé chira bién dé duwgc ménh dé ding
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a r+2>3. e.rz+y>1 i (m+y)2:x2—|—2wy—|—y2.
b.a+3=3+a. f (a—b)(a+0b)=a’®—0b2 j. (5(;—2)2:1,

c. 151a bdi cia x. g (a—1b)°=a2 -0 k. 22 — 5z +6 =0.

d (z—2)7°> -1 h. 2% > 0. L (z+y)z=2z+yz
@ Loi giai.

a.dJreR:z+2>3. g Ja,beR: (a—b)* =a2 -2
b.VaeR:a+3=3+a. h. 3z e R: 2% > 0.

c. dr € R: 151a béi cua x. i Vm,yeR:(m—l—y)Q:mQ—i—Qxy—i—yQ.
d VreR: (z—2)°>-1 jIreR:(z—27°=1

e. Jr,yeR:z4+y> 1 k 3zeR:22—-52x+6=0.

f Ya,b €R: (a—0b)(a+b) =a%— b2 L Ve,y,z e R: (x +y)z =22+ yz.

Bai 9. Lap ménh dé phu dinh va xét tinh ding sai cta chiing.

a dJreQ:922-3=0. cVeeR:(x—1)7#z—1.
b. 3n € N: n? + 1 chia hét cho 8. d VYneN:n>n2
@ Loi giai.

a. Phu dinh cia ménh dé la: Vo € Q : 922 — 3 # 0.
Day 1a ménh dé dung.

b. Phii dinh ctia ménh dé la: Vn € N : n? 4 1 khong chia hét cho 8.
Day la ménh dé ding. Vin = 8k, n =8k +1,n =8k £2,n =8k +3van =8k + 4 véi k € Nthin? + 1 déu
khong chia hét cho 8.

c. Phi dinh chaménh dé la: 3z e R : (z —1)° = 2 — 1.
Day la ménh dé ding. Vi v6i z = 1 thi (1 — 1)* = 1 — 1 la ménh dé dving.

d. Pha dinh ctia ménh dé 1a: 3n € N: n < n2.
Day la ménh dé diang. Vi véi n = 0 thi 0 < 0% la ménh dé didng.

Bai 10. Cho sb thyc z. Xét cicménhdé P:“z2 =1"vaQ :“2=1"
a. Phat biéu ménh dé P = Q va ménh dé dao cta né.

b. Xét tinh ding sai ctia hai ménh dé trén.

c. Chi ra mét gia tri ctia  dé ménh dé P = Q sai.

@ Loi giai.

a. Phat biéu ménh dé P = Q: Néu binh phuwong ctia mét s6 bang 1 thi sé dé béng 1.
Phat biéu ménh dé Q = P: Néu mot s6 bang 1 thi binh phuong s6 d6 bang 1.

b. Ménh dé P = () l1a ménh dé sai.
Ménh dé Q = P la ménh dé ding.

c. Véiz = —1 thi ménh dé P = Q sai.

Bai 11. Phat biéu ménh dé P < Q béng hai cach va xét tinh diing sai ctia né

a. P:“Tt gidc ABCD la hinh thoi” va Q : “T& gidc ABC D la hinh binh hanh c6 hai dwong chéo bang nhau”.
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b. P : “Bét phwong trinh v/22 — 3z > 1 ¢6 nghiém "va @ : “\/(—1)2 — 3(—1) > 1".
@ Loi giai.

a. “Tw gidc ABC'D la hinh thoi khi va chi khi n6 1a hinh binh hanh c6 hai dwong chéo béng nhau”.
“T gidc ABCD la hinh thoi néu va chi néu né la hinh binh hanh c6 hai duwong chéo bang nhau”.
Day la ménh dé dung.

b. “Bat phuong trinh /22 — 3z > 1 ¢6 nghiém khi va chi khi y/(—1)2 — 3(—1) > 1".
“Bét phuong trinh vz2 — 3z > 1 ¢6 nghiém néu va chi néu /(—1)2 — 3(—1) > 1".

Day la ménh dé sai. Vi v6i z = 3 thi ménh dé sai.

Bai 12. Lap ménh dé kéo theo va ménh dé twong dwong ctia hai ménh dé sau day va cho biét tinh ding, sai ctia chung.
Biét:

P : “Diém M ndm trén phan gi4c cta géc Ozy”.

Q : “Diém M cach déu hai canh Oz, Oy .

@ Loi giai.

® Ménh dé P = Q la: “Néu mot diém bét kjy ndm trén duong phan giac ctia géc Oxy thi né cach déu hai canh
Oz va Oy”. Day la ménh dé ding.

® Ménh dé P < Q la: “Moi diém nam trén duong phan gidc ciia géc Oxy khi va chi khi ching cach déu hai canh
Oz va Oy”. Day la ménh dé ding.

Bai 13. Dung cac kg hiéu V hoéc 3 dé viét caAc ménh dé sau:
a. C6 mot s6 nguyén khong chia hét cho chinh né.

b. Moi s6 thuc cong vé6i sé 0 bng chinh né.

c. C6 mdt s6 hiru ti nhé hon nghich déo ctia né.

@ Loi giai.

a JxeZ:z [

bVxeR:z+0=nz.

1
c. dreQ:x< —.
T

Bai 14. Sir dung khéi niém “diéu kién can” hodc “diéu kién di” phat biéu cac ménh dé sau:
a. Hai tam giac bang nhau c6 dién tich bdng nhau.
b. S6 ty nhién c6 chir s6 tan ctng la chit s6 5 thi n6 chia hét cho 5.

c. Néu a = b thi a® = b2

o

. Néu a + b > 0 thi trong hai s6 a va b 16n hon 0.
@ Loi giai.

a. Hai tam gidc bang nhau la diéu kién dit dé hai tam giac dé cé dién tich bang nhau.
Hai tam gidc bang nhau la diéu kién cin dé ching bang nhau.

=)

S6 ti nhién c6 chit s6 tan cling la chir s6 5 1a diéu kién da dé né chia hét cho 5.
S6 ty nhién chia hét cho 5 1a diéu kién can dé né c6 tan cung la chir s6 5

c. Binh phuwong ctia hai s6 bang nhau la diéu kién can dé hai s6 d6 bang nhau.
Hai s6 bang nhau la diéu kién da dé binh phuwong cia ching bang nhau.

d. Hai s6 a va b16n hon 0 la diéu kién da dé téng ctia chiing lén hon 0.
Téng cta hai s6 16n hon 0 la diéu kién can dé hai s6 dé6 déu l6n hon 0.
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Bai 15. Phat biéu mot “diéu kién da”

a. Dé tr gidc ABCD la hinh binh hanh.
b. Dé ttr gidc ABCD la hinh chir nhat.
@ Loi giai.

a. Dé tr gidc ABCD la hinh binh hanh, diéu kién du la t& gidc ABCD c6 hai duong chéo cét nhau tai trung diém
ctia mdi duong.

b. Dé tit gidc ABC'D la hinh chir nhat, diéu kién dua la hinh binh hanh ABC'D c¢6 mét géc vudng.

Bai 16. X4c dinh tinh ding - sai ctia cAc ménh dé sau:

aVeeR:z>-2=22>4 c. Ym,n € N:mvanlacacsbdlé & m? +n?lasd chin.
b.VzeR:z>2=2%>4. dVreR:22>4=2>2.
@ Loi giai.

aVeeR:z>-2=22>4
Day la ménh dé sai, vix = —1 thi “~1 > —2 = (—1)? > 4” 1a ménh dé sai.

b.VzeR:z>2= 22 >4
Day 1a ménh dé ding, vi véi moi s6 thuc 16n hon 2 thi binh phuong ctia né ludn 16n hon 4.

c. Ym,n € N:mvanlacéacsb 1é & m? + n? 1a sé chan.
Day la ménh dé sai, vi “m = 2k + 1,n = 2] + 1 v6i k, [ € N thi m? + n? la s6 chdn”la ding. Tuy nhién “m? + n?
la s6 chén thi m, n 1a s6 1&” 1a sai. Do d6 ménh dé twong duong nay sai.

dVzeR:22>4=2>2
Day la ménh dé sai, vi x = —3 thi “(=3)? > 4 = —3 > 2” la ménh dé sai.

Bai 17. Xét tinh ding- sai ctia cdc ménh dé sau
@ JacQ,a®=2.
(2 Vn € N, n? + 1 khong chia hét cho 3.
B VzeR IycR:z>yea® >y
@ VeeR,VyeR:x+y > 2,/zy.
@ Loi giai.
(@) Sai.
(2) Ding.
(3 Diing.
@ Sai.

Bai 18. Néu ménh dé pha dinh ctia cic ménh dé sau va cho biét tinh diing sai cia ménh dé phu dinh dé.
(D) A:“6lasbnguyén td .
(2 B:“(v/3—1)?las6 nguyén ”;
(3 C:“In € N,n(n + 1) la s6 chinh phwong ”;
@ D:“YneN,2n+1lasble”.
@ Loi giai.
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(D A :“6lahop s6”- Diing.

(2) B :“(v/3 —1)? khong phai la s6 nguyén - Dting;

(3) C : “¥n € N,n(n + 1) khéng phai la sé chinh phuwong ”- Sai;
(@ D:“3n € N,2n + 1 la s6 chan - Sai.

Bai 19. Néu ménh dé pha dinh ctia cdc ménh dé sau va cho biét tinh ding sai ctia ménh dé dé.
A : “Ix € N,n? + 3 chia hét cho 4 "va B : “Jx € N,z chia hét choz + 1 ".
@ Loi giai.
(@) A: “VYx € N,n? + 3 khong chia hét cho 4 - Sai.
(2) B: “Vx € N,z khéng chia hét cho = + 1 ”- Sai.

Bai 20. Néu ménh dé pha dinh ctia cdc ménh dé sau va cho biét tinh ding sai cia ménh dé phu dinh dé.
(1 A': “Phuwong trinh z* — 222 + 2 = 0 c¢6 nghiém”;
(2 B : “Bét phuong trinh 2°'3 > 2030 v6 nghiém ;
B C:VeeRat—22+1= (m2+\/§x+1) <x2—\/§x+1> ”.
@ D:“3¢c€Q,2¢>-1=0".
@ Loi giai.
(1 A : “Phuong trinh z* — 222 + 2 = 0 v6 nghiém”- Ding;
(2 B : “Bét phuong trinh 2293 > 2030 c6 nghiém ”- Ding;
B C:“reRyat —22+1# (x2+\/§x+1) (xzf\/ngrl) "~ Sai ;

@ D :“Yq€Q,2¢> —1+#0"-Dung.

Bai 21. Néu ménh dé pha dinh ctia cic ménh dé sau va cho biét tinh ding sai cia ménh dé pha dinh dé.

O A:VreRzd—22+1>07%

(2 B :“Tén tai s6 thuc a sao ch0a+% <27
@ Loi giai.

@D A:“Ir € R,2® — 22+ 1 < 0- Diing;

— . 1
(2) B : “Véi moi s6 thuc a sao cho a + = > 2 - Sai.
a

Bai 22. Xét tinh diing sai clia cdc ménh dé sau va néu ménh dé pha dinh ctia né

e e Z,x®=3"

)
(2 P(n): “vn € N* : 2" + 3 la mot s6 nguyén t6 "
): Vo eR, 2% +4z+5>0".

)

cWreRat —22+224+2>0".
@ Loi giai.

(@ Saiva P(z): Vo € Z,x® #3".

(2) Saiva P(n): “In € N*: 2" + 3 la mot hop s6 .
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(3) Dingva P(z): “Gz € R,22 +42+5<0".

(@ Dingva P(z) :: “Jz e R,z =22 +22+2<0".

Bai 23. Hay phét biéu ménh dé kéo theo P = @, Q = P va xét dting sai cia ménh dé nay.

Cho t& gidc ABCD va hai ménh dé& P : "Téng hai g6c déi clia t& giac 16i bang 180°" va @ : " Tt gidc noi tié
g g g g g g p
dugc duong tron".
@ P:"V2-V3>-1"vaQ:"(V2—V3)? > (-1)*"

@ Loi giai.
P = Q: " Néu téng hai g6c dbi cia tir giac 16i bang 180° thi t& gidc dé noi tiép dwoc dwong tron” - Ding.
E g g g g g P g g
Q = P :"Néu tir gidc khong noi tiép dugc duong tron thi tong hai géc dbi cta tr giac 16i bang 180°" - Sai.

@ P = @Q:"Néuv2—+/3>—1thi (V2-+3)?> (-1)*"-Sai.
Q = P:"Néu (v2 —/3)? < (—1)2 thi /2 — /3 > —1 - Dting.

Bai 24. Sir dung khéi niém "diéu kién can " dé phat biéu cac dinh Ii sau
(1) Néu mét sé ty nhién chia hét cho 15 thi né chia hét cho 5.

(2) Néu a = b thi a® = b2
(3) Trong mat phang, néu hai duong thang phan biét cling vuéng géc véi mot duong thing thir ba thi hai duong

thdng 4y song song v6i nhau.
@ Loi giai.
(@) Diéu kién cdn dé mot s6 ty nhién chia hét cho 15 la né chia hét cho 5.
(2) Diéu kién cdn dé a = bla a® = b2
(3) Trong mat phéng, diéu kién can dé hai duong thang phan biét ciing vudng géc véi mot duong thing thit ba la

hai duong théng 4y song song véi nhau.

Bai 25. Dung khai niém " diéu kién can " dé phat biéu cac dinh Ii sau
(@) Néu M A 1 MB thi M thudc duong tron duong kinh AB.
(2 a # 0 hoac b # 0 la diéu kién da dé a® + % > 0.
@ Loi giai.
(0 Diéu kién cdn dé M A | M B la M thudc duong tron duong kinh AB.

(2) Diéu kién can dé a® +b*> > 01a a # 0 hodc b # 0.

Bai 26. Sir dung khéi niém "diéu kién dii " dé phét biéu cac dinh li sau
(1) Néu a va b 1a hai s6 hiu ti thi tdng a + b 1a s6 hiu ti.
(2) Néu hai tam gidc bang nhau thi chiing c6 dién tich bing nhau.
(3) Néu mot s ty nhién c6 chir s6 tan cling la chir s6 5 thi n6 chia hét cho 5.
@ Loi giai.
(D a va bla hai s6 hiu ti 1a didu kién da dé c6 tdng a + b la s6 hiiu ti.
(2) Hai tam giac bang nhau la diéu kién da dé chiing c6 dién tich bing nhau.

(3) Mot s6 ty nhién c6 chit sé tan ciing la chir s6 5 la diéu kién da dé né chia hét cho 5.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

Bai 27. Cho dinh If “Cho s6 ty nhién n, néu n° chia hét cho 5 thi n chia hét cho 5”. Dinh li nay dugc viét duéi dang
P=qQ.

(1) Hay xé4c dinh cdc ménh dé P va Q.
Phat biéu dinh Ii trén bang cach dung thuat neir “diéu kién can”.
g g g
(3) Phat biéu dinh Ii trén bang cach ding thuat ngir “diéu kién da”.

(4) Hay phat biéu dinh Ii dao (néu c6) ctia dinh i trén rdi diing céc thuat ngir "diéu kién can va da" phat biéu gop
ca hai dinh Ii thuan va dao.

@ Loi giai.
(@) P : n® chia hét cho 5 va @ : n chia hét cho 5.
(2) Cho sé ti nhién n, diéu kién cAn dé c6 n° chia hét cho 5 la n chia hét cho 5
(3) Cho s6 ty nhién n, n® chia hét cho 5 la n chia hét cho 5

(@) Dinh li dao: “Cho s6 ty nhién n, néu n chia hét cho 5 thi n° chia hét cho 5.
Cho s6 tu nhién n, diéu kién can va da dé n® chia hét cho 5 la n chia hét cho 5.

Bai 28. Sir dung thuat ngir “diéu kién can”, “diéu kién da”dé phét biéu dinh Ii sau
(1) Néu mot tir giac 1a hinh vudng thi né c6 bén canh béng nhau. C6 dinh Ii dao ciia dinh Ii trén khong, vi sao?
(2) Néu mot tir giac la hinh thoi thi né c¢6 hai duong chéo vudng géc. Cé dinh li dao ctia dinh If trén khong, vi sao?
@ Loi giai.

(1) Diéu kién can dé mét tir giac la hinh vuéng la né cé bén canh bang nhau.
Diéu kién du dé tir gidc c6 bén canh béng nhau la t giac d6 la hinh vuéng.
Khéng t6n tai dinh 1i ddo ctia dinh 1i da cho. Vi ménh dé dao ctia ménh dé trén 1a mot ménh dé sai.

(2) Diéu kién can dé mot tir giac la hinh thoi la né c6 hai duong chéo vudng géc.
Diéu kién du dé mot tir gic c6 hai dudng chéo vudng géc 1a tir gide d6 la hinh thoi.
Khéng ton tai dinh li ddo cta dinh li da cho. Vi ménh dé dao ctia ménh dé trén la moét ménh dé sai.

Bai 29. Phat biéu cAc ménh dé sau v6i thuat ngii “diéu kién can ”, “diéu kién da”
(1) Néu hai tam gidc bang nhau thi chiing c6 dién tich bing nhau.
(2) Néu s6 nguyén dwong chia hét cho 6 thi chia hét cho 3.
(3) Néu hinh thang c6 hai duong chéo béng nhau thi né la hinh thang can.
(@) Néu tam giac ABC vuong tai A va AH la dwong cao thi AB%2 = BC - BH.
@ Loi giai.

(1) Diéu kién cdn dé hai tam gidc bang nhau la chiing c6 dién tich bing nhau.
Diéu kién du dé hai tam giac c6 dién tich bing nhau la hai tam gidc bang nhau.

(2) Diéu kién can dé s6 nguyén dwong chia hét cho 6 la chia hét cho 3.
Diéu kién du dé sé nguyén duong chia hét cho 3 1a né chia hét cho 6.

(3) Diéu kién can hinh thang cé hai duong chéo bang nhau la né la hinh thang can.
Diéu kién dit dé hinh thang la hinh thang can 1a hinh thang c6 hai duwdng chéo bing nhau.

(@) Diéu kién can dé tam giac ABC vuong tai A va AH la duong cao la AB? = BC - BH.
Diéu kién di dé tam giac ABC c¢6 AB? = BC - BH la tam giac ABC vuéng tai A va AH la duong cao.

Bai 30. Sir dung thuat ngir “diéu kién can va da ”dé phat biéu c4c dinh Ii sau

(1) Mot t giac ndi tiép duwgc trong mot dwong tron khi va chi khi téng hai géc dbi dién ctia né bang 180°.
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(2) Tam giac can khi va chi khi c6 trung tuyén béng nhau.
@ Loi giai.

(1) Diéu kién can va di dé mot tr gidc noi tiép dugc trong mot duong tron la téng hai géc déi dién ctia né bang
180°.

(2) Diéu kién can va da dé tam giac can la c6 trung tuyén bang nhau.

Bai 31. Dung thuét ngir "diéu kién can va da " dé phét biéu dinh If sau

(1) Mot tam giac la tam giac can néu va chi néu né cé hai géc bang nhau.

(2) T giac la hinh binh hanh khi va chi khi t giac c6 hai duong chéo cét nhau tai trung diém ctia méi duong.
@ Loi giai.

(1) Diéu kién can va di dé mot tam giac la tam gidc can la né c6 hai géc bing nhau.

(2) Diéu kién can va da dé rt gidc la hinh binh hanh Ia tt gidc c6 hai duwong chéo cét nhau tai trung diém ciia méi
duong.

Bai 32. Dung thuét ngir "diéu kién can va da " dé phét biéu dinh If sau
(@) Tam gidc ABC vuéng khi va chi khi AB? + AC? = BC?.
Tt giac 1a hinh chat nhéat khi va chi khi n6 cé ba géc vuéng.
g g g
(3 Tt gidc la ndi tiép duoc trong duong tron khi va chi khi né c6 hai géc dbi bu nhau.
(4) Mot sb chia hét cho 2 khi va chi khi né cé chir sé tan ciing la s6 chan.
@ Loi giai.
(1 Diéu kién can va da dé tam giac ABC vuong la AB? + AC? = BC?.
(2) Diéu kién can va da dé t gidc la hinh chii nhat 1a né cé ba géc vuong.
Diéu kién can va da dé tir gidc la néi tiép duwoc trong dudong tron 1a né cé hai géc déi bt nhau.
g g g g

(4) Diéu kién can va da dé mot sb chia hét cho 2 1a né c6 chir s6 tan ciing la s6 chén.

(D) CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Trong cac cu sau, cau nao la ménh dé?
(A)S6 7 c6 phai la s6 nguyén khéng?.
S6 4 1a mot s6 nguyén t6.
(C) Tam gidc déu c6 3 géc bing nhau va bang 60° phai khong?.
®a2 + b2 =2
@ Loi giai.
“S6 4 1a mot s6 nguyén t6” la mot ménh dé.

Qe Chon dAp A1 (B). ... in ittt

Cau 2. Ménh dé nao duéi day sai?

(A) 10 chia hét cho 2. 2 1a mot wéc s6 cia 10.
(©) 2 chia hét cho 10. (D)2 va 10 la hai s6 chén.
@ Loi giai.

“2 chia hét cho 10” 1a ménh dé sai vi 2 chia hét 10.
& Chon déap 4n © .................................................................................................................
Cau 3. Trong cac cau sau, cau nao la ménh dé?

(A) 15 1a s6 nguyeén t6. Ba=b+ec ©a2+z=0. (D)2n + 1 chia hét cho 3.
@ Loi giai.
“15 1a s6 nguyén t6” la ménh dé.

& Chon dap AN (A). ... .oeeee e
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Cau 4. Ménh dé phu dinh ctia ménh dé “14 1a hop s6” 1a ménh dé

(A) 14 1a sb nguyeén t6. 14 chia hét cho 2.
(C) 14 khong phai Ia hgp sb. @ 14 chia hét cho 7.
@ Loi giai.

Ménh dé phi dinh ctia ménh dé “14 1a hop s6” 1a ménh dé “14 khéng phai 1a hop s6”.
& Chon dap AN (C).......vvveee oo
Cau 5. Ménh dé nao sau day la ménh dé sai?
(A) 20 chia hét cho 5. 5 chia hét cho 20. (©) 20 1a bgi s6 cia 5. (D)5 chia hét 20.
@ Loi giai.
“5 chia hét cho 20” 1a ménh dé sai vi “5 chia hét 20”.
B Chon dAp A0 (B). ... vttt
Cau 6. Ménh dé nao sau day ding?
(A5 +4 < 10. B)5+4 > 10. ©v2-1<o. (D)5 +4 > 10.
@ Loi giai.
Ménh dé ding la “5 + 4 < 10”.
& Chon dap A0 (A). ... .o moe

Cau 7. Trong céc cau sau, cau nao khong phai la ménh dé?

A)5+2=38 B -2<0. ©4- V17> 0. D)5+z=2
@ Loi giai.
“5 + x = 2” khong phai la ménh dé.
&, Chon dép én@ ................................................................................................................

Cau 8. Trong cac ménh dé sau, ménh dé nao dung?

(A) Néu “33 1a hop s6” thi “15 chia hét cho 25”. Néu “7 1a s6 nguyén t6” thi “8 1a boi s6 cta 3”.
(©) Néu “20 1a hop s6” thi “24 chia hét cho 6”. (D)Néu “3 4+ 9 = 127 thi “4 > 7",
@ Loi giai.

Ménh dé A = B chi sai khi A dtng va B sai. Do d6 phuong an: Néu “20 1a hop s6” thi “24 chia hét cho 6” 1a ménh
dé dang.
&, Chon dép an @ .................................................................................................................
Cau 9. Trong cac ménh dé sau, ménh dé nao c6 ménh dé dao ding?

(A)Néu a va b chia hét cho ¢ thi a + b chia hét cho c.

Néu hai tam gidc bang nhau thi c6 dién tich bing nhau.

(C)Néu a chia hét cho 3 thi a chia hét cho 9.

@Néu mot s6 tan cing bang 0 thi sé dé chia hét cho 5.
@ Loi giai.
Ménh dé: “Néu a chia hét cho 3 thi a chia hét cho 9” c6 ménh dé dao la “Néu a chia hét cho 9 thi a chia hét cho 3”
ddng.
& Chon dap An (C).......oooi i
Cau 10. Trong cac ménh dé twong dwong sau day, ménh dé nao sai?

(A)n 1a s6 nguyén 1& khi va khi n? la s6 Ié.

n chia hét cho 3 khi va chi khi téng céc chit s6 cta n chia hét cho 3.

@ ABCD la hinh chir nhat khi va chi khi AC' = BD.

(D)ABC 1a tam gidc déu khi va chi khi AB = AC va A = 60°.
@ Loi giai.
Ménh dé “ABC D la hinh chir nhat khi va chi khi AC = BD” sai vi khi AC = BD thi ABC D chua phai la hinh chir

nhat.
& Chon dap AN (C).......oveoee e

Cau 11. Trong cac ménh dé sau, ménh dé nao sai?

A -r<-27<4 B 7 <4e 2 <16
© V23 <5=2/23<2-5. D)v23 < 5= (-2)v23 > (-2) - 5.
@ Loi giai.

Tacom? <4 &|r| <2 -2<71<2
Vay phuong 4n —7 < —2 & 72 < 4 sai.

& Chon dap AN (A). ... ..o
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Cau 12. Xét cAu P(n): “n chia hét cho 12”. Véi gid tri ndo cta n thi P(n) la ménh dé ddang?

(A) 48. B) 4. © 3. (D)ss.
@ Loi giai.
Vi 48 + 12 = 4 nén khi n = 48 thi P(n): “n chia hét cho 12" la ménh dé ding.
& Chon dép 4n @ .................................................................................................................
Cau 13. Vi gia tri nao cta bién s6 = sau day thi ménh dé chira bién P(z): “z? — 3z + 2 = 0” tré thanh mot ménh dé
ddng?

@) o. ®B) 1. © -1. (D) -2.
@ Loi giai.
Viz = 1 thi P(1) = 0 nén khi z = 1 thi ménh dé chia bién P(z): “z? — 3z + 2 = 0” tré thanh mot ménh dé ding.
B Chom dAp A1 (B). .. ettt
Cau 14. Ménh dé chira bién: “z3 — 322 + 22 = 0” diing véi gi tri ndo ctia x?

@x:O;x:Q. :v:O;a::B. ©a::();:c:2;a::3. @x:O;le;x:Z
@ Loi giai.
Ta cé

3 —32°+22=0 & 2(2*-32x+2)=0

z=0
& r=1
x = 2.

Vay ménh dé chira bién: “2® — 322 + 22 = 0" dingkhiz = 0; = 1; 2 = 2.
&, Chon dép an @ ................................................................................................................
Cau 15. Cho ménh dé P: “Vox € R, 22 — 1 # 07, Q: “In € Z,n = n?”. Xét tinh ding, sai ctia hai ménh dé P, Q.
@ P ding va Q sai. P sai va Q dung. (©) P, Q déu ding. @ P, Q déu sai.
@ Loi giai.
Khi 2 = 1 thi 22 — 1 = 0, do d6 ménh dé P sai.
Khi n = 1 thi n = n?, do d6 ménh dé () diing.
Vay P sai va () dung.
B Chom dap AN (B). ..o ettt e

Cau 16. Véi s6 thuc z bét ki, ménh dé nao sau day ding?

A)Vr,22 <16 & 2 < +4. B)Vr,22 <16 & -4 <z <4
©Vz,z2§16®x§—4,x24. @Vx,x2§16<:>—4<x<4.
@ Loi giai.

Tacé Vo, 2?2 <16 < |z| <16 & —4 < 2 < 4.

Qe Chon dAp A1 (B). ...ttt

Cau 17. Véi s6 thuc x bat ki, ménh dé nao sau day ding?
@Vm,m2>5:>m>\/5hoécx<—\/g. Vx,x2>5:>—\/5<33<\/5.
@Vm,ax2>5:>a:>i\/5. @Vw,x2>5:>x2\/5hoécx§—\/5.

@ Loi giai.

TacéVz,z2 > 5=z > /5 hoicz < —/5.

& Chon dap AN (A). ... .o

Cau 18. Trong cac ménh dé sau, ménh dé nao ding?

A Ve e R,z < a2, B Ve eR,|z| <3z <3
(C) Vn € N, n? + 1 chia hét cho 3. @HaEQ,aQZQ.
@ Loi giai.

® Ménh dé Vz € R, |z| <3< x < 3saivi —4 < 3 nhung | — 4] > 3.
®@ Ménh dé ¥n € N, n? + 1 chia hét cho 3 sai, vi chdng han chon n = 1 € N thi 2 khong chia hét cho 3.

® Xétménh dé 3a € Q,a® =2.Tacé
?=2ca=+V2€l

Do d6 ménh dé nay sai.

Vay ménh dé ding la Vo € R,z < 2.
& Chon dap AN (A). ... .o
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Cau 19. Vé6i gia tri nao ctia z ménh dé chira bién P(z): “22% — 1 < 0” la ménh dé ddng?
A o. B)5. ©1. D) V2.
@ Loi giai.
Véi z = 0 thi P(z) = —1 < 0, khi d6 ménh dé P(z) ding
& Chon dap AN (A). ... .o
Cau 20. Cho ménh dé& P(z): “Vx € R, 2% — x 4+ 7 < 0”. Phti dinh ctia ménh dé P(z) la

A3z eR,a®—z+7>0. B)VzeR, 2% —z+7>0.
@Vm¢R,x27x+7>O. ®3z€R,x27x+720.
@ Loi giai.

Pht dinh cta ménh dé P(z) la P(z): 3z € R,2?> — 2 +7 > 0.
&, Chon dép an @ ................................................................................................................
Cau 21. Trong céc cau sau, cdu nao ddng?
@Phﬁ dinh ctia ménh dé “vz € Q,42? — 1 = 0" la ménh dé& “va € Q,42%> -1 > 0".
Phii dinh ctia ménh dé “In € N, n? + 1 chia hét cho 4” la ménh dé “vn € N, n? + 1 khong chia hét cho 4”.
(C) Phii dinh ctia ménh dé “Vz € R, (z —1)2 # z — 1" laménh dé “Vz € R, (z — 1)2 = 2 — 1",
(D)Phii dinh ciia ménh d& “¥n € N, n? > n” la ménh d& “In € N, n2 < n”.
@ Loi giai.
® Phu dinh cia ménh dé “Va € Q,422 — 1 = 0"laménh dé “Ix € Q, 422 — 1 #0".
® Phi dinh ctia ménh dé “Voz € R, (x —1)? # x — 1" laménh dé “Fz € R, (x — 1) =2 — 1"
® Phu dinh ctia ménh dé “Vn € N, n? > n” laménh dé “In € N,n? < n”.
Vay pht dinh ctia ménh dé “In € N,n? + 1 chia hét cho 4” 1a ménh dé “vn € N,n? + 1 khong chia hét cho 4 ” la
khéng dinh dtng.
Qe Chon dap AN (B). .. . oeiei e e
Cau 22. Ménh dé phu dinh cia ménh dé P(z): “o? + 3z + 1 > 0 v6i moi z” la

@Téntaixsaochoz2+3m+1 > 0. T(‘)ntai:vsaocho:z:2 +3x+1<0.
@Tén tai z sao cho 22 + 3z + 1 = 0. @Tﬁn tai z sao cho 22 + 3z + 1 < 0.
@ Loi giai.

Ménh dé phi dinh ctia ménh dé P(z) 1a “Tén tai x sao cho 22 + 3z + 1 < 0"
B Chomn dap AN (B). .. v ittt
Cau 23. Ménh dé pha dinh ctia ménh dé P(z): “Jz € R: 2% + 22 + 5 la s6 nguyeén t6” la

(A)Vz € R: 22 + 22 + 5 khong la s6 nguyén t6. Jr € R: 2% + 22 + 5 khéng la s6 nguyén t6.
(O Vz ¢ R: 22 + 22 + 5 khong la s6 nguyén t6. @Elx € R: 2% + 2z + 51a s6 thyc.
@ Loi giai.

Ménh dé pht dinh ctia ménh dé P(z) la Vo € R: 2% + 22 + 5 khéong la s6 nguyén t6.
& Chon dép an @ .................................................................................................................
Cau 24. Ménh dé pht dinh ctia ménh dé P(z): “Iz € R: 52 — 322 =17 la

@31‘ €eR, 5z —322=1. ‘v’x €ER,52 — 322 = 1. ©Vm €R, 5z — 322 # 1. @33: €R,5x — 322 > 1.
@ Loi giai.
Ménh dé phti dinh ctia ménh dé& P(z) la Vo € R, 5z — 322 # 1.
& Chon dap AN (C).......ovveee oo

Cau 25. Trong cdc ménh dé sau, ménh dé nao khong phai la dinh 1i?

(A) Vz € N, 22 chia hét cho 3 = x chia hét cho 3. Vz € N, z? chia hét cho 6 = z chia hét cho 3.
(C) Vz € N, 22 chia hét cho 9 = x chia hét cho 9. @Vm € Z,z chia hét cho 4 va 6 = z chia hét cho 12.
@ Loi giai.

Xét ménh dé Vz € N, 22 chia hét cho 9 = z chia hét cho 9, v6i 2 = 3 thi 2% = 32 = 9 chia hét cho 9, nhung 3 khéng
chia hét cho 9.
Do d6 ménh dé Vo € N, 22 chia hét cho 9 = x chia hét cho 9 khong phai la dinh Ii.

& Chon dap A0 (C).......oooeee e
Cau 26. Trong cac ménh dé sau, ménh dé nao la dinh 1i?
M Ve eR,z > —2= 22 > 4. B Ve eRz>2=22>4

©OvVzreRa®>4=2>2 @Néu a + b chia hét cho 3 thi a, b déu chia hét cho 3.
@ Loi giai.
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® XétménhdéVz € R,z > —2 =22 > 4: Véiz =1 > —2 nhung (—1)? = 1 < 4. Do d6 ménh d& nay sai.

® XétménhdéVer e R,z? >4 =z > 2, tacdz? >4 = |z| >2 = 2 < —v/2 hodc z > v/2. Do d6 ménh dé nay
sai.

@ Xét ménh dé “Néu a + b chia hét cho 3 thi a, b déu chia hét cho 3”, ta chon @ = 5,b = 1 thi a + b = 6 chia hét
cho 3 nhung a va b déu khong chia hét cho 3. Do d6 ménh dé nay sai.

’

Vay ménh dé Vo € R,z > 2 = 22 > 4 la dinh Ii.

Qe Chon dAP AN (B). .. . ettt
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@ TAP HOP

Tép hop (hay con goi la 1 tdp) la mot khéi niém nguyén thuyg, khong dinh nghia.
Ta hiéu khai niém tap hop qua céc vi du sau

(A) TOM TAT LY THUYET

& Vi du 1.
® X la tdp hop cac chir céi caa chit MARIE CURIE.

® Y la tap hop céc s6 ty nhién nhé hon 7.

Hai tap hop X va Y trong vi du trén dwge minh hoa boi mot duwong cong khép kin ma ta goi la Biéu dé Venn. (Do
nha todn hoc Jonh Venn nguoi Anh xay dung nam 1881)
X Y

Mai tap hop gdm céc phéan tir cling c6 chung mot hay mot vai tinh chét nao dé.

Phén ti¥ a cta tap hop X duoc ki hiéu a € X, con duoc goi 1a a thudc tap hop X.

Phén ttr b khong cta tap hop X dwoc ki hiéu b ¢ X, con duoc goi la b khong thudc X.

Trong li thuyét tap hop, nguoi ta thira nhan tap hop khong chira mot phén tir nao ca, tap hgp dé duoc goi la tap hgp
réng va ki hi¢u la @.

& Vidu 2. Tap hop cac nghiém thyc ciia phwong trinh 22 + 1 = 0 la tap hop réng.

CAC DANG TOAN VA Vi DU

© Dang 1. Cach biéu dién tap hop

Cach 1. Liét ké cac phan tir cia tap hgp.

C6 thé xéc dinh mot tap hop béng céch liét ké cac phén tir cla chiing & gitra dau {}.

Vi du:

X = {0;5;10; 15} 1a tap hop cac s6 tw nhién nhd hon 17 va chia hét cho 5.

Y = {1;2} la tap hop céc nghiém ctia phwong trinh 2 — 3z + 2 = 0.

Z =1{0;1;2;3;4;...,99} la tap hop 100 s6 ty nhién dau tién.

Céach 2. Néu tinh chét dic trung ctia cac phan tir trong tap hop.

Khong phai moi tap hop déu liét ké ranh mach dwgc cac phan tir theo thi tw nao dé. Chéng han, tdp hop cac
s6 twe tir 1 dén 2 1a khong liét ké dugc. (S6 thue dimg sau 1 1a sé nao ? Khong biét dugc). Khi d6, chiing c6 thé
duoc mo ta bang cac tinh chét dic trung & gitra dau {}, ma nhe chiing ta c6 thé xac dinh mot déi twong nao
dé6 c6 thudc tap hop nay hay khong

Vi du:

Ala tap hop céc sé thyc tir 1 dén 2 dwocmdétda A ={x e R |1 <z < 2}.

Chu 1.
@ N la tap hop céc sb t nhién.
® Q la tap hop céc s6 hiru ti.
@ Z la tap hop céc s6 nguyén.

@ R la tap hop cac sb thyec.
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E Chui gj 2. Tap hop {@} la tap hop khong rong. %

A={z eN| (2z +4)(22% — 5z) = 0}.

B={z€Z|4<z*<25}. D={z€Z|5< |z| <6}

C={zeR|z=2n2-n—-3véin¢€ E={zeR||jz—-1=1}
& Vidul. N,n < 3}.

@ Loi giai.
=2
@ Taco (22 +4)(22% — 52) = 0 & f”:05 :do d6 A = {0}.
=3

®@ B = {3;4;5}.
@ nlasétynhitnvan <3nénn=0,n=1n=2dodé C = {-3;-2;3}.
® D= {-6;6}.

~0
@lz—1=1|" +do 6 E = {0:2}.
e

& Vi du 2. Xac dinh cac tap hop sau béng céch néu tinh chat dic trung ctia cac phan tir ciia n6

A ={0;2;4;6;8}. B ={-v2;v2}.

@ Loi giai.
A={z|z=2nvéin € N,n <5}
B={zreR|z2-2=0}

Bai tap rén luyén

Bai 1. Xéc dinh céc tap hop sau bang cach liét ké cac phan ti ctia né.

A={xeN|2 <z <15vaxlasdchin}. E={reN|2r—-1=0}

B={x€Z]|32z*> 10z + 3 =0}. F={xe€Z]||z| <4}

C={zeN]|(z?-3)(2? - 5x+6) =0} G={zeR|2®>—4z=0vaz <1}

D={ze€Z| (2?—-8)(4z —5) =0}. H={reR|zx=2n%>-3,2 € Nvaz <10}.
@ Loi giai.

© A={4;6;8;10;12;14}.

=3
@3952—1037+3:O<:>[ 1,dodé B = {3}.
73
r=+V3
@ (22 -3)(z?-52+6)=0& |z =2 ,dod6C = {2;3}.
z=3
r=42V2
©@ (22 -8)(42-5) =0« 5 ,dods6 E = @.
r=-
4

1
®2x—1:0@x:§nénE:®.

® F={-3-2,-1;0;1;2; 3}
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z=0
@2*-4r=0¢& |z=2 ,dodéG = {0;-2}.
T =2

@r<1052n2-3<10<n=0n=1;n=2KhidéH = {-3;—1;5}.

Bai 2. X4c dinh cac tap hop sau bang c4ch néu tinh chét dic trung ciia cac phan ti cta né

A=1{1;3;5;7;,9}. D ={-3;-2;-1;1;2;3}.

B = {0;1;4;9;16; 25} E=2 7

= T80} F= Gt n)
@ Loi giai.

@ A={zeN|z=2n+1v6ineN,n<5}
@ B={zeR|z=n?véine N,n<=5}.
@C=zcR| (2?2 -82+7)(2? -3z —18) =0.
@ D={z€Z|0<|z| <3}

@ E={reR|2?2+1=0}.

2n —1
@F={zeQlz= n2n voin € N* n < 5}.

© Dang 2. Tap con - hai tdp bang nhau

Tap A duoc goi la tap con ctia tap B néu moi phan tir ctia A déu la phan ti cia B va ki hieu A C B.

uACB(:)(Vm,mEA:xEB) %

Céc cach goi: B

© Alatap con cta tap B.
® Tap A bi chita trong tap B.

© Tap B chita tap A va dugc ki hieu B D A.

Chay 1
® Néu A C Bva B C C thi A C C (Tinh bac cu).
® Véi moi tap A ta déu c6 A C A.

® Véi moi tap A ta déu c6 @ C A.

\ 4
uChﬁQZ.N*CNCZCQCR. %

Cho hai tap hop A va B. Néu A C B va B C A thi ta goi hai tdp A va B bing nhau, ki hiéu A = B.

A=B & (Vr,x € A<z € B)
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(C) BAI TAP TU LUAN

Bai 1. Xac dinh cac tap hop con cta tap hop A = {z € R| (2? — 2)(z~x) = 0}

@ Loi giai.
r=+V2
Tacé (2?2 —2)(2®> —2) =0 |2 =0
=1

Nhu vay A = {V/2; —/2;0;1}
Do d6 cac tap con ctia tap Ala 0, {0},{1}.{v2}, {—v/2} {0; 1}, {0; v2}, {0; —v2}, {1; V2}, {1; =2}, {V2; =2},
{0:1;v2}, {0 1; —v2}, {1;v2 —V21{V2: —v2;0; 1},
Bai 2. Chocéctaphop A={z € R| 2° —2=0}, B={recZ| 22<1}, C={reN| 2r+10 <0},
D = {x € N| 23 = x}. Tap nao la con tap nao ? Cac tap nao bing nhau?
@ Loi giai.
Tac6 A={0;1;—-1}, B={-1;0;1}; C=0;, D={0;1}.
NhuvaiyA=BvaC CD C A=B.
Bai 3. Tim tit ca céc tap hop X sao cho {1;3} C X va X C {1;2;3;4;5}.
@ Loi giai.
Yéu cau bai toan cho ta cac tap X nhu sau:
X = {13} X = {1;2;3}, X = {1;3;4}, X = {1;3;5}, X = {1;2;3;4}, X = {1;2;3;5}, X = {1;3;4;5},
X ={1;2;3;4;5}.
Bai 4. Tim tit ca céc tap hop X sao cho X C {—3;-2;0;1;3} va X C {—1;0;1;2;3;4}.
@ Loi giai.
Yéu céu bai toan cho ta céc tap X nhu sau:
X=0,X={0}, X ={1}, X ={3}, X ={1;3}, X ={0;1}, X = {0;3}, X = {0;1;3}.
Bai5. Chocactiphop A={z €R|2®> —2 =0}, B={z € Z]| (2? — 2)(2% — 3z + 2) =0},
C={reR|22+10=0}, D={ze€Z| 2?<5}.Tap nao la con tap nao? C4c tap nao bdng nhau?
@ Loi giai.
Tac6 A={0;1;—-1}, B={0;1;2},C =0,D = {-2;-1;0;1; 2}.
Nhu vay A, B, C 1a cac tap con cta D. Khong c6 hai tap nao bang nhau.
Bai 6. Chobatap hop A = {1;2; -1}, B={2;-1}, C={zcR| 22-1=0}
Tap nao la con tap nao? Cac tap nao bang nhau?
@ Loi giai.
C = {-1;1}. Do d6 céc tap B, C 1a tap con cua tap A.
Bai 7. Tim tit ca céc tp con cta tap A = {x € N| z < 6} ma c6 hai phan t.
@ Loi giai.
Ta c6 A = {0;1;2;3;4;5}. Do d6 céc tap con c6 hai phan tir cta tap hop A la: {0;1}, {0;2}, {0;3}, {0;4}, {0;5},
{1;2}, {1;3}, {1;4}, {155}, {2; 3}, {2;4}, {25}, {3; 4}, {3;5}, {4; 5}

Bai 8. Tim tat ca cac tap con cta tdp X = {a;b; c; d} thoa

a. C6 trén hai phan tir

b. C6 ding hai phan tr

c. C6 it hon hai phan tir

d. Khéng c6 phan tit ¢

@ Loi giai.

a. Céc tap hop con c6 trén hai phan t 1a {a; b; ¢}, {a; b; d}, {b; c; d}, {a; b; c;d}.
b. Céac tap con c6 ding hai phan t 1a {a; b}, {a; c}, {a;d}, {b;c}, {b;d}, {c;d}.
c. Céc tap hop con c6 it hon hai phan i 1a 0, {a}, {b}, {c}, {d}.

d. Céac tap hop con Khéng c6 phan ti ¢ 1a {a}, {b}, {d}, {a; b}, {a;d}, {b;d}, {a; b;d}.
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@ Dang 1. Cac phép toan trén tap hgop

@ Phép hop
Hop cta hai tap hgp A va B 1a mot tap hgp gdm tat ca cac phan
tit thuoc A hoac thudc B.
Ki hiéu AU B.

r€ AUB < x € Ahoaczx € B.

AU B la phan gach chéo

(2) Phép giao
Giao cta hai tap hop A va B la mot tap hop gom tht ca cac phan tir
thuéc ca A va B.
Ki hiéu AN B.

reANB& e Avax € B.

AN B la phan gach chéo

(3 Phép lay bu
Cho A la tap con cia tap E. Phan bii ciia A trong E la mot tap hop gdm
tat ca cac phan tir cia F' ma khong la phan ti cua A.
Ki hieu Cp A.

ACE,:EECEA@)ervéxgéAW

(@ Phép hi¢u
Hiéu ctia hai tap hop A va B la mot tap hgp gdm tat ca céc phan tir
thuoc A nhung khéng thuéc B.
Ki hiéu A\ B.

|x€A\B©x€Amx¢Bw

nNéuAthhiA\B:CAB. %

A\ B la phén gach chéo

&% Vidu 1. Cho hai tap hop A va B. Tim cac tap hop AUB, ANB, A\BvaB\Avé6i A= {z € N|3 <2 < 7}
vaB={ze€Z|-1<uz<5}

@ Loi giai.
Tacé A= {3;4;5;6} va B={-1,0;1;2;3;4}. Do do

® AUB=1{-1;0;1;2;3;4;5;6}.
® ANB={3;4}.
® A\ B = {56}

® B\ A={-1;0;1;2}.
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B={zeR|(z—2)(z—3) =0

& Vi du 2. Cho hai tap hgp A va B. Tim cac tap hop AUB, AN B, A\ Bva B\ Avéi A = {—1;2;

3,7} va

@ Loi giai.
Taco A={-1;2;3;7} va B ={2;3}. Do d¢

@ AUuB={-1;2;3;7}.
® AnB={23}.

@ A\ B={-1;7}.

® B\A=o.

Bai tap tu rén luyén

Bai 1. Cho hai tap hgp A = {0;1;3;5} va B = {—1;0;2;3}. Chtitng minh (AU B)\ (AN B) = (A\ B)U(B\ A).

@ Loi giai.

Tac6 AUB ={-1;0;1;2;3;5} va AN B ={0;3} nén (AUB)\ (AN B) ={-1;1;2;5}.
Mat khac, A\ B={1;5}vaB\ A={-1;2} nén (A\ B)U(B\ A) = {-1;1;2;5}.

Vay (AUB)\ (AN B) = (A\ B)U (B \ A) (diéu phai chitng minh).

Bai 2. Cho hai tap hop A = {z e R | (#* —8) (222 —2—3) =0} va B = {w € Z | 2|z| — 5 < 0}. Tim tap hop

(AUB)\ (AN B).

@ Loi giai.
Ta cé
=2
3
o —8=0 _
(0 —8) (20 —2-3) =0& |, r=-1
20 —x—3=0 3
T ==
2
R 3
Chonén A = 71;5;2.
Mat khéac
5 ) )

Cho nén B = {—2;—1;0;1;2}.
Khid6 AUB = {—2;—1;0;1;;;2} vaANB={-1;2}.Dod6 (AUB)\ (ANB) = {—2;0;1;;}.

Bai 3. ChobataphopA={neN|n>2},B={zeN|(z—-5) (22 +1) <0}vaC = {kEN‘Z:QJ;
Tim tap hgp AN BN C.
@ Loi giai.

Tacé A=1{2;3;4;...}.
Viz? 41> 0 véimoi 2 € R nén

(z—5)(z°+1)<0&z-5<0& <5

Suyra B = {0;1;2;3;4}.
Vivay AN B = {2;3;4}.

Mat khac, gidstt k € ANBNCthike€ A k€ Bvak € C.Dodé,tathit k =2, k = 3, k = 4 vao biéu thikc

2.-2+12

® Véi k = 2 ta duge ﬁ = g khong nguyén.
2. 12

® Véi k = 3 ta duge 33% = ; khong nguyén.
2-4+12

@ Véi k = 4 ta duge ﬁ = 1 nguyén.

Vay An BN C = {4}.

Bai 4. Tim tat ca cac tap X théa man {1;3} U X = {0;1;2;3}.
@ Loi giai.

12

I3 A A
L a SO nguyen

2k + 12
K2+ k-

Ta c6 {0;1;2;3}\ {1;3} = {0;2} cho nén tit ca cac tap X can tim la {0;2}, {0;1;2}, {0;2;3}, {0;1;2;3}.

b
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Bai 5. X4c dinh hai tdp hop A va B biétrang A\ B = {1;5;7;8}, B\ A= {2;10} va AN B = {3;6;9}.
@ Loi giai.

ViA\ B={1;5;7;8} nén {1;5;7;8} C Aval¢ B,5¢ B,7¢ B,8¢ B.
ViB\A={210nén2¢ A,10 ¢ Ava {210} C B.

ViAN B ={3;6;9} nén {3;6;9} C Ava{3;6;9} C B.

Twr (1), (2) va (3) sugyra A = {1;3;5;6;7;8;9}, B = {2;3;6;9; 10}.

Bai 6. Cho tap hop A = {1;3;6}. Tim tit ca cac tap X théaman AU X = {1;2;3;4;5;6} va AN X = {3}.
@ Loi giai.

Tac6 {1;2;3;4;5;6} \ A ={2;4;5}.

ViANX ={3}nén3 e X.

Vay tat cé cac tdp X can tim la {2; 3;4;5}, {1;2;3;4;5}, {2;3;4;5;6}, {1;2;3;4; 5;6}.

& Vi du 1. Cau lac b ngoai ngit ctia truomg Marie Curie c¢6 30 hoc sinh néi dugc tiéng Anh, 25 hoc
sinh néi dugc tiéng Phép, trong d6 c6 12 hoc sinh néi dugc ca hai thit tiéng Anh va Phap. Héi cau lac
bd ngoai ngir c6 bao nhiéu hoc sinh, trong dé cé bao nhiéu hoc sinh chi néi duoc tiéng Anh, bao nhiéu
hoc sinh chi néi dugc tiéng Phap?

@ Loi giai.
:())}g)i A la tap hop “cac hoc sinh néi dugc tiéng Anh” thi s6 phan tir ctia A la 12 Anh-Phap
Goi B la tap hop “céc hoc sinh néi duoc tiéng Phéap” thi s6 phan it ctia B la 30 Anh
25.

Dua vao b6 dé Venn ta c6

25 Phap

® AN B latap hop céc hoc sinh néi duoc ca hai thit tiéng Anh va Phép.
Suy ra AN B c¢6 12 phan tt.

® A\ B latap hgp cac hoc sinh chi néi dugce tiéng Anh. Suy ra A\ B c6
30 — 12 = 18 phén tr (1a s6 hoc sinh chi néi duoc tiéng Anh).

ap ANB pia

Biéu d6 Venn
® B\ Alatap hop céc hoc sinh chi néi dugc tiéng Phap. Suy ra B\ A c6 25 — 12 = 13 phén t (1a s6 hoc
sinh chi néi dugc tiéng Phap).

® AU B la tap hop cac hoc sinh trong cau lac bo.
Tac6 AUB=(A\B)U(ANB)U(B\ A).
Suyra AU B c6 18 + 12 + 13 = 43 phan tit (1a s6 hoc sinh trong cau lac bg).

& Vidu 2. Lép 10X c6 30 hoc sinh trong dé c6 25 hoc sinh néi dugce tiéng Anh va 18 hoc sinh néi
dugc tiéng Phap. Héi c6 bao nhiéu hoc sinh néi dugc ca hai thir tiéng Anh va Phap?

@ Loi giai.

;}g)i A la tap hop “cac hoc sinh néi dugc tiéng Anh” thi s6 phan tir ctia A la Anh-Phap

Goi B la tap hop “céc hoc sinh néi duoc tiéng Phéap” thi s6 phan tit ctia B la 25 Anh 18 Phap
18.

Dua vao bd dé Venn ta c6

® AU B la tap hop céc hoc sinh 16p 10X. Suy ra A U B c¢6 30 phan tir.

®@ A\ B latap hop cac hoc sinh chi néi dugc tiéng Anh.
Tac6 A\ B=(AUB)\ B.
Suy ra A\ B ¢6 30 — 18 = 12 phan t (la s6 hoc sinh chi néi dugc
tiéng Anh).

as 418 pa

Biéu dé Venn

® B\ A latap hop cac hoc sinh chi néi dugc tiéng Phap.
Tac6 B\ A=(AUB)\ A
Sugra B\ A c6 30 — 25 = 5 phan ti (la s6 hoc sinh chi néi dugc tiéng Phép).
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® AN B latap hgp céc hoc sinh néi dugc ca hai thi tiéng Anh va Phép.
Tacé AN B = (AUB)\ ((A\ B) U (B\ 4)).
Suyra AN B c6 30— (12 +5) = 13 phan t (1a s6 hoc sinh néi dugc ca hai tht tiéng Anh va Phap).

& Vi du 3. C6 200 hoc sinh trrong Marie Curie tham gia cau lac bd ngoai ngir ctia nha truong, trong
d6 c6 60 hoc sinh chi néi duoc tiéng Anh, 80 hoc sinh néi dugc tiéng Phép va 90 hoc sinh néi dugc
tiéng Nhat. Hoi c6 bao nhiéu hoc sinh néi duoc ba thir tiéng Anh, Phap va Nhat? Biét trong 200 hoc
sinh d6 c6 20 hoc sinh chi néi dwoc hai thit tiéng Phap va Nhat.

@ Loi giai.
Goi A la tap hop “céc hoc sinh néi dugc tiéng Anh”.

Goi B la tap hop “céc hoc sinh néi dugc tiéng Phap” thi s6 phan tir cia B 1a 80.
Goi C'la tap hop “cac hoc sinh néi dugc tiéng Nhat” thi s6 phan tix ctia C' 1a 90.

60 chi néi dugc Anh

Noi dugc ba thit tiéng
20 chi néi duoc hai thit tiéng Phap-Nhat

80 Phap 90 Nhat

Biéu dé Venn

Dua vao biéu dé Ven ta c6

® Dat Q = AU B UC la tap hop cac hoc sinh trong cau lac b6 ngoai ngir cia nha truong.
Suy ra Q c6 200 phén ti.

® Dat X = A\ (BUC) la tap hgp cac hoc sinh chi néi dugc tiéng Anh.
Suy ra X c¢6 60 phan tt.

@ DatY = (BN C)\ A latap hop cac hoc sinh chi néi dugc hai thit tiéng Phéap va Nhat.
Suy ra Y c6 20 phéan tt.

® Tac6 BUC =Q\ X.
Suy ra BU C ¢6 200 — 60 = 140 phan tir.
Tacé|BUC|=|B|+|C|—|BNC|.Sugra BN C c6 (80 + 90) — 140 = 30 phan tir.

® Tac6 ANBNC = (BNC)\Y latap hgp céac hoc sinh néi dugc ba thi tiéng.
Suyra AN BNC cé 30— 20 = 10 phan tt.

Vay s6 hoc sinh néi dugc ba thit tiéng Anh, Phap, Nhat 1a 10 hoc sinh.

& Vidu 4. Cé 100 hoc sinh trirong Marie Curie tham gia cau lac bo ngoai ngit ctia nha trwong, méi
hoc sinh néi dwgc mot hodc hai trong ba thit tiéng Anh, Phap, Nhat. Cé 39 hoc sinh chi néi duoc tiéng
Anh, 35 hoc sinh néi dugc tiéng Phap va 8 hoc sinh néi dugc ca tiéng Anh va Nhat. Héi c6 bao nhiéu
hoc sinh chi néi duoc tiéng Nhat?

@ Loi giai.

Goi A 1a tap hop “céc hoc sinh néi dugc tiéng Anh”.

Goi B la tap hop “céc hoc sinh néi dugc tiéng Phap” thi s6 phan tir cia B 1a 35.
Goi C la tap hop “cac hoc sinh néi duwgc tiéng Nhat”.

Vi méi hoc sinh néi dwgc mot hodc hai trong ba thit tiéng nén AN BN C = @.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

8 néi duogc hai thit tiéng Anh-Nhat

39 chi néi duwgc Anh Chi n6i dugc Nhat

' C

Biéu d6 Venn

Dua vao biéu dd Venn ta c6

® Diat Q = AU BUC latap hgp cac hoc sinh trong cau lac bd ngoai ngir ctia nha truong.
Suy ra 2 ¢6 100 phéan ti.

® Dit X = A\ (BUQ) la tap hop céc hoc sinh chi néi dugc tiéng Anh.
Suy ra X c6 39 phan tt.

@ DatY = AN C la tap hop céc hoc sinh néi dugc ca hai thi tiéng Anh va Nhat.
Suyra Y c6 8 phan tir.

@ Tac6 BUC =0\ X.
Suy ra BU C c6 100 — 39 = 61 phan tt.
Tac6C\ B=(CUB)\ B.SuyraC\ B c6 61 — 35 =26 phan tt.

® Taco (C\ B)\ Y latap hop cac hoc sinh chi néi dugc tiéng Nhat.
Suyra (C\ B)\'Y c6 26 — 8 = 18 phan tt.

Vay s6 hoc sinh chi néi dugc tiéng Nhat 1a 18 hoc sinh.
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@ Dang 2. Tap con ctia tap s6 thirc

Tén goi Ki hiéu Tap hop Biéu dién trén truc s6
(Phan khéng bi gach chéo)
Tap s6 thuc (—00; 400) R O
a b
o] Yooy
Doan [a; 0] {reR|a<z<b} | l |
[a;b]
a b
ffffffffffffffffff/ \,ffffffffffffffff/f,
Khoang (a;b) {zeR|a<z<b} A l /
(a;b)
a b
ooz Vosssssszzssssss
Nira khoang [a; ) {reR|a<z<b} ! l /
[a;b)
a b
fffffff’,ffffffffff/ -I/,fffffffff',/,fffff'f,
Nira khoang (a; 0] {reR|a<z<b} l
(a; ]
a
-If’,’,f’,ffff',’,/,’,fffff‘,
Nira khoéng (—o0;al {reR|z<a} l I
(—o00; a]
a
fffffffffffffffffffr
Nira khoéng [a; +00) {r eR|z>a} [ l
[a; +00)
a
\:ffffffffffffffff%
Khoéng (—o0;a) {reR|z<a} l /
(—o0;a)
a
ffffffffffffffffff/
Khoéng (a; +00) {r eR|z>a} \ l
(a; +00)
& Vidu 1. Cac tap sau la cac doan, khoang, nira khoang nao? Vé hinh.
DA={zcR|-6<2<T} @B={recR|5z+1>8}.

@ Loi giai.
(D Tacé A = (—6;7). Biéu dién

,,,,,,,,,,,,,,,,,,, ( NS

(2 Tacé

7
5x+128©5x27®m25.
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Vay B = E, +oo). Biéu dién

& Vi du 2. C4c ménh dé sau la diing hay sai? Giai thich.
®{-42} c[-42] @ [1;+00) = {1;23;4;...}.

@ Loi giai.
(1) Ménh dé ding. That vay, vi —4 € [—4;2] va 2 € [-4;2] nén {—4;2} C [-4;2].
(2) Ménh dé sai. That vay, vi 1,5 € [1;+00) nhung 1,5 ¢ {1;2;3;4;...} nén hai tap hop da cho khong bang nhau.

& Vi du 3. Xac dinh cac tap hop sau va biéu dién trén truc sé.

@D (=2;7) N (3; +00). @ (-3;4) U{-3;4}.

@ Loi giai.
@ Tacéd (—2;7) N (3; +00) = (3; 7). Biéu dién

3 7
,,,,,,,,,,,,,,,,,,, [ \osssissiiriisiie
/////////////////// \ }//////////////////.
(2 Tacé (—3;4) U{—3;4} = [-3;4]. Bi¢u dién
-3 4
,,,,,,,,,,,,,,,,,,, [ Vosssssrssniss
,,,,,,,,,,,,,,,,,,, ]_ JZ

& Vi du 4. Xac dinh cac tap hop AN B, AU B, A\ B, B\ A va biéu dién béng truc sb trong cac truong hop
sau.

@ A=1{1;2;3:4;5}, B={-3;—2;—1;0;1}.

@ A={ccZ||z|<3,,B={zreN|z<T)
(3 A= (—1;2018), B = [-2019;9].

@ A={reR|x<2018},B={z R |z >0}

@ Loi giai.

(@ Tacé
® AnB={1}
® AUB=1{-3;-2;-1;0;1;2;3;4;5}.
® A\ B=1{2;3;4;5}.
® B\ A={-3;-2;-1;0}.

(2 Tacd A= {-3;-2;-1;0;1;2;3} va B = {0;1;2;3;4;5;6}.
® AnB=1{0;1;2;3}.
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® AUB=1{-3;-2;-1;0;1;2;3;4;5;6}.
@ A\ B={-3;-2;-1}.
® B\ A= {4;5;6}.

(3 Taco

® AN B = (-1;9]. Biéu dién

,,,,,,,,,,,,,,,,,, { Losssrsssssrsssrnss
A ] g

® AU B =[-2019;2018). Biéu dién

® A\ B = (9;2018). Biéu dién

9 2018
roririrrrirerini] N
////////////////// /\ ///////////////////
® B\ A =[-2019; —1]. Biéu dién
—2019 -1
,,,,,,,,,,,,,,,,,,, [ Vossccirirrsiiiisg
/////////////////// L J///////////////////
(@) Tacé A = (—o0;2018] va B = (0; +00).
® AN B = (0;2018]. Biéu dién
0 2018
,,,,,,,,,,,,,,,,,, { Vossisizirrssiiig
////////////////// /\ J///////////////////
® AU B = (—o0; +0). Biéu dién
0
® A\ B = (—00;0]. Biéu dién
0
Vocsonrorernsenens
J///////////////////
® B\ A = (2018; +00). Biéu dién
2018
,,,,,,,,,,,,,,,,,, {
////////////////// &
& Vidu 5. Cho tap hop M = {—2; —1;0;1;2;3; 4; 5}.

(@) Tim tat ca tap hop con c6 1 phan tir ctia tap M.

(2) Tim tat ca tap hop con c6 2 phan tir ctia tap M.

(3) Tap M c6 tat ca bao nhiéu tap hop con?

(@) Tap M c6 tat ca bao nhiéu tap hop con c6 it nhat 1 phan t?

(5) Tap M c6 tat ca bao nhiéu tap hop con khéc M?

@ Loi giai.
(1) Tét ca tap con c6 1 phén tir ctia M la {—2}, {1}, {0}, {1}, {2}, {3}, {4}, {5}.
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(2) Tét ca tap con c6 2 phén tir cia M la {—2; —1}, {—2; 0}, {—2; 1}, {=2;2}, {—2;3}, {—2;4}, {-2;5}, {-1;0},
{11} {=1;2} {=1;3}, {14} {=1;5}, {0;1}, {0;2}, {0;3}, {054}, {055}, {152}, {1;3}, {1;4}, {1;5},
{2;3},{2;4}, {2;5}, {3;4}, {3;5}, {4;5}.

(3) Tap hop M c6 8 phan tir. S6 tap hop con ciia M 1a 28 = 256.

Tap con khéng c6 phan t&r cia M 1a @.
p gcop
S6 tap hop con c6 it nhat 1 phan tir ctia M 1a 28 — 1 = 255.

(5) S6 tap hop con khéac M la 28 — 1 = 255.

Bai tap tu rén luyén
Bai 1. Cac tap hogp sau la cac doan, khoang, nita khoang nao? Vé hinh.

DA={reR|-2<z+1<3}. @B={reR|-3<3r—-2<2}
BC={reR|2<2z+3 <4} @D={zeR|-4<2r <3}
G®FE={recR|5z—-3<0}. ®H={reR|2zx—-7>4}.
@ Loi giai.

(@ Tacé

2<z4+1<3&-2-1<zz<3-1& -3 zL2.
Vay A = [-3;2]. Biéu dién

-3 2
,,,,,,,,,,,,,,,,,,, J,,,,,/,,,/,,,,,,/,
(2 Taco
1 4
—3<3m—2§2@—3+2<3x§2+2@—1<3x§4<:)—§<x§§.
1 4 . ~
Vay B = <_§; ﬂ . Biéu dieén
1 4
3 3
I a Yoscecssssssraroce
/////////////////// \ J’/////////////////L
(3 Taco
1 1
2<2x—|—3<4<:)2—3<2x<4—3<:>—1<2x<1@—5<x<§.
Vau C — ( L 1) Bidy dié
(’_iy = 2, B . bieu dien
1 1
2 2
,,,,,,,,,,,,,,,,,,, [ Nossiiiiiniiis
////////////////// \ }//////////////////.
@ Taco

3
—4§2x<3©—2§x<§.

Vay D = {72; ;) Biéu dién
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(5) Taco

ot w

br—3<0&br<3szr<

Vay E = (—oo; g} Biéu dién

///////////////////

(® Taco

11
2x—7>4®2x>4+7®2x>11®m>?.

11 2 rx
Vay H = <?; +oo). Biéu dién

Ll
,,,,,,,,,,,,,,,,,,, (
/////////////////// \
Bai 2. Cac ménh dé sau la ding hay sai? Giai thich.
@ (-1;3) = {-1;0;1;2;3}. @ (-2;2] = [-2;2).
BN C [0; +00). @ {-3;1}\ (=3;1) = {-3;1}.

@ Loi giai.
(1) Ménh dé sai. That vay, vi —1 € {—1;0;1;2; 3} nhung —1 € (—1; 3] nén hai tap hop da cho khong béng nhau.
(2) Ménh dé sai. That vay, vi —2 € [—2;2) nhung —2 ¢ (—2;2] nén hai tap hop da cho khéng béng nhau.

(3 Ménh dé ding. That vay, vi N = {0;1;2;3;4;...} va tit ca cac phan tir ciia N déu thudc tap [0; +00) nén
N C [0; +00).

(4) Ménh dé ding. That vay, vi —3 ¢ (=3;1) val ¢ (=3;1) nén {-3;1}\ (=3;1) = {-3;1}.

Bai 3. X4c dinh cac tap hop sau va biéu dién trén truc sé.

@ [-3;1) U (0;4]. @ (12U [-21).
@ Loi giai.

(@ Tacé [-3;1) U (0;4] = [~3;4]. Biéu dién

-3 4
&;;;;;;;;;;;;;);;J 1'/',',;”/””“”;';}‘
[ 1
(@ Taco (—1;2) U[-2;1) = [~2;2]. Biéu dién
-2 2
,,,,,,,,,,,,,,,,,,, [ Ve
,,,,,,,,,,,,,,,,,,, [ J'

Bai 4. X4c dinh cac tap hop sau va biéu dién trén truc sé.
@ (=84 N [~1;4]. @) (—00;3) N [~2;6).
@ [=3;5]\ (=2 7). @ [~25+00) \ (—4;5].


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

@ Loi giai.
(@ Tacé (—8;4] N [~1;4] = [-1;4]. Biéu dién

—1 4
,,,,,,,,,,,,,,,,,,, [ |
/////////////////// l J//////////////////.
(2 Tacé (—o0;3) N [~2;6) = [~2;3). Biéu dién
—2 3
| Vs
[ /
(3 Tacé [-3;5]\ (—2;7) = [-3; —2]. Biéu dién
-3 -2
,,,,,,,,,,,,,,,,,,, [ |
,,,,,,,,,,,,,,,,,,, l j,,,,,,,,,,,,,,,,,,

///////////////////

u/////////////////\

Bai 5. Cho hai tap A = [4;7] va B = (m;9). Tim s6 thwc m sao cho

OANB=2. @ AcCB. 3 A\B=g.
@ Loi giai.

@O AnB=@khim>T7.

(2 AcC Bkhim < 4.

(3 A\ B=@khi AC B, ticclam < 4.

(D) CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Khéng dinh nao sau day la ding?
ANCZ. B QcCN. ©ORCQ (DR C Z
@ Loi giai.
TacoNCZcCcQCR.
& Chon dé4p 4n @ .................................................................................................................
Cau 2. Cho A la tap hop cac hinh thoi, B la tap hgp cac hinh chir nhat va C la tdp hgp céac hinh vuéng. Khi dé
A ANB=C. B AUB=C. ©A\B=C. D)B\A=C.
@ Loi giai.
Ta thdy hinh vuong 1a hinh chir nhat. Hinh vudng ciing 1a hinh thoi. Vay AN B = C.
& Chon dap AN (A). ... .oeee e
Cau 3. Cach viét nao sau day khéng dung?
A)1cCN. ®)1eN. © {1} c N D)1 e N*.
@ Loi giai.
S6 1 1a mot phan ti cta tap s6 tw nhién, do d6 cach viét 1 C N khong ding.
&, Chon dap an @ .............................................................................................................................

Cau 4. C6 bao nhiéu cach cho mét tap hgp?

A1 B)2. © 3. (D)4.
@ Loi giai.
C6 hai cach xac dinh mét tap hgp
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© Liét ké c4c phan tir ciia né;

© Chi ra tinh chét dic trung cho céac phéan tit ctia né.

Qe Chon dap A1 (B). ... ettt
Cau 5. C6 bao nhiéu phép toan trén tap hop?

A)s. B) 2. ©3. (D)4
@ Loi giai.
Céac phép toén trén tap hop gom

® Giao cia hai tap hop;

® Hop cua hai tap hop;

® Hiéu va phéan b ciia hai tap hop.

&, Chon dép an @ .................................................................................................................
Cau 6. Cach viét nao sau day thé hién tap hgp A béng B?

(A A=B. B) A + B. © A< B. D)Ac B.
@ Loi giai.
Khi A C B va B C A tandi tap hop A béng tap hop B vaviétla A = B.
& Chon dap AN (A). ... ..o
Cau 7. S6 tap con cia tap A = {1;2;3} 1a

@) s. B)6. ©>s. D).
@ Loi giai.
S6 tap con ctia tap gdm 7 phan tir 1a 2™, Tap A c6 3 phan tit, do d6 c6 23 = 8 tap con.
& Chon dap AN (A). ... ..oeeeee e
Cau 8. Viét tap M = {z € N sao cho v/ la wic cta 8} dang liét ké cac phan ti la

(A) M = {1;4;16;64}. B) M = {0;1;4;16;64}. (O M = {1;2;4;8}. (D) M = {0;1;2;4;8}.
@ Loi giai.
Uéc ty nhién cta 8 1a 1;2; 4; 8. Do dé

@ Vr=1l=z=1;

@ JVr=2=1=4

@ Vr=4=z=16

@ /z=8=1=064

&, Chon dép an @ .................................................................................................................
Cau 9. Xac dinh tap hgp M = {1; 3;9; 27; 81} béng céch néu tinh chét dic trung cta tap hop
@M:{nGNsaoch01§n§8}. M:{xsaochox:i’)k; EeN; 0<k<4}.
(O M = {n € N sao chon = 3*}. @M:{Cé5s61é}.
@ Loi giai.
Tacé M = {rsaochox =3F; k€ N; 0 <k <4} ={1;3;9;27;81}.
Qs Chon dap &N (B). .. . vt
Cau 10. Cho tap M = {a; b; ¢; d; e}. Hay chon cAu tra 1oi ding trong cac cau sau
@ M c6 32 tap hop con. M c6 25 tap hop con.
@ M ¢6 120 tap hop con. @M c6 5 tap hop con.
@ Loi giai.

S6 tap con cta tap gdm n phan ti 1a 2™. Tap M cé 5 phén tir, do d6 M c6 2° = 32 tap con.
& Chon dép an @ .................................................................................................................

Cau11. Chobatiphop M = {n € N|n:5}, P={n €N |n:10},Q = {xr € R | 2% + 3z + 5 = 0}. Hay chon
khéng dinh dtng?
AQcPcM. ®QcMcP. ©McQcP. DM cPcQ.
@ Loi giai.
Tac6 M = {5;10;15;...}, P = {10,20,30,...}, Q = 2. Do d6 Q c P C M.
& Chon dap AN (A). ... .oeeee e
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Cau 12. Cho biét x la mot phan tir ctia tap hop A. Xét cac ménh dé sau
(I):xe€A; (II):{z} e A; (III):xCA; (IV): {z}CA

Hoi trong cac ménh dé trén, ménh dé nao ding?
Q) (1) va (IV). (I) va (I1I). (©) (1) va (I1). D) (I1) va (IV).
@ Loi giai.
Cho 2 1a mot phan tr cta tap hop A. Khid6 z € A va {z} C A.
& Chon dép 4n @ .................................................................................................................
Cau 13. Hay liét ké cac phan tix cta taphop X = {x € R | 22 + 2+ 1 =0}
@ X = {o}. B X =0. © X = {o}. DX =w.
@ Loi giai.
Phuong trinh 22 + 2 + 1 = 0 v6 nghiém trén R. Vay X = @.
&, Chon dép an @ ................................................................................................................
Cau 14. Cho tap X = {2;3;4}. Hoi tap hop X ¢6 bao nhiéu tap hgp con?

AT 6. ©5. D)s.
@ Loi giai.
S6 tap con ctia tap gdm n phan tir [a 2™. Tap A c6 3 phan tit, do d6 c6 2% = 8 tap con.
&, Chon dép an @ ................................................................................................................
Cau 15. Tinh sb céc tap con c6 2 phan tr ctia M = {1;2;3;4;5;6}.

@) 15. (B) 16. ©18. (D)22.
@ Loi giai.
S6 tap con c6 k phan tir cia tap X gém n phan tir la CX. Do dé sb cac tap con c6 2 phan tir ctia M = {1;2;3;4;5;6}
la C3 = 15.
& Chon dap A0 (A). ... ..o
Cau 16. Tim céc phén tir cta tap X = {z € R | 22% — 5z + 3 = 0}.

3 3

@A) x = {1}. X:{i}. ©X:{1;§}. D) x = {0}.
@ Loi giai.
Phuong trinh 222 — 52 + 3 = 0 ¢6 hai nghiém trén R [a 1 va g Vay X = {1; g}
& Chon dap An (C).......oooi i e

Cau 17. Hoi tap hop nao la tap rong trong céc tap hop sau?

@A:{x€Z|6x2—7az—|—1:0}. B:{x€Q|x2—4x+2:O}.
©C={zecZ|l|z| <1} D)D = {zeR |22 —4z+3 =0}
@ Loi giai.
Ta cé

1
@ Phu’ongtrinh6z2—7x+1:Océhainghiémx:1eZvéxzéeQ,dodétépA;AQ.

(O] Phlrorngtrinhx2—4:E+2:Océhainghiémx:2+ﬂ¢@véx:2—\/§§é(@,dodétép32@.
@ Tacd|z|<1le —-1<ax<lvizeZsuyraC ={0},dodétap C # @.
® Phuong trinh 72 — 42 + 3 = 0 c6 hai nghiem r =1 € Rvaz =3 € R, dod6 tap D # @.

B Chom dap A0 (B). ... e ettt e
Cau 18. Cho A la tap tét ca céc nghiém ctia phwong trinh 22 — 72+ 6 = 0, B la tap hop cac s6 nguyén c6 gia tri tuyét
d6i nho hon 4. Héi két qua nao sau day la diang?

A B\A=o. B)ANB=AUB. (© A\ B ={6}. D)AUB = A.
@ Loi giai.
Ta c6 phuong trinh 22 — 7z + 6 = 0 c6 hai nghiém = 1 vaz = 6,suyra A = {1;6}, B={x € Z | |z| < 4} =
{-3;-2;-1;0;1;2;3}. Khi d6

® B\A={-3;-2;-1;0;2;3},dod6 B\ A # g;

® ANnB={1}, AUB={-3;-2;-1;0;1;2;3;6},dod6 AN B # AU B;

® A\ B={6};
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® AUB=1{-3;-2;-1;0;1;2;3;6} # A.

& Chon dép an @ .................................................................................................................
Cau 19. Cho tap hop A = {1;2;3}. Tap hgp nao sau day khong phai la tap con caa tap A?
A {12;3}. B o. © A. (D){1;2;3}.
@ Loi giai.
Tap hgp khong phai la tap con caa A la {12;3} vi 12 ¢ A.
&; Chon dép an @ .............................................................................................................................
Cau 20. Cho tap hop X = {0;1;2}. Tap X c¢6 bao nhiéu tap con?
A 8. B) 6. © 3. D).
@ Loi giai.
Tap X c6 3 phan tir, do d6 né c6 23 = 8 tap con.
& Chon dap A0 (A). ... ..o
Cau 21. Cho tap hgp X = {0;1;2;a;b}. Tap X c6 bao nhiéu phan tt?
@A) 5. 2. © 3. (D)4.
@ Loi giai.
Tap X c6 5 phéan tr.
& Chon dép an @ .................................................................................................................
Cau 22. Cho tap hop A = {1;2;3;5;7}, B = {2;4;5;6;8}. Tap hop An B la
@ {5). {2). © (12345678, @{25).
@ Loi giai.
Tac6 AN B = {2;5}.
& Chon dép an @ ................................................................................................................
Cau 23. Cho tap hop A = {1;2;3;5;7}, B ={2;4;5;6;8}. Tap hgp A\ B la
(D {4;6;8}. ®) {1;3;7}. ©{1:2:3:4;5:6;7:8).  (D){2;5}.
@ Loi giai.
Tap hop A\ B = {1;3;7}.
Qe Chon dap A1 (B). ... ettt
Cau 24. Cho A = {z € R | 2% — 4 # 0}. Tap hop A viét lai dang liét ké la
®r {-22). OR\ {-22}. DR\ {2
@ Loi giai.
Taco A={zeR|z?—4#£0} =R\ {-2;2}.
& Chon dap An (C).......oooi it
Cau 25. Cho A = {z € R | 2% +4 > 0}. Tap hop A viét lai dang liét ké la
@@. [2; +00). ©]R. @[—2;+oo).
@ Loi giai.
Taco A={zeR|22+4>0} =R
& Chon dap AN (C).......vvveee e
Cau 26. Cho tap A = {—2;1;2;3;4}, B = {x € N | 22 — 4 = 0}. Ménh dé nao sai?
M ANB={2}. B AUB = {2;-2}. © A\ B = {1:3;4}. DAUB=B.
@ Loi giai.
Taco6 B={reN|z?2-4=0} ={2},dodé AN B = {2}.
& Chon dap an @ .............................................................................................................................
Cau 27. Cho tap hop A = {1;2; 3;4; z; y}. Xét cdc ménh dé sau day

(I):“3e€ A”; (II):{3;4} € A; (III) : {z;3;y} € A.

Phét biéu nao sau day ding?
M 1. B)2. © 3. (D)4.
@ Loi giai.
Taco (I): “3 € A” la ménh dé dang.
& Chon dap AN (A).......oeeeee e
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Cau 28. Chon khang dinh sai trong cac khéng dinh sau

AQUR=R. B)NNZ=N. (© QN N* = N*, (DQUN* = N*,
@ Loi giai.
TacoN* C NCZ CZ c Q.Do dé

® QUR = R dung;
® NNZ = N duang;
® QN N* = N* ding;

® QUN* = N* sai.

Q Ch()ndépén@ .............................................................................................................................
Cau 29. Chon két qua sai trong cac két qua sau
M ANB=A< AcCB. BAUB=A< ACB.
(©A\B=A= ANB=o0. D)B\A=B& ANB=0.
@ Loi giai.
TacoAUB=A< BCA.
Q Ch(_)ndépén .............................................................................................................................

Cau 30. Cho cac ménh dé sau. Chon khang dinh dtng.

(1) :{2;1;3} ={1;2:3}; (II): @ C @; (III) : @ € {@}.

(A) Chi (I) dtng, (B) Chi (I) va (II) ding.
@Chl I) va (IIT) ding. @Ca (IT) va (III) déu dung.
@ Loi giai.
Ta c6 ca (I), (IT) va (I11) déu ding.
&, Chon dép an @ ................................................................................................................
Cau 31. Cho X = {7;2;8;4;9;12}; Y = {1;3;7;4}. Tap hop nao sau day bang X NY?

(&) {1;2:3;4;8;,9; 7;12}. {2;8;9;12}. © {47} D) {1;3}.
@ Loi giai.
Taco X NY = {4;7}.
& Chon dép 4n @ .................................................................................................................

Cau 32. Cho hai tap hgp A = {2;4;6;9} va B = {1;2;3;4}. Tap hop A \ B béng tap nao sau day?
@A) {1;2;3;5}. {1:3:6;9}. © {6;9}. D).
@ Loi giai.
Tacé A\ B ={6;9}.
&, Chon dép an @ .................................................................................................................
Cau 33. Cho hai tap hgp A = {0;1;2;3;4} va B = {2;3;4;5;6}. Tap hop A \ B béng
@ {o}. {0:1). © {1:2). ) {1:5).
@ Loi giai.
Taco A\ B={0;1}.
Qp Chon AP AN (B .. ettt
Cau 34. Cho hai tap hgp A = {0;1;2;3;4} va B = {2;3;4;5;6}. Tap hop B\ A béng
@ {5). {0:1). © {2:3:4). ©) {5:6).
@ Loi giai.
Taco B\ A= {5;6}.
& Chon dép an @ ................................................................................................................
Cau 35. Cho hai tap hgp A = {1;5} va B = {1;3;5}. Chon két qua ding trong céc két qua sau
A ANB={1}. B)ANB={1;3}. ©ANB={1;5}. D)ANB={1;3;5}.
@ Loi giai.
Tac6 AN B = {1;5}.
& Chon dap AN (C).......vvviee oo
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Cau 36. Cho A = {1;2;3}. Trong céc khing dinh sau, khing dinh nao sai?
@A) o c A ®)1€ A ©{1;2} c A D)2 = A.
@ Loi giai.
Ta c6 2 = A la khang dinh sai.
& Chon dap an @ .............................................................................................................................

Cau 37. Trong cdc ménh dé sau, tim ménh dé sai?
A AcA B o C A © Ac A (D)A # {A}.
@ Loi giai.
Tacé A € Alaménh dé sai.
&; Chon dap an @ .............................................................................................................................

Cau 38. Chotap hop A = {z € R | 2? + x4+ 1 = 0}. Cac phn tir ctia tap hop A la
A A=o. B A = {o0}. ©A=wo. D) A= {z}.
@ Loi giai.
Xét phuwong trinh 22 + 2 + 1 = 0. Tac6 A = —3 < 0. Do dé phwong trinh 22 + x + 1 = 0 v6 nghiém.
Vay A = @.
& Chon dap AN (C).......ovoeee oo
Cau 39. Chotaphop A = {z € R| (22 — 1) (2® + 2) = 0}. Céc phén tr cia tap A la
@ A={-1:1}. ®A={-11v2.  ©A={-1}. @A={1).
@ Loi giai.
°—1=0
Xét phuong trinh (2% — 1) (2 +2) =04 | & r ==+l
z“4+2=0 (vonghiém)
Vay A= {-1;1}.
& Chon dap A0 (A)..... ..o
Cau 40. Cac phan ttr cia tap hop A = {z € R | 22 — 52 +3 =0} la

A) A = {o}. B A= {1}. @A:{g}. @A:{l;;}.

@ Loi giai.

1
Xét phwong trinh 222 — 52 + 3 = 0 < 3 (nhén).
2

Vay A = {1; g}
&, Chon dép an @ ................................................................................................................
Cau 41. Trong céc tap hop sau, tdp hop nao la tap réng?
WA={zeN|a?-4=0}. ®B={zecR|z?+22+3=0}
@C’:{xER|x2—5=O}. @D:{xe@\xQ—&-x—H:O}.
@ Loi giai.
Tap hop B = {z € R | 2? + 2z + 3 = 0} la tap rdng vi phuong trinh 2% + 22 4 2 = 0 v6 nghiém trén tap s6 thuc R.
Qp Chom dap A0 (B). ... e ittt
Cau 42. Trong céc tap hgp sau, tap hgp nao khac réng?
MA={zeR|a?+z+1=0}. ®B={zreN|z2-2=0}.
©C={zez|(z*-3) (> +1) =0} DD ={reQ|z(x>+3) =0}
@ Loi giai.
Xéttaphop D = {z € Q| z (2* + 3) = 0}.
Ta xét phuong trinh z (22 + 3) = 0 < 2 = 0 (nhan).
Vay D # o.
& Chon dap én@ .............................................................................................................................

Cau 43. Trong céc tap sau, tap hop nao cé ding mét tap hgp con?
@ 2. {a}. © {o}. D) {a,2}.
@ Loi giai.
Tap réng c6 duy nhéit mot tap hop con la @.
& Chon dap A0 (A). ... ..o

Cau 44. Trong céc tap sau day, tdp hop nao c6 ding hai tap hop con?

@ {z;9}. {z}. © {@;z}. D) {2; z; y}.

@ Loi giai.
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Tap hgp {«} c6 ding hai tap hop con la & va {z}.
&, Chon dép an @ .................................................................................................................
Cau 45. Cho tap hop A = {2;5}. Tap hgp A c6 téit ca bao nhiéu phan t&?

A1 2. ©3. (D)4.
@ Loi giai.
Tap hop A c6 hai phén ti.
Qp Chon AP A1 (B ..ot e
Cau 46. Cho tap hgp B = {:r €Z|2?—4= 0}. Chon két qua dung?

(A) B = {2:4}. B) B = {-2;4}. (© B = {—4;4}. (D) B = {-2;2}.
@ Loi giai.

2

Xét phuong trinh 22 —4 =0 < v 5 (nhan).

Vay B = {-2;2}.
&, Chon dép an @ ................................................................................................................
Cau 47. Cho hai tap hop A = {0;2;3;5} va B = {2;7}. Khi d6 A N B bang
(A) AN B{2;5}. B ANB={2}.
(©) AN Bo. (D) AN B ={0;2;3;57}.
@ Loi giai.
ANB={2}.
Qe Chon dAp A1 (B). ... ettt
Cau 48. Cho A la tap hop céac hinh thoi, B la tdp hgp cac hinh chir nhéat va C' la tap hop cac hinh vuong. Khi d6

A ANB=C. B AUB=C. ©A\B=C. D)B\A=C.
@ Loi giai.
Tacé AUB = C.
B Chon AP A1 (B ... ettt
Cau 49. C4ch viét ndo sau day khéng ding?
A)1CN. B)1€eN. © {1} cN. D)1 e N*.
@ Loi giai.
Cach viét 1 C N khong dung.
& Chon dap an @ .............................................................................................................................
Cau 50. Hoi tap hop nao la tap hop réng, trong céc tap hgp sau?
@A:{xeR|6x2—7x+1:0}. B B={zecZ||z| <1}
©C={x€@\x2—4x+2:0}. @D:{x€R|x2—4x+3=0}.
@ Loi giai.
Xéttaphop C = {z € Q| 2? — 4z +2=0}.
T=2+V2
Ta c6 phuong trinh 22 —4r +2 =0 & (loai vi z € Q).
z=2-—12
VayC = o
& Chon déap 4n © .................................................................................................................
Cau 51. Cho tap hop X = {0;1;2}. Tap hop X c¢6 bao nhiéu tap con?
A)s. 3. ©e. D).
@ Loi giai.
Tap hop X c6 23 = 8 tap con.
&, Chon dép an @ .................................................................................................................
Cau52. Taphop A= {z € R| (z — 1)(z — 2) (#* + 42) = 0} ¢6 bao nhiéu phan t?
@)1 ®)2. ©3. (D)4.
@ Loi giai.
. 0
Xét phuong trinh (z — 1)(z — 2) (2® +42) =0 & v ) (nhan).
x

Vay tap A c6 hai phéan t.
B Chon dap A0 (B). .. e ittt
Cau 53. Cho tap hop X = {0;1;2;a;b}. S6 phan tr cta tap X la

@s. B) 4. ©3. D)2.

@ Loi giai.
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Tap X c6 nam phan .
&, Chon dép an @ .................................................................................................................

Cau 54. L6p 10A c6 45 hoc sinh trong d6 c¢6 15 hoc sinh dugc xép loai hoc lyc gidi, 20 hoc sinh dugc xép loai hanh
kiém t6t, 10 em vira xép loai hoc Irc gioi, vira c6 hanh kiém t6t. Héi c6 bao nhiéu hoc sinh xép loai hoc Irc gidi hoéc
¢6 hanh kiém t6t?

@) 25. 10. © 45. (D)35.
@ Loi giai.
S6 hoc sinh xép loai hoc sinh gioéi hodc hanh kiém t6t la 15 + 20 — 10 = 25.

7’

Vira gioi, vira tét

7’

-SOHI-HL NYOL WOQOHN | €3

&, Chon dép an @ .................................................................................................................

Cau 55. Mot 16p c6 45 hoc sinh. Méi em déu dang kyj choi it nhat mot trong hai mén béng dé va béng chuyén. C6 35
em dang kj mon béng d4, 15 em dang kjj mon béng chuyén. Héi c6 bao nhiéu em dang kyj choi ca 2 mon?
A)s. 10. (©) 45. (D)35.
@ Loi giai.
S6 hoc sinh choi ca hai mén la 35 + 15 — 45 = 5.

7

Vira choi bong da,
vira choi béng chuyén

NAd - NVN LJIA 1dH1

7’

&, Chon dé4p an @ .................................................................................................................
Cau 56. Cho A = {1;2;3;5;7}, B ={2;4;5;6}. Tap hop A\ B la

@) {1;3;7}. ®) {2;5}. (© {4;6;8}. (D) {1;2;3;4;5;6;7;8}.
@ Loi giai.
Nhitng phéan tir thuoc A ma khéng thuoc B la 1;3;7.
Vay A\ B ={1,3;7}.
&, Chon dé4p an @ .................................................................................................................
Cau 57. Cho A = {z € R|z> —4 # 0}. Tap hop A viét lai dang liét ké la

@R\ {2 -2} {2;-2}. ©Or DR\ {2.
@ Loi giai.
Tacor? —4#0 22 #4& 0+ £2.
Vag A= R\ {22}
&, Chon dép an @ .................................................................................................................
Cau 58. Cho A = {:E ER|z2+4> O}. Tap hop A viét lai dang liét ké la

):3 o. (©) [-2; +00). (D) [2; +00).

@ Loi giai.

D SUDA - 01 UDO] DG XAl NV

1JN
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Viz? +4 >0« 22 > —4 (luén ding véi moi = € R)
& Chon dép an @ .................................................................................................................

Cau 59. Lop 10A c6 40 hoc sinh trong d6 cé 10 ban gi6i Toan, 15 ban giéi Ly, va 22 ban khoéng giéi mén hoc nao
trong hai mon Toan, Ly. Héi 16p 10A c6 bao nhiéu ban hoc sinh vira giéi Toan, vira gioi Lj?
@ (B) 25. © 10. (D)18.
@ Loi giai.
S6 hoc sinh giéi mot trong hai mén Toan va Lyj la 40 — 22 = 18.
S6 hoc sinh vira gi6i Toan vira gioi Ly la 10 + 15 — 18 = 7.

Giobi ca 2 mon

L~ X\ Lgp 10A
¢6 40 hoc sinh
10

Gioi Toan

22
Khéng gioi Toan va Ly

& Chon dép an @ .................................................................................................................

Cau 60. Mot 16p hoc c6 25 hoc sinh hoc khd cac mén ty nhién, 24 hoc sinh hoc kha cac mén xa héi 10 hoc sinh hoc
kha ca mon ty nhién 1an mon xa hoi, dac biét van con 3 hoc sinh chua hoc kha ca hai nhém mén ay. Héi 16p c6 bao
nhiéu hoc sinh chi kha ding mot nhém mén (tw nhién hodc xa hoi).

@) 39. (B) 26. © 29. (D) 36.
@ Loi giai.
S6 hoc sinh hoc kha mén ti nhién hoéc mén xa héi la 25 + 24 — 10 = 39.
S6 hoc sinh chi kha ding mot nhém mén (ty nhién hoic xa hoi) 1a 39 — 10 = 29.

Gidi ca 2 mén

3
RKhong gioi TN va XH

& Chon dap AN (C)........ooeee e
Cau61. Chotap A = —2;1;2;3;4; B =2 € N: 22 — 4 = 0. Ménh dé nao diing?
A ANB={2}. B ANB={-2;2}. (© A\ {1:3;4}. D)AUB =B,
@ Loi giai.
=2  (nhan)

Liyz € Bitac62? —4=0% .
x=-2 (loai)

.Do d6 B = {2}. Vay AN B = {2}. Suy ra A dung.

Bsaivi AN B = {2}.

Csaivi A\ {—2;1;3;4}.

DsaiviAUB = A.

& Chon dap AN (A). ... .oeeie e

Cau 62. S6 tap con cta tap hop c6 n (n > 1;n € N) phan t 1a

A 2m. (B) 271 (© 2n1. (D)2"+2.

@ Loi giai.
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& Chon dap AN (A). ... ..o
Cau63. Chohaitap A={z € Z: (z+3)(2* —3)=0}; B={z € R:2>+6 =0} khi d6
(A B\ A=B. B AcB. (©A\B=B. DANB=A.
@ Loi giai.
z+3=0 x=-3  (nhén)
54
2?2 —3=0 r=+V3 (loai)
Liyr € Btacéd, 2> +6 =0 22 = —6 (vo Iy). Vay B = @.
Khi d6, Adingvi B\ A=2\ A=2 =B.
Bsaivi B C A
Csaivi A\ B = A.
DsaiviANB = B.
& Chon dap AN (A). ... .oeeeee e

Cau 64. Cho hai tap A = [-1;3); B = [a;a + 3]. V6i gia tri ndo cta a thi AN B = &7

LéymeAtacé,(aﬁ+3)(x2—3):0<:>{ Vag A = {-3}.

a>3 a>3 a>3 a>3
®a<—4' a<—4' ©ag—4' ®ag—4‘
@ Loi giai.
a>3 a>3

Tac6 AN B = & nén = .
a+3< -1 a< —4

& Chon dép an @ .................................................................................................................
Cau 65. Tap hop (—2;3] N (3; 4] la tap hop nao sau day?

®e. 3). © {-2:3). @) (3:4).
@ Loi giai.
Trén truc s6 ta c6 (—2; 3], (3; 4] dugc biéu dién nhu sau

,,,,,,,,, ( Vs
-2 3
,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,, A Y
3 4
Do dé6 (—2;3] N (3;4] =
& Chon dép 4n @ .................................................................................................................
Cau 66. Hay chon khéng dinh dung trong cac khang dinh sau.
A)A=(ANB)U(A\ B). B) B = N(A\ B).
©B=(ANB)U(A\B). @A_(AmB)m(A\B).
@ Loi giai.
Tacé (ANB)U(A\ B)
Qs Chon dAP AN (A)......oveeeeeeeeeee ettt ettt ettt ettt ettt
Cau 67. Cho 3 tap hop A =[-3;5); B=[—4;1]; va C = (—4; —3]. Tim ménh dé ding trong cdc ménh dé sau.
@A) AN B =[-3;1]. B (AUB)UC = [~4;5).
© CpC = [-3;1). D)B\ A= [—4;-3).
@ Loi giai.

Adungvi AN B =[-3;1].

Bsaivi(AUB)UC = [—4;5).

CsaiviCgC =C\ B =(-3;1].

Dsaivi B\ A = [—4;-3).

& Chon dap én@ .............................................................................................................................

Cau 68. Hay chon khéng dinh diing trong céc khéng dinh sau.

A AN(B\ A) =o. B BN (B\A) =o. ©AU(B\A) =2. D)AU(B\ A) = B.
@ Loi giai.
BsaiovigBﬂ(B\A):B.C,DsaiviAU(B\A):AUB.

& Chon dap AN (A). ... ..ot
Cau 69. Trong céc tap hop sau, tdp hop nao la tap réng?

A)M = {z e N]2z —1=0}. B M = {z € Q|3z +2 =0}

© M = {zeRjz® — 62 +9=0}. DM = {z € Z|a*> = 0}.

@ Loi giai.
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1
DépénAcéQx—le@xzigéN.DodéM:@.
2

DépénBcé3x+2:0@x=%3EQ.Dod(’)M: {%}

DépanCcé62?2 —62x+9=0% (z—3)’=0< =3 € R Dodé M = {3}.
DépéanDcé2? =0< 2 =0¢€ Z. Dodé M = {0}.
& Chon dép an @ .................................................................................................................
Cau 70. Cho tap hop A = {z € R|z? + 3z + 4 = 0}, khéng dinh nao sau day ding?
(A) Tap hop A c6 1 phan tir. Tap hop A c6 2 phan .
(© Tap hop A = @. @Tép hop A c6 vo sb phén tir.
@ Loi giai.

L ) 3 (3\* 7 3\* 7 o ) o
Tacéar*+3z+4 =2 +2-x-§+ <7> + - = (x+ 5) +1 > 0v6imoi z € R. Vay phuong trinh 2 +32x+4 =0
vO nghiém. Do d6 A = @.

& Chon dap An (C).......oooi it
Cau 71. L6p 104 c6 45 hoc sinh trong d6 c6 15 hoc sinh duwgce xép loai hoc lyc gidi, 20 hoc sinh dugc xép loai hanh
kiém t6t, 10 em vira xép loai hoc Iyc gidi, vira c6 hanh kiém t6t. Hoi c6 bao nhiéu hoc sinh xép loai hoc hc gidi hodc
c6 hanh kiém t6t?

) 25. ®) 10. (© 45. (D)35.
@ Loi giai.
S6 hoc sinh xép loai hoc sinh giéi hodc hanh kiém tét 1a 15 + 20 — 10 = 25.
& Chon dép an @ .................................................................................................................

Cau 72. Biéu dién trén truc sb cac tap hop [—4; 3] \ [—2; 1] 1a hinh nao sau day?

400000000000000000000000000000000050( N gsssss00000000000000000000000000002%
TITIIIIIIIII I IIIIIIIIIIIIIIY ) i dddsads

rssssssssssssss000] Nossossssss00ss00s000s00000:4 lesrsssssssssrrsrss

-4 -2 1 3

://////////////////\ || ) A
@ —4 -2 1 3
@ Loi giai.
Trén truc s6 ta c6 [—4; 3], [—2; 1] duoc biéu dién nhu sau

4220000000000020004 Vsss000000000000004
£000000000000070000000000000000007000 Visrosissss00sss0000ss000000000000070

-2 1
Do d6 [—4; 3] \ [~2; 1] duoc biéu dién trén truc s6 la
—4 -2 1 3
Qe Chon dAp A1 (B). ... ittt

Cau 73. Biéu dién trén truc sb cac tap hop [—4;1) N (—2; 3] 1a hinh nao sau day?

14000000000000000000000000000000000000] VNss0000000000000000000000000000000000

@ —4 -2 1 3

sss000000000000000( 1999999999999,
geeaeeseaesssisaan 7777777777777

©
@ —4 -2 1
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@ Loi giai.
Trén truc s6 ta ¢6 [—4; 1), (—2; 3] dugc biéu dién nhu sau

&, Chon d4p an @ .................................................................................................................
Cau 74. Biéu dién trén truc s6 cac tap hop (—4; 1] N [—2; 3] 1a hinh nao sau day?

'/////////////////////////////////////\ }/////////////////////////////////////

@ —4 -2 1 3

1455000050000 000000] Nysss00000000000000000000000d Lyss0000000000000004

-4 -2 1 3

-SOHI-HL NYOL WOQHN |

,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,, I Yoscitiiitiiiitiitiiiiiiiiriiiiiiig
/////////////////// \ J/1/z/1/1//////1/1////////1/1'_ /1/1////1///1/1/////

@ Loi giai.
Trén truc s6 ta c6 (—4; 1], [—2; 3] duwogc biéu dién nhu sau

4 i
A i

—4 1

3

7 <R X A~ A TN
Do d6 (—4; 1] N [—2; 3] dwoc biéu dién trén truc sb la
////////I/I////////I/I////////I/I/////L I///////I////////I/I////////I/I////// d

NAd - NVN LJIA LdHL

—4 -2 1 3
& Chon dap &N (C)........oeeee e

D SUDA - 01 UDO] DG XAl NV

C
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[ ™= CHUONG II
HAM SO BAC NHAT VA HAM SO
BAC HAI

HAM SO

(A) TOM TAT LY THUYET

O 16p dudi ta da lam quen v6i khéi niém ham sb.

& Vidu 1. Cho ham sb y = f(z) = 22 + 2.
@ Véiz=1thiy=f(1)=12+2-1=3.
@ Véiz=-2thiy=f(-2)=(-2)2+2-(-2)=0.
@ Véiz=0thiy = f(0)=02+2-0=0.

@ Véiz = vathiy=f(v2) = (v2) +2-vVZ=2+2V2

Tap xac dinh Gia tri ctia ham s6 tai z = 1

Gia tri ctia ham sb tai ¢ = —2
Bién sb

var =0
(hay déi sb)

Gié tri ctia ham sb tai x = /2

Ri hiéu

R
Ty = f(z) =2+ 22

Cho 2 C R, 2 # @. Ham s6 f x4c dinh trén 2 1a mét quy téc dit twong (rng mdi sé © € 2 v6i mot va chi
mot sb y € R.

® 2 duoc goi la tap xac dinh ctia ham sb.
®@ =z duoc goi 1a bién s6 (d6i s6) ctia ham s6 f.

@ f(z) dugc goi la gid tri ctia ham s6 f tai .

49
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®© Mot ham sb duoc cho bai mot biéu thic hodc nhiéu biéu thirc

& Vidu 2.

P 2 1
. Hémséy:f(x):xx—xl—i_.
20 —1 néuz<l1

e Hamsb y = g(z) = ]
y=g() {x2+2 ncux > 1.

® Néu ham s6 y = f(x) khong giai thich gi thém thi tap x4c dinh cta né la tap hop céc s6 thuc =
sao cho gi4 tri cta biéu thic f(z) duge xéc dinh. .

CAC DANG TOAN VA Vi DU

© Dang 1. Tinh gia tri ctia ham s6 tai mot diém

Dé tinh gi4 tri cia ham s6 y = f(z) tai z = a, ta thé x = a vao biéu thirc f(x) va dugc gid tri f(a).

& Vidu 1. Chohamséy = f(z) =

{4”5 L TMTER ik £3), £(2), £(-2), £ (VE) va £ (2v2),

— 2243 néuz>2

@ Loi giai.
Tacé f(3) =—-324+3=-6,f(2)=4-24+1=9, f(-2)=4-(-2)+1=-7
F(V2) = 4V2+1, f(2V2) = —(2v2)? + 3 = =5

i 8 néuz > —2
& Vidu 2. Chohamséy = f(z) = { - Tinh f(=3), f(2), f(—2) va f(0).

22— 2z néuz< -2

@ Loi giai.
Tacé f(—3) = (—3)2 —2(-3) =15, f(2) =8, f(—2) =8, f(0) = 8.

& Vidu3. Chohamsb y = f(x) = {4x+1 neu s ZQ.TI’nh f(2),f(x/§).

— 2243 néux<?2

@ Loi giai.
Taco f(2) =4-2+1=9, f(v2) = —(V2)? +3 = —2v2 + 3.
—2(2*+1) néux<1 V2
Vidu 4. Cho ham s6 y = h(x) = ) .Tinh h(1), h(2), b | — ), h(V/2).
& Vidy y = h(z) {m e ()()(2 (v2)
@ Loi giai.
Ta cé

h(l) = —2(12 4+ 1) = —4, h(2) = 2—1:1,h(?>:—2(<§> +1):—3,h(\/§)= V2 - 1.

@© Dang 2. D thi ham s6

® Cho ham s6 y = f(z) xéc dinh trén tap 2. Trong mit phéng toa do Ozy, tap hop céc diém c6 toa do
(z; f(x)) v6iz € 2 goi la db thi ctia ham s6 y = f(z).

©@ Dé biét diém M (a; b) c6 thudc dé thi ham s6 y = f(z) khong, ta thé x = a vao biéu thirc f(z).
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e Néu f(a) = b thi diém M (a;b) thudc do thi ham sé y = f(z).
e Néu f(a) # b thi diém M (a;b) khong thudc dé thi ham sé y = f(x).

@ vi DU

& Vidu 1. Chohamséy = f(z) = 22 + v/ — 3. Trong céc diém A(2;8), B(4;12) va C (5; 25 + \/5), diém
nao thudc do thi cia ham sé da cho?

@ Loi giai.
Ham s6 xéc dinh khi va chi khi z — 3 > 0 < = > 3. Tap xé4c dinh: 2 = [3; +00).
® Tac6 2 ¢ 2 nén A(2;8) khong thudc dé thi cia ham sb.
® Tacé f(4) = 4% + /4 — 3 = 17 # 12 nén B(4;12) khong thudc db thi ctia ham sb.

@ Taco f(5) =52 +V/b—-3=25+ ﬁnén0(5;25+ \/i) thuoc do thi ctia ham sb.

& Vidu 2. Chohamsb y = f(x) = 222 — 52+ 5(0).

. 1 A <
a) Cac diém A(1;2), B(—1;5), C <—§; 8) c6 thudc do thi (C') cta ham s6 da cho khong?

b) Tim céc diém thudc dé thi ctia ham s6 ma cé tung do béang 2.

@ Loi giai.
Tap xac dinh: 2 = R.

a) Taco

® f(1)=2-12-5-1+5 = 2nén A(1;2) thuoc do thi (C) ctia ham sb.
@ f(-1)=2-(-1)2=5-(=1) +5=12 # 5nén B(—1;5) khong thudc dé thi (C') ctia ham sé.

1 1\? 1 1 . .
@7 (—5) =2 (—5) —5- <—§> +5=8nénC (—5;8) thudc do thi (C') chia ham sé.

rz=1
b) f(z) =222 -b2+5=2222-52+3=0& 3

T=—.
2

. 3
Vay c6 hai diém can tim la M (1;2) va N (5; 2).

@ BAI TAP TU REN LUYEN

< -2 < N < N
Bai 1. Cho ham sy = g(z) = ﬁscg Tim céac diém thudc d6 thi ctia ham s6 ma cé tung do bang 2.
2 — 21 —

@ Loi giai.

1++v13
—2

Tacég(a:)=2<:)ﬁj_3 —26 2 =222 -3) 2 2 6=0s 1_2\/ﬁ

—
2 N 1++1 1-+v1
Vay c6 hai diém can timléM<+23;2> VéN( 5 3;2).

) z2—6 néuz<l1
Bai 2. Chohamséy = f(z) = § , .
z°—3xr néuzxz > 1.

a) Diém nao trong céc diém sau day thuoc do thi ctia ham s6?

A(3;3),B(—1;-5),C(1; —2) va D(3;0).



https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

& | Dy 4n TgX DC Toén 10 - Marie Curie

b) Tim céc diém thudc dé thi ctia ham s6 ma c6 tung dd bang —2.

@ Loi giai.

a) Taco
@ f(3) =32—-3-3=0+# 3,suyra A(3;3) khong thudc d thi ctia ham sb.
® f(-1)=(-1)> —6 = —5, suy ra B(—1; —5) thudc dd thi cia ham sb.
® f(1)=12-6=—5# —2,suy ra C(1; —2) khong thudc db thi ctia ham sb.
@ f(3)=3%-3-3=0,suyra D(3;0) thudc db thi ciia ham sb.

b) Tacé f(z) = —2.

2 = —2 (nhén)

x = 2 (loai).

z = 1 (loai)
2 = 2 (nhan).

@Véixgl,tacéx2—6:—2<:)x2:4<:){

@Vérix>1,tacéw2—3$=—2(:>x2—3:c+2:0<:>[

Vay c6 hai diém thudc dé thi c6 tung do bing —2 1a M (—2; —2) va N(2; —2).

© Dang 3. Tim tap xac dinh ctia ham s

Tap xac dinh ctia ham s6 y = f(z) 1a tap hop cac sb thuc z sao cho biéu thirc f(z) x4c dinh.

< A . .
® Hamsby = 7@ xac dinh khi va chi khi f(z) # 0 (A 1a hing s6).

® Ham s6 y = /f(x) xac dinh khi va chi khi f(z) > 0.

®© Hamsby =

xac dinh khi va chi khi f(z) > 0.

A
V(@) .

P
© P(a)- Q) £0 {0717
v
@ Néua <z <bthi 2 = [a;b]. @ Néuz < bthi Z = (—o0;b].
® Néua <z <bthi Z = [a;b).
5 a<x<b
B <z < % S
@Néu{a#x thi 2 = (a;b) \ {z0} @ Néu [c<z<d thi Z = (a;b) U [ d] \
x Zo :E;éxo
® Néuz > athi Z = (a;+00). {z0}. o
@ Vi DU MINH HOA
: PP Lo x+3 5
& Vidu 1. Tim tap xac dinh ctia ham sé y = 522 — 18 + 1T 2z 4 1.

@ Loi giai.
. 202 — 18 #0 r# 43
Ham s6 xac dinh khi va chi khi &
142340 x # —1.
Vay tdp xéc dinh 2 = R\ {£3; -1}

& Vidu 2. Tim tap xac dinh ctia ham sé y = 4y/22 + 1 — (z — 4)v/3 — .
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@ Loi giai.
. w150 [o>-—2 1
Ham s0 xac dinh khi va chi khi 2 &5 ——<zx<3
3—x>0 2
r<3
1
Vay tap xac dinh 2 = {—5; 3]
z® — 7 —3z

Vidu 3. Tim tap xac dinh cta ham s6 y = .
% i P ' Y (22 — 4z) 2z + 2

@ Loi giai.
x<z
7—3x >0 -3 ) <7
B 1< -
Ham s6 xac dinh khi va chikhi { 22 +2>0 « {2>-1 & =3
22 —dx #0 x#0 x # 0.
x#4
Véytépxécdinh@:(—1;5\{0}.
& Vidu 4. Tim tap xéc dinh ctia ham s6 y = 2?3
PR eea YT -2-Vi-3s
@ Loi giai.
r—2>0 z 22 9 < <7 2<x<z
Ham s6 xac dinh khivachikhi { 7 — 3z >0 & gggz & _x_g & 9 3
r—2#7—-3x -
Vi—2—-T—32+#0 i3 4T B o v

Vay tap xac dinh 2 = {2; g} \ {%}

3x+5

o L il =1

& Vidu 5. Tim céc gid tri ctia tham s6 m dé ham s6 y =

@ Loi giai.
Ham s6 c6 tap x4c dinh 2 = R khi va chi khi

22 +3x+m—1+#0, Ve eR

& 2°4+3x+m—1=0 vonghiém
& A=13-4m <0
= >13
m> —.
4
13
Va —.

& Vi du 6. Tim cac gia tri ctia tham s6 m dé ham sé y = 224+2/3z — 2m + 1 c6 tap xac dinh 2 = [—1; +0).
g p

@ Loi giai.
£ . . S 2m —1
Ham s6 xac dinh khi va chikhi 3z —2m+1>0< x > .
2m — 1
Vi tap xéc dinh 2 = [—1;+00) nén m3 =—-1l&m=-1
Vagym = —1.

@ BAI TAP TU REN LUYEN
Bai 1. Tim tap x4c dinh cta cdc ham s6 sau

2 _ rz—1
Dy=2%-3z+2 @y PR
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22422 -3 ve—1
®y=(2 N2 : @y=— :
22 —9z)(2?2 +x+1) x?—4
x T z+1
®y oo —1 OF z—1 T
@ Loi giai.
@D y=2>-3r+2.
Ham s6 x4c dinh véi moi = € R.
Vay tap xac dinh 2 = R.
r—1
®y7x2—|—2x—3‘
. x#1
Ham s6 xac dinh khi va chi khi 22 + 2z — 3 # 0 & 43
T # —3.

Vay tap x4c dinh 2 =R\ {1; -3}
@ y=

Ham s6 xac dinh khi va chi khi {

2?24+ 22 -3
(22 = 9x) (22 + 2+ 1)

2% — 9z #£0 z#0
2+ +1#0 T #9.
Vay tap xdc dinh 2 =R\ {9;0}.

Vo -1
@y7x2_4
r>1
3 z—1>0 r>1
Ham s0 xédc dinh khi va chi khi { Slr#E2 &
x—4+#£0 T # 2.
T # =2
Vay tap xac dinh 2 = [1; +00) \ {2}.
T
®y_x\/x—1'
. r—1>0 z>1
Ham s6 xac dinh khi va chi khi S > 1.
x#£0 x#£0
Vay tap xac dinh 2 = (1; 400).
T vr+1
@yix—lJr x
x—1#0 x#1
Ham sb6 xac dinh khivachikhi {2z 4+1>0 < {z > —1
x#0 x # 0.
Vay tap xéc dinh 2 = [—1;+00) \ {0;1}.
Bai 2. Tim tap xéc dinh ctia cdc ham sb sau
2v/2x +5 — 32 - bz 3r+4+ V2 +2
4/x2 +4 (@ +z+5)(|z|+1)
© 2z — vz +2 @y = 22 —4x+3
(R, e Y it a1
202 + 2 —3 V2 -3
_ _ S A N =
®y (22 = bz)vr —2 ©y 3—x v
V2r +4+3V4—x 3r++6—z
@y= 5 : ®y="———.
R ) 1+Vr+4

3x + 2* +2
222 — 59 — 2z 2z + 10
@y 2N E @y A2l

2—+z -2 V3—z
@ VB3 —drtayz ©@) V2P +10- V22 + 11
Y= Tpr—1+2 L ) I R
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@ Loi giai.
@ _V/2r+5-3v2 -5z
Y 42?2 + 4 '
204520 (- _° )
Ham s6 x4c dinh khi va chi khi { 2 — 5z > 0 < 22@_3953
2> +4>0 TS
5 2
Vay tap xac dinh :{—7;7]
ay tap xdc dinh 7 5 F
442 +2 . -1>0 > 1
@ y= AT VI H 2 i 6 xéc dinh khi v chi khi 4 T
(@* + 2 +5) (lz| +1) x#0 z#0
Vay tap xéc dinh 2 = (1; +00).
@ 2z —+x+2
4 VT—=2z
o fz4+2>0 LR
Ham s6 xéac dinh khi va chi khi & 7 & -2<zr<-.
7T—2x>0 T < — 2
7
Vay tap xac dinh 2 = {—2; 5)
@ y = 22 —4x+3
Y (22420 4+ 4)V222 + 1
e [T 20 4O
Ham s6 xac dinh khi va chi khi ) sz eR
22°+1>0
Vay tap xac dinh 2 = R.
® y= 202+ —3
v= (22 — 5x)Vr — 2
x> 2
3 r—2>0 x> 2
Ham s6 xdc dinh khi va chi khi ¢ sir#£0 s
x*=bx #0 45 x #5.
T
Vay tap xéac dinh 2 = (2; +00) \ {5}.
V2r —3
@yzgx_ix—kvf)—x.
20 —3 >0 x2§ 3
NP o e 2 —<x<5
Ham s6 x4c dinh khivachikhi {3 -z #0 < x;&3® 2
5—x>0 c<5 x # 3.
Vay tap xéac dinh 2 = E, 5} \ {3}.
@ V2444342
v= 2 — 31+ 2
x> =2
2044 >0 — —2<z2<4
Ham s6 x4c dinh khi va chi khi { 4 — 2 > 0 . x;l elde41
T
22 =3 +2#0 v T # 2.
Vay tap xéc dinh 7 = [-2;4] \ {1;2}.
y:3x+\/67z
1+Vr+4
6—22>0 <6
Ham s6 xac dinh khi vachikhi { *+4 >0 @{m; 4¢>74§:1:§6.
1+Vz+440

Vay tap xac dinh 2 = [—4;6].
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® _2x2—5\/9—2x
RSN/ R
Ham s6 xac dinh khi va chi khi
9
9—-2x>0 T <= 9 9
2 2<x< = 2<2x< = 9
r—2>0 S 0r>9 & T T2 & - _2(:)2§x§§
2—Vzr—2#0 VE—242 r—2#4 z#6
A A oA s 9
Vay tap xéc dinh 2 = 2;5.
30 4+ 2 +2
_ 2z +10
4 1-vV3—z
2
;jfozo 2+10>0 (2> -5 o
T _
Ham s6 xac dinh khi va chi khi 3_2>0 ={x<3 e{dr<3 (:){ 7&27967
> T )
1—\/3—7£C7§0 \/3—£C7él 3*1‘751
Vay tap xac dinh 2 = [-5; 3] \ {2}.
@ _\/3—4x+$\/§
YT e 12
3—4x >0 <3 5
Ham s6 xéc dinh khi va chi khi { z > 0 = x*4<:>0§a:§1
120 — 7| +2#0 >0
Vay tap xéc dinh 2 = {0; ﬂ
@ V22 +10- 2z +11
YT T B —2—2
11
11 _ -
2% +10 >0 L1 r> - T2
Ham sb6 xac dinh khi va chi khi { 22 +11 >0 =N =77 o 3r—244 ST #2
3r — 2 4
132 — 2] —4#0 3z — 2| # 3024 4 x#—é
. 11 2
Vay tap xéc dinh 2 = —?;4—00 \ —§;2 )
23+ 2

Bai 3. Tim céc gia tri ciia tham s6 m dé ham sb y = c6 tap xac dinh 2 = R.

@ Loi giai.
Ham s6 c6 tap xac dinh 2 = R khi va chi khi

22 -3r+m-—5

22 —dr+m—-5#0,VzeR
& 22 —4x+m—5=0 vonghiém
& A'=9-m<0
& m>9.

Vay m > 9.
2¢2 -5

Bai 4. Tim céc gia tri ciia tham s6 m dé ham sb y =
@ Loi giai.
Vi ham s6 c6 tap xac dinh 2 =R\ {2} néntacé 3m-2—4m+8=0< m = —4.

222 —
=5 va c6 tap xac dinh 7 = R\ {2}.

Khi d6 ham s6 tré thanh y = ——————
i d6 ham s6 ety thanh y = ————7

Vay m = —4.
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Bai 5. Tim céc gi4 tri cia tham s6 m dé ham s6 y = V22 — 2maz +m?2 — m + 1 c6 tap xac dinh Z = R.
@ Loi giai.

Ham s6 xéc dinh khi va chi khi 22 —2mz+m? —m+1>0& (z —m)>+1—m > 0.
Tapxdcdinh 2 =R<1-m >0 m <1

Vagm < 1.

© Dang 4. Sy bién thién cia ham s6

Ham s6 f xé4c dinh trén khoang K va 21,22 € K.
® Ham s6 f goi la dong bién trén K néu 21 < x5 = f(z1) < f(z2).

® Ham s6 f goi la nghich bién trén K néu z1 < x5 = f(z1) > f(22).

® Ham s6 f xac dinh trén khoang K. Néu f(z1) = f(z2) v6i moi z1, 72 € K, nghia la f(x) = ¢ (c
la héng s6) thi f goi l1a ham s6 héng (con goi la ham s6 khong déi) trén K.

® Ham sb f xac dinh trén khodng K. Khao sat sy bién thién ctia ham s6 f nghia la xem f déng bién,
hodc nghich bién, hoac khéng déi trén cac khoang nao dé trong tap xac dinh ctia né.

@ PHUGONG PHAP GIAI TOAN

Cho ham s6 y = f(x) va hai s6 tuy § =1, 22 € K.
CACH 1. Gia str 1 < xo.

®@ Néu f(x;) — f(x2) < 0 thi f dong bién trén K.

® Néu f(x1) — f(x2) > 0 thi f nghich bién trén K,
CACH 2. Gia stt 21 # 5.
fz1) — flx2)

Ty — T2

® Néu > 0 thi f dong bién trén K.

®@ Néu J@) = flaz) < 0 thi f nghich bién trén K.
r1 — T2

Vi DU

& Vi du 1. Khao sat sy bién thién ctia ham s6 y = f(x) = 2z — 7 trén khoang (—oo; +00).

@ Loi giai.
flxy) — f(x2) _ 201 — 7 —2x9+ 7 _ 2(x1 — x2)
€Tl — T2 Tl — T2 Tl — T2

=2>0.

V6i Vaq, 29 € (—00; +00), 21 # x9. Ta co:

Vay ham s6 dong bién trén (—oo; +00).

& Vi du 2. Khao sét sy bién thién ctia ham sé y = h(z) = 22 + 22 — 3 trong khoang (—oc; —1).

@ Loi giai.
V6i Va1, 29 € (—o0; —1),21 # x9. Ta cé:
f(z1) — f(x2) _ 3+ 21 — 3 — a3 — 219+ 3
1 — T2 1 — T2
_ 3 — 2%+ 2(z1 — 22)
T, — T2
_ (.1?1 —1‘2)(581 —|—CE2)+2(.171 —.’1?2)
r1 — T2

1 — x2)(T1 + 22+ 2
= (1 2)( ! 2 ):ZC1+£L'2+2
Tr1 — T2
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x1 € (—o0;—1) 1 < —1
Vi = =xr1+rx2< 2=x1+a2+2<0.
X9 € (—o0; —1) Ty < —1

Vay ham s6 gidm trén (—oo; —1)

&% Vi du 3. Khao sat sy bién thién ciia ham s6 y = g(z) =

4
xl trén khoang (1; +00).

@ Loi giai.
Vé6i VvV, xo € (1;400),z1 # xo. Ta cé:

fo) = floa) = - S
—4(%1—1’2)

(21 —1)(z2 — 1)

Khi do:
_ Ay —
fa1) — f(x2) _ (z1 — 22) (21 — a2)
1 — T2 (1‘1 — 1)(1‘2 — 1)
_ —4
(z1 —1)(z2 —1)°
x1 € (1; 400 x> 1 z1—1>0 —4
Vi ! ( ) = ! = ! = —— <0
Za € (1;+00) zo > 1 9 —1>0 (z1 — 1)(zg — 1)
Vay ham s6 giam trén (1; +00)
<2> BAI TAP TU REN LUYEN
Bai 1. Khao sat su bién thién ctia cdc ham sb sau:
a. y= f(z) = (2—-2)? - (1 —2)? trong khoang (—o0; +00).
b. y = f(z) = 2 — z(z — 4) trén khoang (2; +c0).
-5
cy=flz)y=1- < 3 trén khoang (3; +00).
2% —4
e. ¥y = vz + 1 trén khoang (—1; +00).
1
fy= 1 trén khoang (—oo; —1).
@ Loi giai.
a. Tacé:y=f(x)=2—-2)2-(1-2)%=—-2x+3.
V6iVry, 2z € (—00; +00), 1 # 22 thi:
fl@) = fxg) 201 +3+22p -3 -2z —23) _ 9<0
T — T3 T — T T — T2 '
Vay ham s6 nghich bién trén (—o0o; +00).
b. Tacé:y = f(z) =2 — z(z — 4) = —2% + 42 + 2 trén khoang (2; +00).
Véi Va1, 29 € (2;400), 21 # x2. Ta co:
fl@) — flza)  —af+4dwy + 24 23 —dap — 2
Ty — T2 B T1 — T2
_ —(.’El —(E2)(£E1 +.’E2)+4($1 —.’EQ)
r1 — T2
(a1 — 4
_ (71 — @2) (21 + 2 ) 2 oy — A
r1 — T2

=Sx+a>4=2x14+29—4>0.

Ty € (254 > 2
Vi 1€ ( o) - T1

Zg € (2;+00) X9 > 2
Vay ham s6 ting trén (—oo; —1)


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

r—>5 . . .
cy=flz)y=1- 3= o _3uen khoang (3; +00).
Vé6iVry,xs € (3;4+00), 21 # 2. Ta co:
2 2
fla) = flw) = —5 =3
—2(331 —332)
(iCl — 3)(1’2 — 3)
Khi d6:
flz1) — f(z2) —2(z1 —x2)
Tr1 — T2 (.’L‘l — 3)(%2 — 3) ' (371 332)
-2
(581 — 3>(I2 — 3)
. $1€(3;+OO) >3 1 —3>0 —2
Vi = = = — <0
xg € (3;+00) x9 >3 29—3>0 (21 —3)(x2—3)

Vay ham s6 giam trén (3; +00)

2

B -4 (z-2)(z+2) -2 , _
d y=k(z)= T (@t2? P trén khoang (—oo; —2).
Véi Vay, 29 € (—00; —2), 21 # x2. Ta cé:
o Xr1 — 2 Xro — 2
f(@1) = fla2) = 12 212
2(z1 — x2)

(x1+2) (22 +2)

Khi do:
f(x1) — f(z2) 2(xy —wg)
T n Wi dmry T
2
T (@422 +2)
x1 € (—o0; —2) x] < —2 z1+2<0 2

Vi {xg € (—o0;—2) - {

Vay ham s6 tang trén (—oo;

To < —2
_2)

: {
e. ¥y = vz + 1 trén khoang (—1; +00).

Vé6iVry,zs € (=1;400), 21 # x2. Ta co:

f(x1) — f(x2)

:—
To+2<0  (z1+2)(z2+2)

> 0.

Vo +1—vag+1

T — T2

Vay ham s6 tang trén (—1; +00)

1
fy= prrg] trén khoang (—oo; —1).

Vé6iVry, 2z € (—o0; —1), 21 # x2. Ta co:

f(x1) —

Tl — T2

(Vo1 +1— Vo +1) (Var + T+ Vag + 1)

(21— 22) (Va1 + T+ Vo +1)

(1’1 —172) (\/Il —|—1+\/1‘2 —|—1)
1

> 0,Vz € (—1;400).

Var+ 1+ Vg +1

1
1+ 1

1
x9 + 1

f(x2)
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—(z1 —22)
(z1+ 1)(za+1)°

Khi dé:
P - et o)
.
T (@@l
V\l{:zsle(—oo;—l)2>{:101<—1:>{:161—i-1<02> -1 “0
x9 € (—o0;—1) To < —1 To+1<0  (x1+1)(xa+1)

Vay ham s6 giam trén (—oo; —1)

© Dang 5. Ham s6 chén - Ham s6 1é

@ TOM TAT LY THUYET

(1) Tap déi xirng. 2 1a tap con ciia tap s6 thuc R goi la tap déi xirng néu thoa: véi moi x thuéc 2 thi —x
cung thudc 2.

—~

& Vidu 1.
® R latap dbi xing viVe € R = —z € R.
® R\ {-1;1}latap dbi xting viVz € R\ {-1;1} = —z e R\ {-1;1}.
@ {—a;a}, (v6ia > 0) la tap déi xttng vi Vz € {—a;a} = —z € {—a;a}.
@ [—a;al, (v6ia > 0) la tap dbi xting vi Vz € [—a;a] = —x € [—a;al.
@ {—a;a} \ {0}, (v6i a > 0) la tap déi xttng vi Vz € {—a;a} \ {0} = —z € {—a;a} \ {0}.
@ [—a;a] \ {0}, (v6i a > 0) 1a tap dbi xtrng vi Vz € [—a;a] \ {0} = —x € [—a;a] \ {0}

& Vidu 2.
@ R\ {2} khong la tap déi xtiimg viz = —2 € R\ {2} nhung —z =2 ¢ R\ {2}.
© [—4;4) khong la tap doi xing vi z = —4 € [—4;4) nhung —x = 4 ¢ [—4;4).
® [—4;6] khong la tap dbi xting vi x = 5 € [—4; 6] nhung —z = —5 ¢ [—4;6].
® [-5;5] \ {1} khong la tap d6i xitng vi x = —1 € [—5; 5] nhung —z = 1 ¢ [—5; 5.

(2) Ham s6 chén, ham s6 1&
Ham s6 f xéc dinh trén tap déi xirng 2.

@ NéuVz € 2 ma f(—z) = f(x) thitanéi f la ham s6 chén trén 2.
®@ NéuVr € 2 ma f(—z) = —f(=) thi tanéi f 1a ham s6 1é trén 2.

(3) Db thi ham s6 chén, ham s6 1&

® Db thi ham s6 ham s6 chén nhan truc tung lam truc déi xing,
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® D6 thi ham s6 ham s6 1é nhan gbc toa d6 1am tam déi xing.

Y

D4 thi ham sb chan D4 thi ham sb 1é

@ PHUGNG PHAP GIAI

Tim tap xéac dinh 2 ctia ham s6 y = f(x).
® Néu 2 khong la tap dbi xirng thi ham s6 f khong chan va khong 1é trén 2.
®@ Néu Z la tap dbi xtimg: Véi Vz € 2, tinh f(—x).

e Néu f(—x) # £f(x): Chon mot gia tri thich hgp x = a € 2 dé c6 f(—a) # £f(a). Tir dé
két luan ham s6 khong chan va khéng 1é trén 2.

e Néu f(—x) = f(z) thi f1a ham s6 chan trén 2.

e Néu f(—x) = —f(«) thi f la ham s6 1é trén 2.

(> viny

& Vidu 1. Xét tinh chén-1é ctia ham s6 y = f(z) = 2z — 3

@ Loi giai.
Ham s6 xdc dinh & 22 —3 >0 < 2 >

N W

= Téap xac dinh 2 = {g, —i—oo)‘

Vé6iz =3 € 2 nhung z = —3 ¢ 2 nén 2 khong phai la tap déi xing.
Vay ham s khong chén, khong lé.

& Vidu 2. Xét tinh chén-1é cia ham sy = g(z) =22 -1+ V3 +z+ V3 -z

@ Loi giai.

Ham s6 xac dinh < {

3+x>0 x> -3
= s —3<z<3.

3—x>0 r <3
= Tap xac dinh 2 = [—3; 3] la tap dbi xting.
Véi Vo € 2. Xét

g(—2) = 2-2)=1+/3+(-2)+/3—(-2)
—2r—-1+V3—-z+vV3+x
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—(2x+1—\/3— —\/3—1—95).

9(=2) # 9(2)
9(—2) = —4+V5;g(2) =4+ V5 = {
9(=2) # —9(2).
Vay ham s khong chén, khong lé.
& Vi du 3. Xét tinh chin-Ié cita ham sb y = f(z) = Yoo x; V=@
@ Loi giai.
3+x>0 Tz > -3
. . -3<xz<3
Hams6xdcdinh < (3 —2x>20 &< {x <3 <& 40 .
x
z? £ 0 r#0

= Téap xéac dinh 2 = [—3;3] \ {0} la tap ddi xting.
Véi Ve € 9. Xét

V3+(=2)+ 3 (—x)

f(=x)

(—x)?

Vay ham s6 chén.

\/3—x+\/3+x_

f().

2

hz)=23—-z+V1+z—V1—2

& Vi du 4. Xét tinh chin-1é cia ham sb y
@ Loi giai.
1+2>0

x> —1
=
1—x2>0 r<1

= Tap xac dinh 2 = [—1; 1] la tap déi xting.
Véi Ve € 9. Xét

Ham s6 xac dinh < {

h(—x)

s -1<z<1.

(—2)* = () + /14 (—2) — /1 - (-2)
2 4+r+Vi-z—VIi+z

7( ?’for\/mf\/E):fh(x)

Vay ham sb 18.

@ BAI TAP REN LUYEN

Bai 1. Chirng minh dé thi ham sé y = f(z)

@ Loi giai.

Ta cin chirng minh ham s6 y = f(z) = %4 la le.
2 —
That vay: Ham s6 xéc dinh < 22 —4 # 0 & x # +2.

VéiVx € . Xét

f(=x)

Vay ham sb 1.
Bai 2. Chtirng minh do thi ham s6 y = g(z) = |2 — 2]
@ Loi giai.

2 —4

nhan gbc toa do lam tam déi xing.

Suy ra tap xac dinh 2 = R\ {+2} la tap dbi xting.

+ |2 + z| nhan truc tung lam truc déi xing.
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Ta can chirng minh ham s6 y = g(z) = |2 — x| + |2 + 2| 14 chén.

That vay: Ham s6 xac dinh Vo € R = Tap xac dinh 2 = R la tap déi xiing.
Véi Vx € . Xét

2= (=2)[+ 2+ (—2)|
24 2]+ |2 - ol = g(z).

9(—x)

Vay ham s6 chén.
Bai 3. Xét tinh chdn-lé cta cac ham sb sau.

274 2
Dy=fla)= oo @y = hia) = 2% ~3n
@y gls) = VITT+VI=T @y=h(x) = 2
Y=o = ' v= oz =1+ |z + 1]
B _Vi+az++h—x B B 223
®y=u() = -1 ©v=v0=
@ Loi giai.
224
® y=flz)= 29
Ham s6 xac dinh < 22 — 9 # 0 & x # £3. = Tap x4c dinh 2 = R\ {-3; 3} la tap déi xtrng. Vé6i Vo € 2. Xét
_ o 2(=a)!
f(=z) = (_33)72_9
274
T 2_9 f(z).
Vay ham sb chén.
2 y = h(z) = 2? — 3z.
Tap xac dinh 2 = R la tap dbi xing.
VéiVa € 2. Xét
h(—z) = (—x)*=3(—z) =243z
Chon a = 2, ta cé
-2 h(2
h(—=2) =10;h(2) = -2 = )7 h(2)
h(-2) £ ~h(2)

Vay ham s khong chén, khong 1é.
@ y=ygl)=v2+z+v2—u

. 242>0 x> -2
Ham s6 xac dinh < &
2—x>0 r <2
Suy ra tap xac dinh 2 = [—2; 2] la tap d6i xting.
Vé6i Ve € 9. Xét

& —2<xr<2

V2 () + /2 - (—x)
V2—z+vV2+x=g(z).

g(—m)

Vay ham s6 chén.
x3 —5x
@ y=k() z— 1]+ o+ 1|
Tap xac dinh 2 = R la tap d6i xing. V6i Vo € 9. Xét
(~2)° ~ 5(-a)
[(=2) = 1]+ |(=2) + 1
—z3 + 5z
|z + 1] + |z — 1|
_ x3 — 5z _
|z — 1|+ |z +1]

k(—x)

—k(z)

Vay ham s6 lé.
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® v = u(z) = \/5+i—_&—\1/5—x-

5+x>0 > =95

Hams6xacdinh < {5 -z >0z <5 & -5<zx<5vazr#l
r—1#0 x#1

Tap xéac dinh 2 = [—5;5] \ {1} khong phai la tap déi xitng. Vay ham s6 khong chén, khong lé.

223
V6 13z — 63z
6+3x>0 Tz > -2

Ham s6 xac dinh < { 6 —3z >0 S r <2 @{
V6+35—v6—3240 | V6+3z+£6—3z

Tap xéac dinh 2 = [—2;2] \ {0} la tap dbi xtmg. V6i Vo € 2. Xét

2(—a)*

(=

V6 +3(—z) — /6 —3(—
23

V6 =3z — 6+ 3z
223

= Vv @

® y=uv(z)=

—2<zx<2

x#0

v(—z) =

Vay ham sb chén.

(C) CAU HOI TRAC NGHIEM KHACH QUAN
Cau 1. Tim tap xac dinh 2 ctia ham s6 y = 2ot ac—|—2

A 2 =[-272] B) 2 = (-2 \{0} © 2 = [-2:2)\{0}. D)2 =R.

@ Loi giai.

2—x2>0 r <2
Diéu kién xdcdinhla{ 2 +2>0 & {2 > -2 = x € [-2;2]\{0}.
x#0 x#0
Vay 7 = [-2;2]\{0}
& Chon dap AN (C).......ovoeee e

Cau 2. Tim tap xéac dinh 2 ctaham s6 y = /6 — z +

A) 2 = (1;+0). B) 2 = [1;6]. ©2=R (D) 2 = (—o0; —6).

@ Loi giai.

. 6—x>0 <6
biéu kién xac dinh la & =z € [1;6]
r—1>0
Vay 7 = [1;6]
Qe Chon dAp A1 (B). ... ittt
Cau 3. Tim tap xac dinh Z ctia ham s6 y = x——l—Q
xvax? —4x +4
@) 2 = [~2;+00)\{0; 2}. 2 =R
© 2 = [-2;+00). D)7 = (~2;+0)
@ Loi giai.
r+2>0 x> —2 T > -2
Diéu kién xac dinh 1a {  # 0 Sz #0 S #0 =z e[-2;400)\{0;2}
2? —dx +4>0 (x—2)2>0 T #2
Vay 7 = [-2;+00)\{0; 2}
& Chon dép an @ .................................................................................................................
x

Cau 4. Tim tap xéc dinh 2 ctia ham s6 y =
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A) 2 = [0; +00). B) 2 = [0; +00)\{9}. ©2=09. D7 =R.

@ Loi giai.

x>0
. z >0 x>0
Diéu kién xéc dinh la e (V43 &< 7 =1xe0;+00)\{9}.
T -z —6#0 79
N

Vay 7 = [0; +00)\{9}
Qe Chon dap A1 (B). .. v ene it

Cau 5. Tim tap xac dinh Z ctia ham s6 y = v 1t 4_96.
(x —2)(xz—3)
A 2 =[1;4 B 7 = (1;4)\{2;3}.
© 2= 1,4\{2 3}. (D)2 = (—o0; 1] U [4; +00).
@ Loi giai.
>
r—12>0 x;i
Didu kién xédc dinh a { 4 — 2 > 0 o I;Q:x€[1;4]\{2;3}.
x
(x—2)(z—3)#0
r#3
Vay 7 = [1;4]\{2; 3}.
& Chon dap An (C).......ooi it
2018

Cau 6. Tim tap xac dinh 2 ctia ham s6 y =

Ve =3 +2 - V22 -7
A) 2 =R\{3}. ® 2 =R
(©) 2 = (—00;1) U (2;4+00). @.@ =R\{0}.
@ Loi giai.
Diéu kién xdc dinh la V22 =32 +2 - Va2 —T#0& 22 - 30 +2# 2> —T& v # 3=z € R\{3}.
Vay 7 = R\{3}.
&, Chon dép én@ .................................................................................................................

Cau 7. Timtépxécdinh@cﬁahémséy:| 4 2% 2]
x— x x

@2=R ®) 7 = R\{0; -2} © 2 = (-20). D)7 = (2; +o0).
@ Loi giai.
Diéu kién xac dinh la |z — 2| + |22 + 2| # 0.

T =2
Ta cé: |x — 2| + |22 + 22| = 0 khivachikhi{ [z=0 = z¢€0.
r=—-2
Do d6 mau ludén khic khong véi moi .
Vay 2 = R.
& Chon dap A0 (A). ... ..o
< 20 — 1
Cau 8. Tim tap xac dinh 2 ctia ham s6 y = x
x|z — 4|
A) 7 = R\{0;4}. 2 = (0; +00). (© 2 = [0; +00)\{4}. (D) 2 = (0; +00)\{4}.

@ Loi giai.
Diéu kién xac dinh 1a z|z — 4| > 0
x>0
Do |z —4|>0nénzjz —4|>0& { 44 =z € (0;+00)\{4}.
x
Vay 7 = (0; +00)\{4}.
& Chon dép 4n @ ................................................................................................................
/5 = 3|x]

®7= -2\ ®o-=r ©7=(—22)\1 ®7=|-22]

@ Loi giai.

Cau 9. Tim tap xac dinh Z ctia ham s6 y =

HAS {—§§}
5—3|z| >0 33

Diéu kién xéc dinh la ¢ &
e +4xr+3#0 r# -1


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

& | D an TgX DC Toan 10 - Marie Curie

R 5 5
vay 7 = -3 2|\ (-1,
& Chon dép an @ .................................................................................................................
Cau 10. C6 bao nhiéu gia tri nguyén cta tham s6 m thudc doan [—3; 3] dé ham s6 f(x) = (m + 1)z +m — 2 déng
bién trén R.

A7 B) 5. © 4. D)s3.
@ Loi giai.
Ham s6 dong bién trén R < Vo320 € R: 2y > 22 = f(x1) > f(22).
Rhidé (im+ 1z +m—2>(m+1Las+m—-2< (m+1)(r1 —22) >0 m+1>0&m > —1.
Suy ram € {0; 1;2; 3}.
Vay c6 4 gia tri cia m.

& Chon dap An (C).......ooi it

Cau 11. Trong céc ham s6 sau, ham sb nao 1a ham s6 1é.

A) y = 22018 — 2017. By =2z + 3.
B@y:\/3+x—\/3—x. @y:|x+3|+\x—3|.
Loi giai.

y=f(z) =3+ x— 3 — 1z c6tdp xac dinh ¥ = [—3; 3] la tap dbi xting.

MatkhicVx € Z,tacé —z € I va f(—z) =vV3 —z — 3+ 2 =—f(z).

Sugray =3+ 1z — /3 — xlaham s 1&.

& Chon dap AN (C).......ovvvee e

Cau 12. Trong cac ham s6 sau, ham s6 nao la ham s chan?

@y:|x—|—l|+|x—1|. ®y=|z+3/+]z—2. ©y=2s>—3a @y:2x4—3x2+x.
@ Loi giai.
y=f(z) =|z+ 1]+ |z — 1] c6 tdp x4c dinh Z = R la tap dbi xirng.
MatkhicVz € Z,tacé6 —z € Zva f(—z)=|—z+ 1|+ |-z -1 =z - 1|+ [z + 1] = f(2).

Suyray = |z + 1| + |z — 1] 1a ham s6 chén.
& Chon dap A0 (A). ...
o+ 2015] + |2 — 2015

Cau 13. Trongcachamsby = |v+2|—|x—2|,y = [2z+1|+V422 — 4z + 1,y = x (Jz| — 2),y = 2+ 2015] — [z = 2015

¢6 bao nhiéu ham s6 16?7

@)1 ®) 2. ©3. (D)4.

@ Loi giai.

e Hims6 y = f(z) = |z + 2| — |z — 2| c6 tap xéac dinh 2 = R la tap dbi xtimg.
MatkhdcVz € Z,tacé6 —z € Iva f(—z)=|—a+2|—|—z—-2| =]z — 2| — |z + 2| = — f(2).
Sugray = |z + 2| — |z — 2| la ham s6 lé.

e Himsby = f(z) = |20 + 1| + V422 — 42 + 1 = |22 + 1| + |22 — 1] c6 tap xac dinh 1a Z = R la tap dbi xing.
MatkhdcVx € Z,tacé —z € I va f(—x)=|—2x+ 1|+ | -2z — 1| =20 — 1| + |2z + 1| = f(z).
Suy ra ham s6 y = |2z + 1| + v/422 — 42 + 1 1a ham s6 chén.

e Him s6 y = f(x) = x (Jz| — 2) c6 tap xé4c dinh 2 = R la tap débi xirng.
MatkhdcVx € Z,tacé —z € I va f(—z) = —x (| — 2| — 2) = —z (|Jz| — 2) = — f(x).
Suyray =z (Jz| — 2) la ham s6 lé.
2015 — 2015 <
. :i i 2015: i :i - 2015: ¢6 tap xdc dinh Ia 2 = R\{0} I tap déi xtimg,

o ) . | — 2+ 2015 + | — 2 — 2015 |z — 2015| + |z + 2015|
Mt khac ¥ taco— ) = _ _
dtkhdcVx € 7 taco —v € ZVA (=) = o8 = 2~ 2015 | — 2015| — |= + 2015

&+ 2015] + & — 2015|

S - 1a ham s6 I&.
WY T 2015 — [ — 2015] C amsee

e Hams6 y = f(x)

—f(=).

Vay c6 tat ca la 3 ham s6 1é.

& Chon dap An (C)........ooi i

—22—6 khi x < -2
Cau 14. Cho ham s6 f(z) = < |z| khi — 2 < = < 2. Khang dinh nao ding?
3 —6 khi z > 2

) f(z 1a ham s6 1¢.
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f(z) 1a ham s6 chén.
(C) Db thi ctia ham s6 f(z) déi xitng qua gbc toa do.
®D6 thi ctia ham s6 f(x) d6i xtrng qua tryc hoanh.
@ Loi giai.
Ham s6 f(x) c6 tap xéc dinh 2 = R.

—(—z)3 -6 khi —x < -2 —2% -6 khiz < -2
KhidéV z € Z,tacé —x € Zva f(—z) = | — x| khi —2< -2<2 = f(-x) =1 |z] khi —2 <z <2,
(—x)3—6 khi —z>2 22 —6 khixz > 2
Suy ra ta c6: f(—z) = f(x).
—2°—6 khi z < —2
Vay ham s6 f(z) = < || khi —2 < 2 < 2 la ham s6 chén.
22 —6 khi x > 2

Qp Chom dap A0 (B). .. ittt
Cau 15. Tim diéu kién ctia tham s6 dé ham s6 f(x) = az? + bz + ¢ la ham s6 chén.
Aatyhgb=0c=0. Batuyyb=0ctiygyg. (C a,b, ctiyy. (D)a tiy g, bty g, ¢ = 0.
@ Loi giai.
Ham s6 f(z) c6 tap xac dinh 2 = R la tap d6i xirng.
Ham s6 f(z) 1a ham s6 chén khi Vx € 9; f(—z) = f(z)
Khi d6 az? + bz +c=a(-2)?  +b(—-z) +c & br = —br = b= —b=b=0.
& Chon dAP A0 (B). ...

< 1
Cau 16. Ham sﬁy:Lxéc dinh trén [0; 1) khi.
r—2m—+1
1
1 < = > 2
®m<7. mzl. ©[m 2. @ = .
2 m <1
m>1
@ Loi giai.
Ham sb6 xac dinh khi = # 2m — 1.
1
. 2m—1<0 m< —
Theo yéu cau cta bai toan, ta c6 = 2
2m—1>1 1
& Chon dap AN (C).......ovveee oo
4 a2
Cau 17. Ham sy — | =% 2T 6 tap xéc dinh Ia
4 — 222 +1
@ [-2-1u(1;3) (=2 —1] U [1;3).
© [-2:3)\{-1;1}. D)[-2-1) U (-11) U (1;3]
@ Loi giai.
S cat =3 a4 T et =32+ +7
biéu kién x4c dinh la o -1>0& o >1(%.
P xr #£ —1
Tanhénthéyx4—2m2+17é0<:)(x2—1)2#0@{ :il .
x
x#£ —1
Véi{ 7 Jtaco(*) et -3+ + 7>t - 222 + 1
x#£1
{erZZO {x22
3—x>0 z <3
s -2’2+2+6>0< (2+2)3-2) >0 & sz e[-2;3).
r+2<0 <=2
(v6 1y)
3—x<0 x> 3
Vay tap xac dinh ctia ham s6 la 2 = [—2; 3]\{—1; 1}
& Chon dap AN (C).......oveeee oo
< r—2
Cau 18. Ham s6 y = ————— c¢6 tap xac dinh la.
U= e, 0P i

® 7 = (=00 =v3) U (Vii+o0). ® 7 = (o0 —v3] U [Vai+o0) {3}

©2= (—OO;—\/§>U(\/§;+OO)\{£}~ D2 = (—OO;—\/g)U(\/g&)-
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@ Loi giai.
. v/ x2 2 — T E —oo;f\/gu \/§;+oo
biéu kién xac dinh la { 37 v ( ] [ > .
> —3>0 Vaz-3#2—=x
Ta xét ph hva?—3 =2 r=? e !
a xét phwong trinh v22 -3 =2 -2 & & =T = —.
P & 2> —3=2a2%—4dx+4 x:z 4
T € (—oo; —\/?:] U [\/g, —l—oo) 7
Khi d6 ta suy ra diéu kién xac dinh ctia ham s6 1a 7 =x€c (—oo; —\/E]U[\/g; +oo> \ {Z}
7 T
Vay 2 = (o0 —v3] U [V3: +o0)\ { T},
Qe Chon dAp A1 (B). ... ittt
Cau 19. Cho hai ham s6 f(z) = |z + 2| — |z — 2| va g(z) = —a* + 2? + 1. Khi d6.
@ f(z) va g(x) cung chan. f(z) va g(z) cing 1&.
@ f(z) chén, g(z) 18. @ f(z) 1&, g(z) chan.
@ Loi glal

Ca hai ham s6 f(z) va g(z) déu c6 tap xéac dinh 2 = R la tap dbi xirng. Khi d6

eVre P taco—z€Ivaf(—z)=|—-az+2|—|—ax-2|=|z—-2|-|z+2|=

—f(z). Suy ra f(x) la ham lé.

eVre P tacé—x€ Ivag(—z)=—(—2)*+(—2)>+1=—2*+ 22+ 1 = g(z). Suy ra g(x) la ham chén.

&, Chon dép an @ ................................................................................................................

3

|z —2

@) (=20 U (2; +00). (=003 —2) U (0;+00).  (©) (—00; —2) U (0;2).
@ Loi giai.

Cau 20. Him s6 y =

c6 tap xac dinh la.

Diéu kién xac dinh la

] > 0. Rhi d6 ta c6 cac treong hgp sau
2l —

z° >0 T
e Truong hop 1: &
|| —2>0 x

$3§0 T
e Truong hop 2: {| —2<0 4:){
x| — x

m M IA

Két hop ca hai truong hop, ta suy ra x
Vay 7 = (—2;0] U (2; +00).

&, Chon dép an @ .................................................................................................................

Cau 21. Himsb y = xdc dinh trén [0; 1) khi.

T —2m—+1

1
@m<%. le. ©lm<2.
1

@ Loi giai.
Ham sb xac dinh khi @ # 2m — 1.

2m—1<0 m < —
4
2m —1>1

Theo yéu ciu ciia bai toén, ta c6 {

& Chon dap AN (C).......oveeee oo

Cau 22. Gia tri nhé nhét cia hAm sé y = z — 2v/z + 2 la.

A) —4. B) -3. -2,
@ Loi giai.
Tap xéc dinh 2 = [-2; +0).

Tacby=z—-2V/z+2=(r+2) -2z +2+1-3=(Vo+2-1)"-3>-3.

Déau béng xay ra khi vz +2 =1 < 2 = —1 (nhén).
Vay migy = —3,xagrakhiz = —1.
TEY


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

Qe Chon dAp A1 (B). ... ettt
V2 + 1

2+ 2 —m+1
@le. m<0. ©m>2. ®m§3.

@ Loi giai.

Yéu ciu bai todn < 22 + 2z —m +1#0,Vz € R.

Nghia la (z 4+ 1)? # m, Vz € R.

Ma (z +1)? > 0, Vz € R nén ta suy ra m < 0.

& Chon dap An (B).......ooi ittt

Cau 24. Ham s6 nao trong cadc ham s6 sau khéng 1a ham s6 chéan.

Z+1
@y:p_L. y:|1+2x|+|1—2x|.

Cau 23. Tim m dé ham sb y = c6 tap xac dinh la R.

x|+ 12 + 2
©y=2+z+2—z+5. @yz{“/?—x—\?’/?—i—x.
@ Loi giai.
Tét c& cac ham s6 déu c6 tap xéac dinh Z = R la tap dbi xting.
béivsihamy = f(z) = V2 — 2 — /2 + 2. Ly —1 € Z nén 1 € 2. Khi do6

F(-1)= 3 - 1va f(1) = 1 - ¥/3.Suyra (1) £ (1)
Suyray = /2 — z — /2 + z khong 1a ham s6 chén.
&, Chon dép an @ ................................................................................................................

Cau 25. Ham s6 nao trong cac ham sb sau la ham s6 18.

2
AQy=|z—1+|z+1| y:x +1. ©y:4_;. @y:1—3x+x3‘

x xt =222 +3

@ Loi giai.

Al
Ham sy = f(x) = —— c0 tdp xdc dinh 2 = R\{0} la tap dbi xing.

—x)2+1 241
MétkhécVzGQ,tacéfmegvéf(fz):( o)+ - T = —f(x).
2 ’ x x

Sugray = la ham so 1é.

x
Qe Chon dap A1 (B). .. v ittt
Cau 26. Ham sb y = v/22 — x — 20 + /6 — « c6 tap xéc dinh la.

(&) (—o0; —4) U (5;6). (—00; —4) U (5;6). (© (—o0; —4] U [5;6]. (D) (—o0; —4) U [5;6).
@ Loi giai.

N r>5
A —x—202>0 +4)(x—5) >0
Diéu kién xac dinh la T T e (@+4)(z-5) = S <4 = e (—oo;—4] U [5;6]
6—2>0 < <8
T =~

& Chon dap AN (C).......oveeee e

Cau 27. Himsb6 y = c6 tap xac dinh la.

|z| —2
@ (—2;0] U (2;+00). (—00;=2) U (03 +00).  (©) (—00;=2) U (02). (D) (—00;0) U (2+00).
@ Loi giai.
3
Diéu kién xac dinh 1a _r > 0. Rhi d6 ta c6 cac treong hgp sau

|z =2

Truong hop 1 20 & v=20 = x € (2; +00)
[ ] ruon (0} . X , TO0).
P 250 T Nz e (—oo :

1:3§0 T
e Truong hop 2: {| —2<0 <:>{
x| — x

Két hop ca hai truong hop, ta suy ra x €
Vay 2 = (—2;0] U (2; +00).
& Chon dap AN (A). ... .o
Cau 28. Cho ham sb f(x) = |z + 2| + |z — 2| va g(x) = 23 + 5. Hhi doé.

@ f(z) va g(z) déu 1a ham sb 1é. f(z) va g(x) déu la ham s6 chan.

(© f(z) 1, g(z) chén. @f( ) chén, g( ) 1é.
@ Loi glal
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Tap xac dinh ctia hai ham s6 1a 2 = R la tap déi xirng. Khi d6
eVze g taco—xz € Ivaf(—z)=|—x+2|+|—2—2|=|z—2|+|z+2|= f(z). Suy ra f(x) ham s6 chén.

eVre P tacd—x€ Pvag(—z)=(—x)>+5(—z) = —23 — bz = —g(x). Suy ra g(z) ham sb 1&.

&, Chon dép an @ ................................................................................................................
Cau 29. Trong cac ham s6 sau, ham s6 nao khéng phai ham s6 chan.
@y: |z — 5|+ |z +5. By=at—22+12 ©y: 11— x|+ |z +1] @y: |22 — 1| + .
@ Loi giai.
Cac ham s6 da cho déu c6 tap xé4c dinh 2 = R la tap déi xirng.
Xéthamsé y = f(x) = |22 — 1| + 2. Taldy —1 € Z nén 1 € 2, khi d6
f(=1)=—1va f(1) =1.Suyra f(—1) # f(1) nén f(z) khéng lam ham s6 chén.
& Chon dép én @ ................................................................................................................
Cau 30. Trong cac ham s6 sau, ham sb nao giam trén khoang (0;1)?

Dy =22 ®)y = > ©y:%' D)y = Va.

@ Loi giai.

1 1

Y x1 va zo thudc (0;1), 21 < x9, ta cé: — > —

1 1o Ty
Suy ra ham s6 y = — giam trén khoéng (0; 1).

x
& Chon dap An (C).......oooi it
Cau 31. Him s6 y = z (1 — |x|) la ham sb.

@ Chén. @ Lé. @ Khong chdn, khong 18. @Vira chén, vira 18.

@ Loi giai.
Ham sby = f(x) = 2 (1 — |2]) 2 = R la tap dbi xtimg. Khi d6
Veze P, tacé—z € Pvaf(—z)=—-z(l—]|—2z|])=—x(1—|z]) =—f(z).Suyra f(z)la ham sb lé.

Qe Chon dAp A1 (B). ... ittt

. 1-
Cau 32. Chohamsoy = f (z) = r Heé thic nao sai?
x

® 5@ =-1(1) ® 71f (f)] = S(@)
© fe+1) = f@) + 1. (-

1
Joro 2
1 T+2
@ Loi giai.

Cho z = 1. Theo dé& f(1) =

®@ Xét f(z (1> Ta c6 f(1 =—f(1).
© Xeét f[f (f(x)] = f(x). Tacé f[f (f(1)] = f[f(0)] = f(1).
@ Xét f(x+1) = f(z) + 1. Tacé f(2) = ,é #f(1)+1

1 9 1
Xé (—):1— Ta ¢6 (7)2721——.
© Xetf\ 7 12 e f5) =3 142

& Chon dap AN (C).......oveeee e
Cau 33. Tap x4c dinh ctia ham s6 y = /z — 2m — /4 — 22 1a [1; 2] khi va chi khi

@m:—%. mzl. ©m:%. ®m>%.
@ Loi giai.
Diéu kién {

r—2m >0 {x>2m

N 2
4—-2x >0 r <2

Do tap xéc dinh ctia ham s6 1a [1;2] nén 2m =1 < m = 3

& Chon dap AN (C).......vvviee oo
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Cau 34. Tap x4c dinh ctia ham s6 y = /x — m — v/6 — 2z 1a mot doan trén truc s khi va chi khi

1
@mz& m<3. ©m>3. ®m<§.
@ Loi giai.
z—m>0 r>m
= .
6—2x>0 <3
Do tap xac dinh ctia ham s6 1a mot doan trén truc sé nén m < 3.

Qe Chon dAp A1 (B). ... it

Diéu kién: {

Cau 35. Diém nao sau day thudc dé thi ham sé y = ?

T’
A My (1), My(131). (© Ms(2;0). D) M (0;1).

@ Loi giai.

Thay lan luot toa do céc diém My ; Mo; M3; My vao ham sb ta c6 diém M (2; 1) théa man nén diém M; thudc do thi

ham sé.

& Chon dép an @ .................................................................................................................

z_
Cau 36. Diém nao sau day khong thuoc dé thi ham sé y = v°—dr+d
T
1
® A@: ). ® B(2:0) ©o(s3) © D(-1;-3).

@ Loi giai.
Thay lan luot toa do cac diém A, B, C, D vao ham s6 ta c6 diém A(1; —1) khong théa man nén diém A khong thudc
dé thi ham sb.

& Chon déap 4n @ .................................................................................................................

] € (—00;0)
Cau 37. Cho ham s6 f(z) = f/ﬁ vefo;2) - Tihf(4).
2 -1 x€(2;5]

®rw=>. ® f(1) =15 © ()= V5. ® (=0
@ Loi giai.
Tacé f(4) =22 —1=4%—-1=15.
B Chom dap A0 (B). .. v vttt e

241 r <2

®p=1 B P =4 ©P=6. @Pzg.

3
@ Loi giai.

Cau 38. Cho ham s6 f(z) = { r—1 z22 .Tinh P = f(2) + f(-2).

Taco P = f(2) + f(-2) = 2t2-3 (-2’ +1=6.

& Chon dap AN (C).......ovveee e
20 —1

(22 +1)(z—3)°

A) 2 = (3; +). .@:R\{—%;:%}. ©.@=(—%;+oo). D)7 =R.

@ Loi giai.

Cau 39. Tim tap xé4c dinh 2 ctia ham s6 y =

Diéukién 2z + 1) (z —3) #0 < {

1
23:4—17&0&t> x;«é—i

< 1
Vay tap xéc dinh ctia ham s6 1a 2 = R\ {—5; 3}.

& Chon dAp AN (B).... ... oo
2?2 +1
2?2+ 3z —4

A 2 = {1;—-4}. B) 2 = R\{1; -4} © 2 =R\ {1;4}. D)7 =R.
@ Loi giai.

Cau 40. Tim tap xac dinh Z cia ham s6 y =
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X x#£1
Ditu kien 22 +32 -4 # 0 & .
T # —4
Vay tap xéc dinh ctia ham s6 1a 2 = R\{1; —4}.

Qe Chon dap A1 (B). .. v ittt
r+1
(x+1) (22 +3z+4)

A2 =R\ {1}. B 2 ={-1}. ©2=R\{-1}. D)2 =R

@ Loi giai.

Cau 41. Tim tap xac dinh 2 ciia ham s6 y =

r+1#0

2% + 3z + 4 # 0 (Dung)

Vay tap xdc dinh cia hams6 1a 2 = R\ {—1}.

&, Chon dép an @ .................................................................................................................
2z +1

3 — 3z +2

A2 =R\ {1}. B) 2 =R\{-2;1}. ©2=R\{-2}. D)2 =R.
@ Loi giai.
x#1

x# =2

Vay tap x4c dinh ctia ham s6 1a 2 = R\{—2;1}.

Qs Chon dAp AN (B). .. . vttt
Cau 43. Tim tap xac dinh 2 ciahams6y = vz +2 — o + 3

@A) 2 = [-3; +0). 2 = [-2;+0). © 2 =R @9 = [2; 4+00).

@ Loi giai.

Diéukién(w+1)(m2+3x+4)3&0(:){ &£ -1

Cau 42. Tim tap xac dinh 2 cita ham s6 y =

Diéukiénx3—3x+27§0<:>{

. r+2>0 T > -2
Diéu kién & S > -2
z+3>0 z> -3
Vay tap xé4c dinh ctia ham s6 1a 2 = [—2; +00)
& Chon dAP A0 (B). ...

Cau 44. Tim tap xac dinh 2 ciaham s6 y = /6 — 3z — Vo — 1

A 2 = (1;2). B 2 = [1;2]. © 2 =1;3]. D)2 =[-1;2].

@ Loi giai.

X 6—-3x>0 <2
biéu kién = Sl1<z<2
r—12>0 rx>1
Vay tap xéc dinh ctia ham s6 1a 2 = [1; 2].
Qe Chon dap A1 (B). .. v ettt

3z — 2+ 6z
_ 2'4 _ 3_4 Lo _ 2.3 _ .4
®7-33) ®7-|53) ©7-33) ©7 = (~i3)

@ Loi giai.

Cau 45. Tim tap xé4c dinh 2 ctia ham s6 y =

2
. 32-2>0 TZ3 9 4
Diéu kién T s 3<:>f§x<f.
4—-3x>0 4 3 3
< =
3
A A s S £ 1s 2 4
Vay tap xéc dinh cta ham s61a 2 = §; 3
& Chon dép 4n @ .................................................................................................................
A Ao N 2 r+4
Cau 46. Tim tap xac dinh 2 ctia ham s0 y = To16
2 —

A) Z = (—o0; —2) U (2; +0). B 2 =R
(©) 2 = (—o0, —4) U (4; +00). D)2 = (—4;4).
@ Loi giai.
T < —4
>4
Vay tap xé4c dinh ctia ham s6 1a 2 = (—o0, —4) U (4; +00).
& Chon dap AN (C).......vvvieee oo

Didukién 22 —16 >0 22 > 16 & |z| >4 &
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Cau 47. Tim tap xé4c dinh & ciaham s6y = 22 — 2z + 1+ 2 — 3
A 2 = (—o0;3). B 2 = [1:3]. © 2 = [3; +). D) 2 = (3; +0).
@ Loi giai.
S > 3.
r—32>0 z>3
Vay tap x4c dinh ctia ham s6 1a 2 = [3; +0).
&, Chon dép an @ .................................................................................................................
va+1
22 —2-6

A 2 = {3}. B 2=[-1;+)\{3}. ©2=R D)2 = [-1;+).
@ Loi giai.

A 2 - 2 1 > O — 2 > A .
Diéu kién {x r+lz o {(I 1)” > 0 (luén ding)

Cau 48. Tim tap xac dinh Z ciia ham s6 y =

x> —1
. z+12>0 z> -1
Diéu kién < Sr#3 &
=z —6#0 r#3
T # =2

Vay tap xé4c dinh ctia ham s6 1a 2 = [—1; +00) \ {3}.
Qp Chon AP A1 (B ..ottt e

Cau 49. Tim tap xac dinh Z cia ham s6 y =

(r —3)V2x —1 X
A2 =R ® 2= (—§;+oo> \{3}.

© 7= (5:+)\ 3} D)7 = [5:+00)\ {3,

@ Loi giai.
L fe—3#0 [T73
Diéu kién & 1-
20 —1>0 T > 3

Cau 50. Tim tap xac dinh & clia ham s6 y = ————
¢4+ x+1

@) 7 = (1;+c0). ® 2 = {1}. ©2=nr D)7 = (~1;+00).
@ Loi giai.
Diéu kién 22 + 2 + 1 # 0 (luén ding).
Vay tap xé4c dinh ctia ham s6 1a 2 = R.
&, Chon dép an @ .................................................................................................................
Cau 51. Xét tinh dong bién,nghich bién ctia ham s6 f(x) = 22 — 42 + 5 trén khoang (—o0;2) va
trén khoang (2; +00). Khang dinh nao sau day dung?
(A)Ham s nghich bién trén (—oo; 2), déng bién trén (2; +00).
Ham s6 dong bién trén (—oo; 2), nghich bién trén (2; +00).
(C) Ham s6 nghich bién trén céc khoang (—oo; 2) va (2; 4-00).
@Hém s6 dong bién trén cac khoang (—o0;2) va (2; +00).
@ Loi giai.

XA f@)=flas)  wi—do45-aitden =5 (i-ap) —d@-w) o,
X1 — Io X1 — T2o X1 — To ! 2 '

T <2 < .
Véi { ! —9 = 21 + 22 < 4 = A < 0 nén ham so6 nghich bién trén khoang (—oc; 2).
T2

Ty > 2 £ ax <
Véi { ! 9 = 21 + 22 >4 = A > 0 nén ham s6 dong bién trén khoang (2; +00).
T2

& Chon dép an @ .................................................................................................................
< < 3 s
Cau 52. Xét sy bién thién cta ham s6 f(z) = . trén khoang (0; +00). Khang dinh nao sau day dung?
(A)Ham s6 déng bién trén khoang (0; 4-00).
Ham s6 nghich bién trén khoang (0; +00).
(C)Ham s6 vira déng bién va nghich bién trén khoang (0; +0c).
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@Hém s6 khong dong bién ciing khong nghich bién trén khoang (0; +00).
@ Loi giai.
3 3
Vil <z <a9g=>—>—= f(x1)> f(22).
T I9
Vay ham s6 nghich bién trén khoéng (0; +00).
Qs Chon dap AN (B). .. . vttt
< < 1 .
Cau 53. Xét sy bién thién ctia ham s6 f(z) = = + — trén khoang (1; +00). Khéng dinh nao sau day dung?
T
(A)Ham sb déng bién trén khoang (1; +00).
Ham s6 nghich bién trén khoéng (1; +00).
(C) Ham s6 vira déng bién vira nghich bién trén khoang (1; +00).
@Hém s6 khong dong bién ciing khong nghich bién trén khoang (1; +00).

@ Loi giai.
+ ! 1 ( )+ T2 — X1
X1+ — %2~ — T1 — T2
Xét A = fler) = f(2) - 1 T2 _ T1To $1$2—1.
1 1 — T2 T — T2 T1T2
z1>1 —-1 o )
Véi { ! = il B > 0= A > 0 nén ham so dong bién trén khoang (1; +0c0).
xo > 1 129

& Chon dap AN (A). ... .oeeiee e

Cau 54. Xét tinh dong bién,nghich bién ctia ham s6 f(z) = i _T_ g trén khoang (—oo; —5) va trén khoang (—5; +00) .
Khéng dinh nao sau day ding?

(A) Ham s nghich bién trén (—oo; —5), déng bién trén (—5; +00).

Ham s6 dong bién trén (—oo; —5), nghich bién trén (—5; +o0).

(C) Ham s6 nghich bién trén céc khoang (—oo; —5) va (—5; 4-00).

@Hém s6 dong bién trén cac khoang (—oo; —5) va (—5; +00).

@ Loi giai.
1 —3 x9—3 122 +5r1 — 3x2 — 15 — 2129 — B + 321 + 15
A:f(wl)_f($2):x1+5 T3 +5 _ (1 +5) (x2 +5) _ 8
r1 — T2 X1 — T2 Tr1 — T2 (I1+5) (I2+5)
<=5 +5<0 £ 12 .
vei {1t DA = i > 0= A > 0 nén ham s6 dong bién trén khoang (—oo; —5).
To < —5 ro+5<0 (l‘1+5>($2+5)
x> =5 r1+5>0 8 s . ;
Véi = = > 0= A > 0 nén ham s6 dong bién trén khoang (—5; +00).
9 > —5 2o +5>0  (z1+5)(xz2+5)

&, Chon dép an @ ................................................................................................................
Cau 55. Cho ham s6 f(z) = /22 — 7. Khng dinh nao sau day ding?

. . 7 < i . 7
@ Ham s0 nghich bién trén (5, +oo>. Ham so dong bién trén (5, +oo).
(C) Ham s6 ddng bién trén R. @ Ham s6 nghich bién trén R.
@ Loi giai.
7

Diéukién2;v—720<:)x2§.
7
Véi§<x1<a:2:>7<2x1<23:2:>O<21:1—7<2172—7:>\/2x1—7<\/2x2—7:>f(x1)<f(x2).

< o . 7
Vay ham so dong bién trén (5, —|—oo) .
B Chom dap A0 (B). .. e ettt
Cau 56. Trong cac ham s6 y = 2015z, y = 2015z + 2,y = 322 — 1,y = 223 — 3z c6 bao nhiéu ham s6 1&?

@)1 ®) 2. ©3. (D)4.
@ Loi giai.
Cac ham s6 déu c6 tap xé4c dinh 1a 2 = R 1a tap dbi xing.

®@ Xét ham s6 y = 20152. Ta c6 f (—z) = —20152 = — f() nén 1a ham s6 1é.
®@ Xét ham s6 y = 2015z + 2. Ta ¢6 f (—1) = —2013; f(1) = 2017 nén ham s6 khong chén, khong 18.

@ Xéthamsb y = 322 — 1. Tacé f (—z) = 3(—z)® — 1 = 322 — 1 = f(z) nén la ham s6 chén.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

© Xétham sb y = 22% — 3z. Tac6 f (—z) = 2(—x)” + 3z = —22% + 3z = — (22® — 32) = —f(«) nén la ham
s6 1&.
Vay c6 2 ham s6 1é.
Qp Chon AP A1 (B ..ttt e e
Cau 57. Cho hai ham s6 f(z) = —223 + 3z va g(z) = ?°'7 + 3. Ménh dé nao sau day ding?
) f(z) 1a ham s6 1&; g(z) 1a ham sb 1&.
f(z) 1a ham s6 chén; g(z) la ham s6 chén.
(C)Ca f(z) va g(z) déu la ham s6 khong chén, khong Ié.
(D) f(«) 1a ham 6 1&; g(x) 1a ham s6 khéng chén, khong 1.
@ Loi giai.
Cac ham s6 déu c6 tap xé4c dinh 1a 2 = R 1a tap dbi xing.
@ Xétham sb f(z) = —22% + 32. Ta ¢6 f (—x) = —2(—2)® — 3z = 22% — 32 = — (—22° + 32) = —f(z) nén
la ham s 1é.

® Xétham s6 g(x) = 22017 4+ 3. Tacé g (—1) = 2; g(1) = 4 nén ham s6 khong chén, khong 1é.

& Chon dé4p 4n @ ................................................................................................................
Cau 58. Cho ham s6 f(z) = 2% — |x|. Khéng dinh nao sau day la ding?

(A) f(z) 1a ham s6 Ié. f(x) 1a ham s6 chén.
(C) Db thi ctia ham sb f(z) déi xting qua gbc toa do. @ D6 thi ctia ham s6 f(z) dbi xtirmg qua truc hoanh.
@ Loi giai.

® Tap xéc dinh 2 = R la tap dbi xting.
@ Va2, f(~w)=(—2)" - |-z| = 2% — |a| = ().

Vay y = f(x) 1a ham s6 chén.
B Chom dap AN (B). .. ittt
Cau 59. Cho ham s6 f(z) = |z — 2|. Khéng dinh nao sau day la ding?

(A) f(z) 1a ham 6 Ié. f(z) 1a ham s6 chén.
(©) f(z) 1a ham s6 vira chén,vira 1. @ f(z) la ham s6 khong chén khong 1é.
@ Loi giai.

@ Tap xéc dinh 2 = R la tap déi xting.

@ f(—1)=3; f(1) = 1 nén f(z) la ham s6 khong chén, khong 1é.

&; Chon dép an @ ................................................................................................................

. 2 5
Cau 60. Tim tap xac dinh cia ham s6 y = v — 2+ ac +4 .
T —

@ 2 =R\{4}. 7 =R\{2}. © 2 = (—o0;2]. D)2 = [2; +00)\{4}.
@ Loi giai.

N r—22>0 x>2
Diéukién{ {

<~ .
x—4#0 x#4
Vay tap xé4c dinh ctia ham s6 1a 2 = [2; +00)\{4}.
&, Chon dép an @ ................................................................................................................

Cau 61. Tap x4c dinh ctia ham s6 y =
T

1
A2 =R B) 2 =R\{-2;2}. @@:R\{—ﬁ}. D)2 = {-2;2}.
@ Loi giai.
Didu kién 22 — 4 # 0 & o # 2.
Vay tap x4c dinh ctia ham s6 1a 2 = R\{-2;2}.
Qe Chon dAp A1 (B). ... ettt
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Cau 62. Tap xac dinh ctia ham s6 y = /3 — 2z 1a
13 3 13 3
®o=(-35)  ®o=[j=)  ©o=|5;)  ©7=(=
@ Loi giai.
Didukitn3 -2z >0 z < g
Vay tap xé4c dinh ctia ham s6 1a 2 = <foo; ﬂ

&, Chon dép an @ ................................................................................................................

p - — i—1<
Cau 63. Cho ham so f(z) = { \/2x(23:7712) 11:1111 - i; v<l . Gia tri f(—1) bang

A) —6. B) 6. ©5. (D) 5.
@ Loi giai.
f(=1)=—-2(-1-2) =6.
B Chomn dap A0 (B). ... e et

Cau 64. Ham s6 nao sau day dong bién trén khoéng (0; +00).

@y:72:5+1. y:12721+1. ©y:x. @y:—:p.

@ Loi giai.

Ham s6 y = —2x + 1 c6 hé s6 a = —2 < 0 nén ham sb nghich bién trén R.
Ham s6 y = 22 — 22 + 1 ¢c6 hé s6 a = 1 > 0 nén ham s6 nghich bién trén khoang (—oo; 1) va déng bién trén khoang
(1; 4+00).

Ham s6 y = x c6 hé¢ s6 a = 1 > 0 nén ham s6 dong bién trén R do d6 ham s6 ciing dong bién trén khoéng (0; +00).

& Chon dép an @ .................................................................................................................

Cau 65. Tap hop nao sau day la tap xéac dinh ctia ham s6 y = /|22 — 3|.
3 3 3
® [5i+) (5i+) © (—o0i3) Or
@ Loi giai.

Do |2z — 3| > 0 Vx € R nén ham s6 luon xac dinh v6i moi z € R.
&, Chon dé4p an @ ................................................................................................................

Cau 66. Trong céc ham s6 sau day y = |z, y = 2 + 4x, y = —2* + 222 c6 bao nhiéu ham s6 chan?

Ao. B) 1. ©2. D)s3.

@ Loi giai.

®@ Xéthams6 y = |z|.
Téap xac dinh 2 = R.
Ve e Zth —x € Ztacd f(—z) =| — x| = |z| = f(x) nén ham sb chdn.

® Xét ham s6 y = 22 + 4x.
Tacé f(—1) = =3, f(1) =5suyra f(—1) # f(1) nén ham s6 khong chén.

® Xéthamsb y = —z* + 222
Téap xac dinh 2 = R.
Ve e Zth —x € Ztacod f(—z) = —(—2)* + 2(—x)? = —2* + 222 = f(x) nén ham s6 chén.

& Chon dap AN (C).......vveeeee oo

Cau 67. Ham s6 nao sau day la ham s6 1é ?

—1
@y=—g. y=—g+1- ©y=—x2 : @yz—g+2-

@ Loi giai.

®@ Xéthamsby = —g.

Téap xac dinh 2 = R.
Vee Pthi —z € Ptacd f(—x) = —— = — (—7) = —f(z) nén ham s6 1&.

@ Xéthémséy:—g-i-l.

Téap xac dinh 2 = R.
Tacé f(—2) =2, f(2) = 0suyra f(—2) # —f(2) nén ham s6 khong 1é.
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r—1

®@ Xéthamsdy = — 5
Tap xac dinh 2 = R.
Tacé f(—1) =1, f(1) =0suyra f(—1) # —f(1) nén ham s6 khong lé.

® Xéthamsb y = —§+2.
Téap xac dinh 2 = R.
f(=2) =3, f(2) =1suyra f(—2) # —f(2) nén ham s6 khong 1é.

& Chon dép an @ .................................................................................................................
Cau 68. Xét tinh chén, 1 ctia hai ham s6 f(z) = |z + 2| — |z — 2, g(z) = —|z|

(A) f(z) 1a ham s6 chén, g(z) Ia ham s6 chan. f(x) 1a ham s6 1, g(x) 1a ham s6 chan.
(©) f(z) 1a ham s6 1¢, g(x) 1a ham s6 Ié. (D) f(x) 1a ham s6 chén, g(z) la ham s6 Ié.
@ Loi giai.

@ Xéthamsb f(x) = |z + 2| — |z — 2|.
Téap xac dinh 2 = R.
Vee Pthi—x € Ptact f(—x)=|—a+2|—|—z—-2|=|z—-2|—|z+2|=—(lz+ 2| — |z —2|]) = —f(z)
nén f(z) la ham s6 1é.

® Xét ham sb g(z) = —|z|.
Tép xac dinh 2 = R.
Vo€ Pthi—x € P taco g(—z) = —| — x| = —|z| = g(x) nén g(x) 1a ham s6 chén.

Qe Chon dAp A1 (B). ..ttt

Cau 69. Xét tinh chat chén 1é ctia ham s6: y = 223 + 32 + 1. Trong cdc ménh dé sau, tim ménh dé ding?

(A) y 1a ham s6 chén. y 1a ham s6 lé.
@ y 1a ham s6 khoéng c6 tinh chén Ié. @ y 1a ham s6 vira chén vira 1é.
@ Loi giai.

Tacé f(—1) = —4va f(1) =6suyra f(—1) # f(1) va f(—1) # —f(1) nén ham s6 khong c6 tinh chan Ié.
& Chon dap AN (C).......ovoee e

Cau 70. Cho ham s6 y = 3z* — 42% + 3. Trong cidc ménh dé sau, ménh dé nao diing?

(A) y 1a ham s chén. y 1a ham s6 1é.
(C) y 1a ham s6 khong c6 tinh chén 1¢. @ y 1a ham s6 vira chén vira 18.
@ Loi giai.

Téap xéc dinh 2 = R.
Vz € Zthi—z € Ptacéd f(—z) = 3(—x)* — 4(—2)? + 3 = 32* — 422 + 3 = f(z) nén ham s6 chén.
& Chon dap AN (A). ... .o

Cau 71. Trong cdc ham s6 sau, ham s6 nao khéng phai la ham sb 1&?
@yz;v?’-l-l. y:x3—x. @y:m?’—i—x. @y:%

@ Loi giai.
@ Xéthamsbéy = 2%+ 1,tacd f(—1) =0va f(1) = 2suyra f(—1) # —f(1) nén ham s khéng 1é.
® Xéthamsby = 2% — .

Tap xac dinh 2 = R.
Vo€ Zthi —z € Ztacé f(—z) = (—2)® — (—z) = —2® + © = — (2® — 2) = — f(=) nén ham s I¢.

®@ Xéthamsé y = 2% + .
Téap xac dinh 2 = R.
Vee Zthi —z € Ztacé f(—z) = (—2)* + (—2) = —2® —2x = — (2® + 2) = — f(x) nén ham s I¢.

< 1
© Xéthamsé y = —.

T
Tap xac dinh 2 = \{0}.

1 <
Ve e Zthi—z € Ztact f(-z)=— = = —f(z) nén ham s6 1é.

& Chon dap AN (A). ... .o
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Cau 72. Trong c4c ham s6 sau, ham s6 nao khong phai la ham s6 ch&n?
Wy=lz+1]+1-al ®y=|z+1—1-al
©y=la?+1|+1-2% @y =[a?+1] - [1 - 22,
@ Loi giai.
@ Xéthamsby = |z + 1|+ |1 — x|
Tap xac dinh 2 = R.
VeePthi—z € Ztacod f(—z)=|—az+1+|1-(—2)|=|—-2+1+14+2z|=|z+1+|1 -2 = f(z)
nén f(z) la ham sb chan.

@ Xéthamséy = [z + 1| — |1 — z|.
Tap xac dinh 2 = R.
Vee Pthi—z € Ztacd f(—x)=|—z+1]—|1—(—2)| = |—z+1|—|1+z|=—(z+ 1| - |1 —2|) = — f(x)
nén f(z) 1a ham s6 1é.

® Xéthamsé y = 22 + 1| + |1 — 2.
Téap xac dinh 2 = R.
Vz € Zthi—z € Ztacé f(—z) = |(—z)?> + 1| + |1 — (—2)?| = |2® + 1] + |1 — 2| = f(x) nén f(z) la ham
s6 chan.

@ Xéthamsdy = 22 + 1| — |1 — 2.
Téap xac dinh 2 = R.

Ve € Zthi—r € Ztacé f(—x) = |(—x)2 + 1| — |1 — (—2)?| = |2 + 1] — |1 — 22| = f(z) nén f(x) la ham
s6 chan.

Qe Chon dAp AN (B). ... ettt
Cau 73. Chohams6 y = f(z) = |2z — 3|. Tim = dé f(x) =

3
@x:& a:zShoéca::O. ©x=i3. @x:il.
@ Loi giai.
Tacéd f(z) =3= |22 —3| =3 =2 =3 hodcz =0.
& Chon dAP AN (B).... ... oo

Cau 74. Cho ham s6 y = f(z) = V23 — 9z. Két qua nao sau day ding?

A) F(0) =2, f(=3) = —4. £(2) khéng xac dinh, f(—3) = —5.
(©) f(~1) = V3, f(2) khong xac dinh. (D) Tét ca céc cau trén déu diing.
@ Loi giéi.

Tap xéc dinh 2 = [-3;0] U [3; +00).
Tacé f(0) =0, f(—3 ) 0, f(—1) = v/8 va f(2) khéng xac dinh.
& Chon dap An (C).......oooi i

Cau 75. Tap x4c dinh ctia ham s6 f(x):x+5+x_1lé
r—1 x+5
A2 =R. B2 =R\ {1}. © 2 =R\ {-5}. D)2 =R\ {-5;1}.
@ Loi giai.
—1#0 1
Diéu kién xac dinh v 7 = z 7
r+5#0 x # —b.
tR&Chondélpén@ ................................................................................................................
< 1
Cau 76. Tap xac dinh ctia ham so f(x):\/x—3+17151
-
@A 2 = (1;3]. 2 = (—00;1) U [3; +00).
(© Z = (—o0;1) U (3; +00). @@ =0.
@ Loi giai.
Diéukiénxécdinh{m_gzo {ng =>x€Q
1—2>0 r<l1
QgChQndépén@ ................................................................................................................
< 4
@ 2 =R\ {2}. B 7 =(~44+00)\{2}. ©2Z=[4+0)\{2}. D2=0.

@ Loi giai.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

A < n . . a:—27$0 $7é2
Diéu kién xac d;nh{ r4>0 :{

& Chon dap A0 (C).......ovoee e
< 1
Cau 78. Tap xéc dinh ctia ham s6 f(z) = Va — 3+ -

A 2 =R\ {3}. B) 2 = [3;+0). © 2 = (3;+) . D)7 = (—0;3) .

@ Loi giai.
Diéu kién xac dinh {

x—3>0 {xZ?)
= x> 3.

=
r—3#0 T #3
& Chon dap An (C).......ooii i

Cau 79. Tap xéc dinh cia ham s6 f(z) = Vo — 5+ —— la
A 2 = [5:13). B) 2 = (5;13). © 2 = (5;13]. (D)2 = [5;13).

@ Loi giai.
A N . . I’*5ZO I25
Diéu kién xac dinh { 13—2>0 { x <13

& Chon dap AN (C).......ovoeee e

Cau 80. Tap xac dinh cia ham s6 y = x +1 + E |1_ 5 la

@ 7 = (~1;+00) \ {+2}. ® 7 = [~1;+00) \ {2}.

© 2 = [-1;+00) \ {-2}. D2 = (~1;+00) \ {2}.
@ Loi giai.

. z+1>0 x> -1 x> —1
Diéu kién xac dinh & &

{m|—27é0 {x#Qvéx;«é—Q {x;«é2

Vay tap xé4c dinh ctia ham s6 da cho 1a 2 = [—1;+00) \ {2}.
B Chon dap A0 (B). .. v ittt e

Cau 81. Cho ham sé y = f(z) = 32* — 422 + 3. Trong c4c ménh dé sau, ménh dé nao dung?

@ y = f(x) 1a ham s6 chén. @ y= ) 1a ham s6 1&.
@ y = ) 1a ham s6 khong c6 tinh chén 1é. @ y= ) 1a ham s6 vira chén vira lé.
@ Loi glal

Tap xac dinh 2 = R.
Khi d6 Vx € 2 thitacé —x € P va

Vay f(z) 1a ham s6 chén.
& Chon dép an @ .................................................................................................................
Cau 82. Cho hai ham s6 f(z) = 23 — 3z va g(x) = —2® + 2°. Khi do

@ f(z) va g(x) déu la ham sb 1&. f(x) va g(x) déu la ham sb chén.
@ f(z) chan, g(z) 1. @f( ) 1&, g(«) khong chan khong 1é.
@ Loi glal

e Xétham s f(z) = 2% — 3.
+ Tap xac dinh ¥ = R.
+Vr e Zthi—z € Pva f(—x) = (—2%) — 3(—2) = —23 + 3z = — (23 — 32) = — f(x).
Suy ra f(z) la ham s6 18.
e Xét ham s6 g(z) = —a® + 22.
+ Tap xac dinh 7 = R.
g(=1) # g(1)

+Tac6 g(1) =0vag(~1) =2 nénsuyra {g(—l) #—g(1)

Suy ra g(z) la ham s6 khong chan khong lé.

Vay f(x) 1a ham s6 1é va g(x) 1a ham s6 khong chén khong 1&.
& Chon déap 4n @ ................................................................................................................

Cau 83. Cho hai ham s6 f(z) = 1 vag(x) = —o* + 2% — 1. Khidé
x
@ f(z) va g(z) déu la ham sb 1é. f(z) va g(x) déu la ham s6 chan.
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@ f(z)1&, g(x) chan. @f(x) chén, g(z) 1é.
@ Loi glal

e Xétham sb f(z) = é
+ Tap xdc dinh 2 = R\ {0}.
+Vr e Zthi—v € Iva f(—x) = —Lx:_% = —f(x).
Suy ra f(z) la ham s6 18.

e Xétham s g(x) = —at + 22 — 1.
+ Téap xac dinh 2 = R.
+Vz € Pthi—z € Pvag(—z) = —(—2)' + (—2)> = 1= -2+ 22 - 1= f(2).
Suy ra g(z) 1a ham s6 chén.

Vay f(x) 1a ham s6 1é va g(x) 1a ham s6 chén.
& Chon dap An (C).......oooi it

Cau 84. Trong cac ham s6 sau, ham s6 nao khéng phai ham sé chan?

ADy=|z+1]+]1 -zl y:|x+1||—||1—:1:||.
+1+1—-2
— |22 + 1|+ |22 — 1] B el i
©y=l2?+1]+]a% - 1] @y o
@ Loi giai.

e Xéthamsby = f(z) =]z + 1|+ |1 — z|.
+ Tap xac dinh Z = R.
+Vee Zthi—ze Ivaf(-x)=|—a+1+|1-(—2)|=1—2z|+ 1+ z| = f(x).
Sugray = |z + 1] 4+ |1 — x| 1a ham s6 chan.

e Xéthamsby = g(x) = [z + 1| — |1 — z|.
+ Téap x4c dinh 2 = R.
+Tacog(l) =2vag(—1) = —2nénsuyrag(l) # g(—1).
Suyray = |z + 1| — |1 — x| khong la ham s6 chén.

e Xéthamsb y = h(x) = |22 + 1| + [2? — 1].
+ Tép xac dinh 2 = R.
+Vz e Zthi —x € Zvah(—z)=|(—2) + 1| +|(—2)? — 1| = |22 + 1| + |2® — 1| = h(=)
Suyray = |22 + 1| + |2? —1|lahamsochan

|z 41|+ |1 — |
Xét ha =k _
e Xét ham s6 y (z) = o
+Via?+4>0 VmeRnéntacé?:R.l 1 (o) | " |
N N —z+1|+]1—- (-2 -+ 1|+ 142
+Ve e Zthi—x e Pvak(—zx)= o021 = 211 = k(x).

|z + 1]+ |1 — 2|

71 1a ham s6 chin.
x

Sugray =

Vay ham s6 khong la ham s6 chdn lay = |z + 1| — |1 — z|.
By Chom dap AN (B ..ottt e e
Cau 85. Trong cac ham s6 sau, ham s6 nao ting trén khoang (—1;0)?
1
Wy== ®y=—. ©y=la| D@y =22
@ Loi giai.
e Xéthamsb y = f(z) = =.

Day la ham s6 bac nhét c6 a = 1 > 0 nén c6 do thi la duong théng huéng 1én.
Suy ra ham s6 tang trén R nén ciing ting trén khoang (—1;0).

< 1
e Xéthamso y = g(z) = —.
z
1
Véiz, =—— va Tg = § thudc khoang (—1;0) ta cé
+ 11 < To.
1
+g(x1) —g( >:—2>g(1;2):g(—§>=—3.

Suy ra g(z) khong tang trén khoang (—1;0).
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e Xét ham s6 y = h(z) = |z|.
1
Véi zq = ~5 VA Tg = ~3 thudc khoang (—1;0) ta cé
+ 1 < Xo.
1 1 1 1
Suy ra h(x) khéng ting trén khoang (—1;0).
e Xéthams6 y = k(z) = 22
Day la ham s6 bac hai c6 @ = 1 > 0 nén do thi 1a mot parabol c6 bé 16m hudéng lén.
Mit khéc dé thi ham s6 nhan gbc toa do O lam dinh nén nghich bién trén (—oo;0) va déng bién trén (0; +o0).
Suy ra ham s6 khong ting trén khoéang (—1;0).
Vay ham s6 tang trén khoéng (—1;0) 1a ham s6 y = .
&, Chon dép an @ .................................................................................................................
Cau 86. Cau nao sau day diang?
(A)Ham s6 y = a%z + b ddng bién khi a > 0 va nghich bién khi a < 0.
Ham s6 y = ax + b dong bién khi b > 0 va nghich bién khi b < 0.
© Véi moi gia tri thue ctia b, ham sé y = —a?x + b nghich bién khi a # 0.
@Hém s6 y = a®z + b ddng bién khi a > 0 va nghich bién khi b < 0.
@ Loi giai.
e Xét ham sb y = az + b.
+ Ham s6 ddng bién khi va chi khi a®? > 0 < a # 0.
+ Ham s6 nghich bién khi va chi khi a? < 0 & a € .
e Xétham sb y = —a’x + b.

+ Ham s6 dong bién khi va chi khi —a? >0 < a2 <0< a € 2.
+ Ham s6 nghich bién khi va chi khi —a? < 0 & a? > 0 < a # 0.

& Chon dap AN (C).......ovoeee oo

Cau 87. Xét sy bién thién ctia ham s6 y = xi Ménh dé nao sau day ding?
(A)Ham s6 déng bién trén (—o0; 0), nghich bién trén (0; +00).
Ham s6 déng bién trén (0; +oo) nghich bién trén (—o0;0).
(C) Ham s6 déng bién trén (—oo; 1), nghich bién trén (1; 400).
@Hém s6 nghich bién trén (—oo; 0) U (0; +o00).
@ Loi giai.
Xétham sb y = f(z) = 12
Tap xéc dinh 2 =R\ {O}

e VGimoi z1,x9 € (—00;0) va 21 < x9, ta suy ra dugc x; < x2 < 0.

1 1 A <
Khi d6 2% > 23 > 0 = = < p = f(x1) < f(x2). Suy ra f(z) dong bién trén (—o0;0).
1

e V6imoi x1, 22 € (0;+00) va 21 < xa, tasuy ra dugc 0 < 1 < .
1 1
-2 P:‘f(ifl)>f($2)-

1 2
Suy ra f(z) nghich bién trén (0; 400).

Khi d6 0 < 22 < 23

Vay ham s6 da cho dong bién trén (—oo; 0) va nghich bién trén (0; +00).

& Chon dap AN (A). ... .oeeeee e
Cau 88. Cho ham s6 f(z) = i Khi do
z+1

@ f(z) tang trén khoang (—oo; —1) va gidm trén khoang (—1; 4+00).
f(x tang trén hai khoang (—oo; —1) va (—1; +00).
© f(z) gidm trén khoang (—oo; —1) va tang trén khoang (—1; 4+00).
@f ) gidm trén hai khoang (—oo; —1) va (—1; +00).

@ Loi giai.
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Téap xac dinh 7 = R\ {—1}.
V6i 1 # 2o ta cod

4 4 4z — x2)
o @)= f@) 2+l a1l (@A D@+l 4 .
T2 — X1 X9 — I T2 — X1 ($1+1)($2+1)

o V1,29 € (—00; —1) va 1 < o, tasuyra dugc 7 < —1vazy < —1.
4
Khidéoz; +1<0,20+1<0= (21 +1)(z0+1) >0 K=—+———— <0.
1 2 (r1 + 1) (22 +1) RNy

Suy ra f(x) gidm trén (—oo; —1).

o Vxy,29 € (—1;400) va z1 < X2, tasuy ra dwgc 21 > —1vaxs > —1.
4
Khid6oz1+1>0,20+1>0= (21 +1)(zo+1) >0 K=—-—+———— <0.
1 2 (r1 + 1) (22 +1) T D@ D

Suy ra f(x) gidm trén (—1; +00).
Vay ham s6 da cho giam trén hai khoang (—oo; —1) va (—1; +00)
&, Chon dép an @ ................................................................................................................

Cau 89. Xét sy bién thién ciia ham s8 y = % Chon khang dinh diing.

(A) Ham s nghich bién trén tirng khoang xac dinh ctia no.
Ham s6 dong bién trén tirng khoang xac dinh ctia né.
(C)Ham s6 déng bién trén (—oo; 1), nghich bién trén (1; +00).
@Hém s6 dong bién trén (—oo; 1).

@ Loi giai.

Xétham sb y = f(z) = . f T

Téap xac dinh 2 = R\ {1}

Véi 21 # x5 ta céd

X9 X Ty — T2
o d@—f@) w1 o -1 _ (m-D@@-1) _ 1 .
To — T To — T1 To — T (x1 — 1)(zg — 1)
o Vi, 29 € (—00;1) va 1 < xo, tasuyradugc zy < 1vazg < 1.
Khidéx1—1<O,a:2—1<0:>(x1—1)(x2—1)>0=>K:—;<0.

) (21 —1)(z2 — 1)
Suy ra f(«) nghich bién trén (—oo; 1).
o V1,9 € (1;+00) va x1 < xo, tasuyra duwgc zp > 1 vaxzg > 1.
1
Khidézy —1>0,20—-1>0= -1 -1 0O==K=———7"—"-—<0.
idoxy > .1‘2’ > (r1 — Dz —1) > = D=1 <
Suy ra f(x) nghich bién trén (1;+00).

Vay ham sb da cho nghich bién trén tirng khoéng x4c dinh ctia né.

& Chon dép an @ .................................................................................................................

Cau 90. Cho ham sb y =

® o) =2 f0)= "> ® f(0) =2 f(-3)= 5.
@ £(0) Vi

. Két qua nao sau day ding?

©f =1; f(—2) khong x4c dinh. =2; f(1) = =3
@ Loi giai.
. 16 —22>0 —4<ax<4
Diéu kién xéac dinh &
r+2#0 x # —2.
Suy ra tdp xdc dinh 2 = [—4;4] \ {-2}.
Khi dé ta c6
V16 — 02 V16 —-12 /15
o f(0)=—— =2 o f(1)= = .
0+2 1+2 3
_ /16 V16-22 /3
)= —m = —.
« J= —3+2 V7 *JO=5 2

o f(—2) khong xac dinh vi —2 ¢ 2.
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,x >0
Cau 91. Cho ham sb f(z) = J’TI . Gié tri ciia £(0), £(2), f(=2) Ia
p— ,x <0
®50)=0; f0) =2, f(-2) =2 ® £(0) = 0; £(2) = ; f-2) = 1.
© f(0)=0; f(2)=1; ﬂ—mz—l. D) f(0) =0; f(2)=1; f(—2) =2
3
@ Loi giai.
0
f(O):mZO
2 2
Ta cé ]”(2):m:g
1 1
(=)= —%5—3=3

< 1 <

Cau 92. Cho ham s6 f(z) = vz -1+ ——3 Tap nao sau day la tap xac dinh ctia ham sb f(x)?

@ (13 +00). [1:+0d]. ©L3)uBi+oo).  D[L+oo) \ {3}
@ Loi giai.
Diéu kién xac dinh & )

e —340 \z#3

Vay tap x4c dinh ctia ham s6 da cho 1a 2 = [1;4+00) \ {3}
& Chon dép an @ ................................................................................................................
Cau 93. Ham s6 y = v/22 — x — 20 + /6 — x c6 tap xéc dinh la

(®) (o001 4) U (5:6]. (oo =) U (5:6).  © (oo —4Us:6.  D)(~o0;—4) U[56).
@ Loi giai.
Diéu kién xac dinh

z—1>0 {le

ﬁ—m—2020© (x —5)(x+4)>0
6—22>0 z <6

Vay tap x4c dinh ctia ham s6 da cho 1a 2 = (—oo; —4] U [5; 6].
& Chon dép an @ .................................................................................................................
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HAM SO BAC NHAT

(A) TOM TAT LY THUYET
@ HAM SO BAC NHAT Y = AX + B (A #0)
® Téap xac dinh: 2 = R.

© Su bién thién:

e Néu a > 0 thi ham s6 dong bién (tdng) trén R.
e Néu a < 0 thi ham s6 nghich bién (giam) trén R.

® D5 thi ham s6 1a mot duong thing c6 hé s6 géc bdng a, cit truc hoanh tai diém A (—7; 0> va cdt truc tung tai
a

diém B(0;b).
Yy Yy
B B
A
A O z o z
y=ax+b(a>0) y=ax+b(a<0)

® Vi tri twong d6i cta hai dwong thing: Chod: y =azx +b(a#0)vad: y=d'z+b (a’ #0).

da el

[ )

b,
a=ad

e d=d & ,
b=1"V".

dcitd & a+#d.

edldea-d=-1

a+#d
b=1"b.

d cét d’ tai mot diém trén truc tung < {

@ HAM SO HANG Y = B

D6 thi ham s6 y = b la mot duong thang song song hodc trung véi truc hoanh va cét truc tung tai diém (0; b). Duong
théng nay goi la duong thing y = b.
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@ HAM SO Y = [AX + B| (A #0)

] b
ar+b neuzxr > ——
y=lax+0b = Z
—(ax+b) néux < —-—.
a
Dé vé do thi ham s6 y = |az + b| (a # 0) ta c6 thé vé hai duong théng y = ax + b va y = —az — b rdi x6a di hai

phéan duwong thdng ndm phia duéi tryc hoanh.

CAC DANG TOAN VA Vi DU

© Dang 1. Xét tinh dong bién, nghich bién

Muén xét tinh don diéu ctia ham s6 bac nhat, ta can dua ham s6 vé ding dang y = [a ]z + b.
@ Néu a > 0 thi ham s6 dong bién (tang) trén R.

® Néu a < 0 thi ham s6 nghich bién (giam) trén R.

& Vidu 1. Xét tinh don diéu cta cac ham sb sau:

Il =ap a5
@y =2z +1. @y=-z+1. Qy= 5 @y:_?

@ Loi giai.
(1) Ham s6 y = 22 + 1 c6 hé s a = 2 > 0 nén ham s6 dong bién (tang) trén R.

(2 Him s y = —x + 1 c6 hé s6 @ = —1 < 0 nén ham sb nghich bién (giam) trén R.

< 1- 1 1 < 1 < <
(3 Hamsb y = 5 Lo 5t T c6heésba= 5 < 0 nén ham s6 nghich bién (giam) trén R.
b A X 1 7z n A 1 N N A . s A .2 n
(@) Ham s y = —5 = —3%cd hé sb a = -5 < 0 nén ham s6 nghich bién (giam) trén R.

& Vidu 2. Tim tit ca cac gia tri cia tham s6 m dé ham s6

@y = (m — 1)x + 1 dong bién trén R. (2 y = —ma 4+ m + 1 nghich bién trén R.
< 1 A <
®y=—(m?>+1)x+m+ 1nghichbiéntréen R. @y = p— 1x+2d6ng bién trén R.
@ Loi giai.

D Hamsby = (m — 1)z + 1 dong bién réen R & m — 1> 0 < m > 1.
Vay m > 1.

(2) Ham s6 y = —ma + m + 1 nghich bién trén R < —m < 0 < m > 0.
Vay m > 0.

(3 Ham s6 y = —(m? + 1) + m + 1 nghich bién trén R < —(m? + 1) < 0 < m? + 1 > 0 (luén ding véi moi
m € R).
Vaym € R.

< 1 A <
(@) Ham s6 y = 1x+2d6ngbiéntrénR© 1>0<:>m—1>0<i>m>1.

Vag m > 1.
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@© Dang 2. D6 thi ham s6 y = az + b

Dua ham s6 vé diing dang y = [a ]z + b, (a # 0). D6 thi ham s6 la m¢t duong théng.
@ Néu a > 0 thi d6 thi “di 1én tir trai sang phai”.
® Néu a < 0 thi do thi “di xubng tir trai sang phai”.

@ Xéc dinh giao diém ctia duong théng véi hai truc toa do réi néi hai diém dé lai ta duoc duong thang la
dd thi ctia ham sb.

& Vidu 1. Xét tinh don diéu va vé d thi cta cac ham s6 sau:

11—z 7
Qy=2r+1 @y=-z+1. By= 5 @y=_1+2.
@ Loi giai.
D y=22+1.
Tap xac dinh 2 = R. Y y=2x+1

Ham s6 y = 2z + 1 ¢6 hé s6 a = 2 > 0 nén ham s6 dong bién (tang) trén R.

A % 2 2 1
D6 thi ham s6 y = 2z + 1 la mot duong thang di qua hai diém A <—§; 0) va
B(0; 1). _1

.

Q@ y=-x+1

Tap xac dinh 2 = R. y
Ham s6 y = —x + 1 c6 hé s6 a = —1 < 0 nén ham s6 nghich bién
(gidm) trén R. .
D6 thi ham s6 y = —z + 1 1a mot duong théng di qua hai diém
A(1;0) va B(0;1). .
O 1
y=—-x+1
1—=x 1 1
®v=—"=73"+3
Tap xéc dinh 2 = R. y

< < 1 < <
Ham s6 y = 5 T 6 hé s a = -5 < 0 nén ham s6 nghich bién (giam)
trén R. 1 \
D6 thi ham s6 y = g T Ja mot duong théng di qua hai diém A(1;0) va

1
B(0: = o
(0’2)'

_1l-z
Y=
x
@ y= 1 + 2.
Tap xac dinh 2 = R.
< < 1 < <
Ham s6 y = —% +2c6hésoa= 1< 0 nén ham s6 nghich bién (gidm) trén R.

D6 thi ham s6 y = —% + 2 1a mot duong thang di qua hai diém A(8;0) va B(0; 2).
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@© Dang 3. D6 thi ham s6 y = |ax + b

Aan

ar+b khimZ—é
@ y=|az+b = ba
—(ax +b) khiz < -

© Dé vé dd thi ham sé y = |ax + b|, (a # 0) ta c6 thé vé hai duong thdng y = ax + b vay = —az — b rdi
x6a di hai phan duong thidng ndm phia duéi truc hoanh.

X DC To

& Vidu 1. Xét tinh don diéu va vé dd thi cac ham s6 sau.
@ y=lz—1f
@y=|-z+1]+1
® y=lz+1|+]af
@ y=z+|z+1]

@ Loi giai.

@ Tacé

iy 1| = x—1 khiz >1
= |l —z+1 khiz<l1. y
Ham s6 dong bién trén (1; +00) va nghich bién trén (—oo; 1). \
0] 1 z

(2 Taco

g |—z 1|+ 1= —z+2 khiz<1

khi z > 1.
Ham s6 nghich bién trén (1; 4+00) va dong bién trén (—oo; 1).

Du AN TEX DC ToAN 10 - MARIE
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2v+1 khiz >0
y=lr+1+z[=<1 khi —1<2<0 y
—2r—1 khi z < —1.

Ham s6 déng bién trén (0; +00) va nghich bién trén (—oco; —1).

o1
|
|
1 0O x
@ Taco
e+ 20 +1 khiz > —1
VZETIETAT 1 khiz< -1 Y
Ham s6 dong bién trén (—1; +00). /

(C) CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Tim m dé ham s6 y = (2m + 1) + m — 3 dong bién trén R.

@m>%. m<%. ©m<—%. ®m>—l.
@ Loi giai.
Ham s6 dong bién trén R < 2m +1 > 0 < m > —%.
& Chon dép an @ ................................................................................................................
Cau 2. Tim m dé ham s6 y = m(x + 2) — 2(2m + 1) nghich bién trén R.

1 1
®m>—1. m<—§. ©m<—1. ®m>—§.
@ Loi giai.
Tacéy=—(m+ 1)z + 2m.
Ham s6 nghich bién tréen R & —(m +1) <0< m > —1.
& Chon dap AN (A). ... ..o

Cau 3. Tim m dé ham s6 y = —(m? + 1)z + m — 4 nghich bién trén R.

@m>1. Véimoim. ©m<—1. ®m>—1.
@ Loi giai.
Ham s6 nghich bién trén R & —(m? +1) < 0 < m? + 1 > 0 (ludn ding Vm € R).

Qe Chon dAp A1 (B). ...ttt
Cau 4. C6 bao nhiéu gid tri nguyén cta tham s6 m thudc doan [—2017;2017] dé ham s6 y = (m — 2)x + 2m dong
bién trén R.
(A) 2014. (B) 2016. (©) Vé sb. (D)2015.
@ Loi giai.
Ham s6 déng bién réen R & m — 2 > 0 & m > 2.
Vi m nguyén va thudéc doan [—2017;2017] nén m € {3;4;...;2017}.
Vay c6 2015 s6 nguyén m théa man bai.

&, Chon dép an @ ................................................................................................................

Cau 5. C6 bao nhiéu gia tri nguyén ctia tham sé m thugc doan [—2017;2017] dé ham sé y = (m? — 4)z + 2m déng
bién trén R.

(A) 4030. (B) 4034. (©) Vo sb. (D)2015.

@ Loi giai.
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N A 3A <A A 2 m > 2
Ham so dong bien tréen R & m* -4 > 0 &
m < —2.

Vi m nguyén va thudc doan [—2017;2017] nén m € {—2017; —2016;...; —4;—3;3;4;...;2017}.
Vay c6 4030 s6 nguyén m théa man bai.
& Chon dap AN (A). ... .ot

Cau 6. Duong thang nao sau day song song véi duong thing y = v/2z.

1
@y:l—ﬂm. y:ﬁx—& ©y—|—\/§x=2. @y—\/ix:&
@ Loi giai.
Tacéyfﬁx:5¢>y:ﬁx+5.
Suy ra duong thang song song véi duong thdng y = v2z lay = 2z + 5.
& Chon dép an @ ................................................................................................................
Cau 7. Tim tit ca céc gia tri thyc ctia tham s6 m dé ham s6 y = (m? — 3)x + 2m — 3 song song véi duong thing

y=x+ 1.

Am =2 B)m = +2. ©m=-2. D)m = 1.
@ Loi giai.
D./‘\ kié dxh i dud th; 13 m2 —-3=1 m = 42
1€U KIi€n de nal duon ang sone song la <
; 6 THANG SONE SONS 8 Y9 —3 41 7 \m #2

& Chon dap AN (C).......vvveeee oo

Cau 8. Tim tat ca cac gid tri thyc ctia tham s6 m dé ham sé y = 3z + 1 song song v6i duong thdng y = (m? — 1)z +
m— 1.

A m = +2. B m = 2. ©m=-2 D)m = 0.
@ Loi giai.

. . . m*—1=3
Diéu kién dé hai dwong thang song song la & S m= -2

m

&, Chon dép an @ .................................................................................................................

Cau 9. Biét réng db thi ham s6 y = ax + b di qua diém M (1;4) va song song v6i duong thing y = 2z + 1. Tinh téng
S=a+b.

A S =4 B 5 =2 ©s=o. D)S = —4.

@ Loi giai.
at+b=4
, a=2
Tac6<a=2 =3
b=2.
b#1

Vay téng S = a + b = 4.
& Chon dép an @ .................................................................................................................
Cau 10. Biét rdng dé thi ham s6 y = ax + b di qua diém E(2; —1) va song song v6i duong thdng ON véi O la gbc
toa do va N(1;3). Tinh gi4 tri biéu thitc S = a? + b2
A S = 4. B) S = —40. © S = -58. (D) S = 58

@ Loi giai.
Vi d6 thi ham s6 y = ax + b di qua diém E(2; —1) nén 2a + b = —1. (1)
Goi duong thang ON c6 dang y = mz + n.

{n =0 {m =3
Suy ra & = ON:y =3z

m+n=23 n=20

a=3 _,

b0’ Két hop voi (1) suyrab = —T7.

Vay S =32 4 (—7)? = 58.

&, Chon dép an @ ................................................................................................................
Cau 11. Tim tat ca c4c gid tri thuc ctia tham sé m dé duong thang d: y = (3m + 2)z — 7m — 1 vudng géc véi duong
thidng A: y =2z — 1.

@m:O. m:f%. ©m<%. ®m>f%.
@ Loi giai.
dLA@(3m+2)'2:—1©m:—g.
& Chon dap 40 (B)......ooo i

Theo gié thiét suy ra
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Cau 12. Biét rdng d6 thi ham s6 y = az + b di qua diém N (4; —1) va vudng géc v6i duong thdng 42 —y + 1 = 0.
Tinh tich P = ab. ) ) .
®r-o ®r--L ©r-1 ®r--L
@ Loi giai.
D6 thi ham s6 y = az + b di qua diém N(4; —1) nén —1 = 4a + b.
D6 thi ham s y = ax + b vudng géc véi 4z — y + 1 = 0, tirc vudng goc véiy = 42 + 1 & da = —1.
da+b=—1 _ -
Tacéhé{a & “ 4 =ab=0.
4a = —1 _
b=20
& Chon dap AN (A). ... ..o
Cau 13. Tim a va b dé dé thi ham s6 y = az + b di qua céc diém A(—2;1) va B(1; —2).
Ba=-2vab=-1. Ba=2vab=1. ©a=1vab=1. Da=-1vab=—1.
@ Loi giai.
—2a+b=1 a=-—1
Ta c6 hé & .
a+b=-2 b=-1
& Chon déap én@ ................................................................................................................
Cau 14. Biét réng d6 thi ham s6 y = az + b di qua hai diém M (—1;3) va N(1;2). Tinh téng S = a + b.
1 5
@52—5. ®B) S =3 ©s5=2 ®S:§‘
@ Loi giai.
1
—a+b=3 “a=-3

Ta c6 hé
a+b=2

& Chon dap AN (C).......ovoee e
Cau 15. Biét rdng do thi ham s6 y = ax + b di qua diém A(—3;1) va c6 hé s6 géc bang —2. Tinh tich P = ab.

A P = —10. B P = 10. ©prP=-7 D) P = 5.
@ Loi giai.
Duong thdng y = ax + b c6 hé s6 géc bing —2 nén a = —2.
D6 thi ham s6 di qua A(=3;1)nén1=—-2-(-3)+b< b= —-5=ab=(-2)-(=5) = 10.

Qe Chon dAP AN (B). ...ttt

Cau 16. Toa d6 giao diém ctia hai duwong théng y =
1
@) (0; -1). (2;-3). © (0; Z)' D) (3; -2).
@ Loi giai.
N N A . LR . < 2 N 1—3x X 1
Phurong trinh hoanh d¢ giao diém hai duong thang la i (f + 1) < x=3Suyray =

Vay toa do giao diém ctia hai duong théng la (3; —2).
&, Chon dép an @ ................................................................................................................

Cau 17. Tim tat ca cac gia tri thuc ctia m dé duong thdng y = m2z + 2 cat duong thédng y = 4z + 3
A)m = +2. B) m # +2. © m # 2. D)m # —2.
@ Loi giai.
Duong thdng y = m2z + 2 cét duong thang y = 42 + 3 < m? # 4 & m # +2.
Qe Chon dap AN (B). .. . oeiei e
Cau 18. Cho ham s6 y = 2z + m + 1. Tim gi4 tri thyc cta m dé do thi ham sb cét truc hoanh tai diém c6 hoanh do
béng 3.
Am=T1. B)m = 3. ©m=-1. D)m = +7.
@ Loi giai.
D6 thi ham s6 cét truc hoanh tai diém c6 hoanh do bang 3 tirc la giao diém cta truc hoanh va dé thi ham s6 1a (3;0).
Supra0=2-3+m+1e&m=-7.
& Chon dap A0 (C)..... ..o

Cau 19. Cho ham s y = 2z +m + 1. Tim gia tri thirc ctia m dé dé thi ham sé cét truc tung tai diém c6 tung d6 bang

_2®m:—3. B)m = 3. ©m=o. @m:—l.

@ Loi giai.
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D6 thi ham s6 cét truc tung tai diém c6 tung do bang —2 tirc la giao diém cua truc tung va dé thi ham s6 1a (0; —2).
Supra-2=2-0+m+1&m=-3.
& Chon dap A0 (A). ... ..o
Cau 20. Tim gid tri thic cia m dé hai duong thdng d: y = mx — 3 va A: y + 2 = m cat nhau tai mot diém nam trén
truc tung.
A)m = -3. B)m = 3. © m ==+3. D)m = 0.
@ Loi giai.
Goi (0;yo) 1a giao diém ciia d va A.
Ta co {y0m~03 & {y03 Sm=—3.
yo+0=m Yo =m
&, Chon dép an @ .................................................................................................................
Cau 21. Tim gi4 tri thyc ciia m dé hai duong thang d: y = max — 3 va A: y+ x = m cat nhau tai mot diém nam trén
truc hoanh.
@m:\/g. m:i\/g. ©m:—\@. @m:&
@ Loi giai.
Goi (z0;0) la giao diém cta d va A.
O=m-29—3

Ta c6 oemf-3=0<m=+/3.
O+xz9g=m

Qp Chom dap A1 (B .. ettt e e
Cau 22. Cho ham s6 bac nhét y = ax +b. Tim a va b, biét réng do thi ham s6 di qua diém M (—1; 1) va cét truc hoanh
tai diém c6 hoanh dé la 5.
1 5 1 5 1 ) 1 5
= b=2. = b=—2. S — b=
®a=75b=7 ®a=— 6 ©a=3 6 @a=-5=75

@ Loi giai.
Goid: y=ax+b Taco M(—1;1) € dvadnN Oz = (5;0) nén {

& Chon dép an @ ................................................................................................................

Cau 23. Cho ham sb bac nhét y = ax + b. Tim a va b, biét réng dd thi ham s6 cét duong thdng A;: y = 2z + 5 tai
diém c6 hoanh d¢ bang —2 va cat duong thdng As: y = —3x + 4 tai diém c6 tung do bang —2.

3 1 3 1 3 1 3 1
@a—z,b—Q. a—fl,b—i. ©a—71,b—7§ @a—i,b—f§
@ Loi giai.
Goid: y = ax + b va giao diém ctia d v6i A; va A, 1an legt [a A va B.
yp—4 —2—-14

Tacéd A(—2;ya) voiysa =2 - (—2)+5=1va B(xp;—2) véiaxp = 5 = 3 =2
a 3
—2a+b=1 =7
C6 A(-2:1) € dva B(2—2) cdnén | = 4
2a+b= -2 b:—l
2

& Chon dap An (C).......ooo it
Cau 24. Tim gid tri thirc ctia tham s6 m dé ba duong thdng y = 22, y = —2 — 3 va y = ma + 5 phan biét va dong
qui.

@mz—?. B m = 5. ©m:—5. @mz?.
@ Loi giai.
Phuong trinh hoanh dé giao difm ciay =2z vay = —z —-3la2x = -2 -3 e r=-1=y = -2
Ba duong théng y = 2z, y = —x —3vay =mz + 5 doéng qui & (—1;-2) € d3 v6idz: y =mz +5
S-m+5=-2&m="T.
Kiém tra v6i m = 7 thi ba duong théng trén phan biét.
& Chon dép 4n @ ................................................................................................................
Cau 25. Tim gi4 tri thyc ctia tham s6 m dé ba duwong théng y = —5(x + 1), y = max + 3 va y = 3x + m phan biét va
doéng qui.

A m #3. B)m = 13. ©m=-13. D)m = 3.
@ Loi giai.
Phuong trinh hoanh do giao diém ctay = —5(z + 1) vay =3z +mla -5z +1) =3z +m &z =

y=—5 <_m8_5 + 1) - —g(—m+3).

-m—35
8
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. A 1 5)
Ba duong thang y = 2x,y = —x—3vay = mx+5 dong qui & (g(—m —5); —g(—m + 3)) € dsvéids: y =mxz+3

1 5
g(—m—5)m+3:—§(—m+3)
< —17712—|—§m—|—3—§ _ 5B
8 8 -8 8
1 , 39
& —= — =0
8 +8
1, 10 39
s —mi-— — =0
g TR
m=3
=
m=—13

Kiém tra v6i m = 3 thi hai duong thdng y = ma + 3 va y = 3x + m trung nhau nén loai m = 3.

Kiém tra v6i m = —13 thi ba duwong théng trén phan biét nén nhan m = —13.

& Chon déap 4n © .................................................................................................................
Cau 26. Cho ham s6 y = = — 1 c6 db thi la duwong A. Duong théng A tao véi hai truc toa ddo mot tam giac c6 dién
tich S bang bao nhiéu?

1 3
@S:i B S=1 ©s=2 ®S:§'
@ Loi giai.
C6 AN Ox = A(xo;0) v6i 29 = yo + 1 = 1. Suy ra A(1;0).
ANOy = A(0;y0) v6i yo = g — 1 = —1. Sug ra B(0; —1).

Dién tich tam gidc tao thanh S = 3 1]-]-1= 3

& Chon dép an @ .................................................................................................................
Cau 27. Tim phuong trinh duong thing d: y = az + b. Biét duong thang d di qua diém 1(2;3) va tao véi hai tia Oz,
Oy mot tam gidc vudng can.

@y:x—&-& yz—x—|—5. ©y:—x—5. @y:x—&
@ Loi giai.
Duong théng d di qua diém 1(2;3) nén 3 = 2a + b.

d cét truc Oz tai diém | ——,0 ) va cét truc Oy tai diém (0, b).
a

b

d tao v6i hai tia Oz, Oy mot tam gidc vuong cdn nén a > 0,b > 0 va —— = b. Suy ra b = 0 (loai do b > 0) hodc
a

a=-—1.

Ta c6 hé {

20 +b=3 a=-1
& .Sugray = -z +5.

a=-—1 b=5
& Chon dAP AN (B)... ... .o

Cau 28. Tim phuong trinh duong théng d: y = az + b. Biét duong thing d di qua diém 1(1;2) va tao v6i hai tia Oz,
Oy mot tam gidc c6 dién tich bang 4.

®y=—2x—4. y:—2x+4. @y:2x—4. ®y=2m+4.

@ Loi giai.
. R b . A b
d cét truc Oz tai diém <—7,O> va cat truc Oy tai diém (0,0). C6b>0va—— >0néna < 0.
a a

. . 1 b
Puong thang d: y = ax + b tao véi hai tia Oz, Oy mot tam gidc c6 dién tich bang 4 nén —3 —-b=4.
a
b2
Ta c6 hé 2 e 2 & { 5 (thoa b > 0vaa < 0).
a=—— a=-
8 a=——=

Viyy = -2z + 4.

Qe Chon dAp A1 (B). ... ettt

Cau 29. Duong théng d: Ty % =1, (a #0,b # 0) di qua diém M (—1;6) tao véi cac tia Oz, Oy mot tam gidc c6
a

dién tich bang 4. Tim S = a + 2b.

@S:_? Sz%ﬁ, © s = 10. D)S =6.

@ Loi giai.
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. N 1
Ta c6 duong thang d: z + % = 1 tao vdi hai tia Ox va Oy mot tam giac c6 dién tich bang 4 nén 3 ab=4<ab=2_8.
a
8

ab=8 a=- —b%+48 =8b b—4 b=—12
Ta c6 hé 1 6 & b & 8 & (nhén) v 2 (loai).
——+-=1 _§+§_1 a= - a = a=—=

Vaya+2b—=2+2-4=10.
& Chondépén@ .................................................................................................................

Cau 30. Tim phuong trinh duong théng d: y = ax + b. Biét duong théng d di qua diém 7(1;3), cét hai tia Oz, Oy va
cach gbc toa do mot khoang bang /5.

@y:2$+5. y:—2x—5. ©y:2w—5. @y:—2x+5.

@ Loi giai.

. R b . .
d cét truc Oz tai diém (—7, O) va cat truc Oy tai diem (0, b).
a

. < . 1 1 1 1 1 2
Do d cét hai tia Ox, Oy va cach géc toa dd mot khoang bang /5 nén ] + ) & E= b—z—i—% & 5(a?+1) = b2
Céb>0vé—é>0néna<0
a
. a+b=3 a=3-b a=3->
d di qua diém 7(1;3) nén ta c6 hé ) , © ) , & )
5(a®+1) =b 5((3—b)2+1)=b 50 — 30b + 46° = 0
5
G/—§ a=—
& 1 (loai do a < 0) hoéc{ _x (nhan). Suyray = -2z +5
b= — -
2

Cau 31.

DG thi hinh bén la d6 thi ctia mot ham s6 trong bén ham s6 duogc liét ké 6 bén phuong an A,
B, C, D duéi day. Héi ham s6 d6 1a ham s6 nao?

@y:z+1. y:fx+2. ©y:2x+1. @y:forl. \

@ Loi giai.
R o ax . . a+b=0 a=-—1
Nhin vao d6 thi ta thAy do thi ham s6 di qua 2 diém (0, 1) va (1,0) nén ta c6 hé b1 &= PR Do dé
y=—-x+ 1.
& Chon dép an @ ................................................................................................................
Cau 32. Ham s6 y = 2o — 1 c6 d6 thi 1a hinh nao trong bén hinh sau?
Y Y Yy Y
0| 1@ 0| 1 0| 1 0| 1@
-1 7 -1 -1

@ Loi giai.

1 2 A <
Tacé (0,—1) va <§,O) la 2 diém thudc do thi ham s6 y = 2z — 1.
Ta thay chi c6 do thi sau la phu hgp.
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Y
0| K
-1
& Chon déap 4n @ .................................................................................................................
Cau 33.
Cho ham s6 iy = ax + b c6 d6 thi 1a hinh bén. Tim a va b. y

Aa=-2vab=3. a:—gvébzl
©a=-3vab=3. @a:gvéb:&

@ Loi giai.
b=3 a= §
D6 thi ham s6 y = az + b di qua 2 diém (0, 3) va (—2,0) nén ta c6 hé 2.
&, Chon d4p an @ ................................................................................................................
Cau 34.
D4 thi hinh bén la dé thi ctia mot ham s6 trong bén ham s6 dugc liét ké & bén phuwrong y

an A, B, C, D du6i day. Hdi ham s6 d6 la ham s6 nao?

Wy =zl ®y=-z 1

© y = |z| véiz < 0. @y:—xvc’xix<0.

@ Loi giai.
X . 2 b=20 a=-1
Vé6i x < 0, do thi ham s6 y = ax + b di qua 2 diém (0,0) va (—1,1) nén ta c6 hé { etbo1 & {bO . Suy ra
y=—2x.
Vay phuong én y = |z| v6i < 0 phu hop.
& Chon dap AN (A). ... ..o

Cau 35.
D4 thi hinh bén la dé thi ctia mot ham s6 trong bén ham s6 dugc liét ké & bén phwrong y
an A, B, C, D du6i day. Hdi ham s6 d6 la ham sb nao?

/N
@yzlw\ y:\x|—|—1_ ©y:1—|x\. @y:|x|—1.

@ Loi giai.

.Suy ra

R ) 2 a+b=0 a=-1
Véi z > 0, d6 thi ham s6 y = az + b di qua 2 dieém (0,1) va (1,0) nén ta c6 hé &

b=1 b=1
y=—x+ L

2 5 ; —a+b=0 =-1
Véi x < 0, do thi ham s6 y = az + b di qua 2 diém (—1,0) va (0,1) nén ta c6 h¢ {b _al & {Z_ 1 .Supra
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y=x+ 1.
Vay dé thi ham s6 trén R la y = |z| + 1.

By Chom dap A0 (B). ... e ettt

Cau 36.

D6 thi hinh bén la do thi cia moét ham s trong bén ham s6 dugc liét ké & bén y
phuong 4n A, B, C, D duéi day. Héi ham sb d6 1a ham s6 nao?

U U

) 0 T
Ay =z + 1L By =2z| + 1. ©y=|22+1]. Dy = |z + 1.
@ Loi giai.
R . . b=1 a=2
Vé6i x> 0, do thi ham s6 y = ax + b di qua 2 diém (0,1) va (1,3) nén ta c6 hé o3 & b 1.Sug ra
a = =

y=2z+ 1L
Véi x < 0,dd thi ham s6 y = ax+b di qua 2 diém (0, 1) va déi xtiing véi do thi ham séy = 22+ 1. Sugray = —2x+1.
Vay do thi ham s6 trén R la y = 2|z| + 1.

B Chomn dap A0 (B). ... v ettt

Cau 37.

Db thi hinh bén 1a dé thi ciia mot ham s6 trong bén ham sé duoc liét ké & bén y
phuong an A, B, C, D duéi day. Hoi ham s6 d6 1a ham s6 nao?

Ay = |2z +3|. ®y=|20+3 -1

©y=|z—2| @y:\3x+2|—1.

@ Loi giai.

3 4 ‘ ; 3 —Sa+b=-1 f[a=2

Véiz > —i,dﬁthihémsﬁy:am—i—bdi qua 2 diém (—5,—1> va (0,2) nén ta c6 hé 2¢ & {b
b=2
Supray=2r+2=(2x+3)— 1.
3

— N . 5 ——a+b=-1
Voi x < —3, do thi ham s6 y = ax + b di qua 2 diéem <f§,71> va (—2,0) nén ta c6 hé 2a+ &

2 2 —2a+b=0

b= —4
Vay do thi ham s6 trén R lay = |2z + 3| — 1.

Qe Chon dap A1 (B). ... v ittt

Cau 38.

a=-2
{ .Sugray=-2x—4=—-2x+3)—1.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
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an A, B, C, D duéi day. Hoi ham s6 d6 la ham s6 nao?

2z —3khixz >1

@ﬂmz{

x—2khiz <1’

2x —3khix <1

ﬂx)z{x?khile ’

3z —4khiz>1
—zkhiz <1

Dy =|z-2|

@ﬂ@={

-3

@ Loi giai.

X . . a+b=-1 a=1
Vé6i z > 1, do thi ham s6 y = ax + b di qua 2 diém (1, —1) va (2,0) nén ta c6 hé %atb—0 & N Suy ra

a = = —

y=x—2.

. ; . a+b=-1 a=
Vé6i z < 1, d6 thi ham s6 y = ax + b di qua 2 diém (1,—1) va (0, —3) nén ta c6 hé b _3 & b 3.Suy
ray =2z — 3.

B Chom dAp A0 (B). ..ottt e
Cau 39. Bang bién thién & duéi la bang bién thién ctia ham s6 nao trong cac ham s6 duwgc cho & bén phwong 4n A,
B, C, D sau day?

x —00 — —+00

“+00 400

f(@) \ /

0

A y=2z—1 ®y=|22—1]. ©y=1-2z
@ Loi giai.
Phuong 4n y = 2z — 1 ¢6 2 > 0 nén ludn dong bién trén R (loai y = 2z — 1).
Phuong 4n iy = 1 — 22 ¢c6 —2 < 0 nén ludn nghich bién trén R (loai y = 1 — 2x).
Phuong é4n y = —|2x — 1| 6 gid tri trén R luén am (loai y = —|2z — 1|).
Vay chi con phuwong an y = |22 — 1| 1a phu hgp véi bang bién thién da cho.
Qe Chon dap A1 (B). ... ee ettt
Cau 40. Bang bién thién & dudi 1a bang bién thién ctia ham s nao trong cac ham s6 dugc cho & bén phuong én A,
B, C, D sau day?

Dy = |20 - 1.

4
x —00 — +OO
3
+oo —+o00
f(x) \ /
0
@y:|4x+3|. y:\4x—3|. ©y:|—33§—|—4|. @y:|3x+4\.

@ Loi giai.
. A 2 2 4
Nhén thay ham so cat truc Oz tai diém c6 hoanh dé la 3 nén chi ¢6 phwong én y = | — 3z + 4| 1a phu hop.

& Chon dadp AN (C).......ovveee oo
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HAM SO BAC HAI

(A) TOM TAT LY THUYET

@ HAM SO BAC HAI

Ham s6 bac hai 1a ham s6 c6 dang y = ax? + bx + ¢ trong dé a, b, c la céc hang s6 va a # 0

D6 thi ctia ham s6 y = az? 4 bx + ¢ dwoc goi la mot Parabol.

SU BIEN THIEN VA DO THI CUA HAM SO BAC HAI

£ 1x < b
® Ham sb dong bién trén khoéang (72—; +oo).
a

Ham s6 y = az? + br + ¢
a>0 a<0
T —00 ;b —+00 x —00 ;b —+00
2a 2a
400 +o0 —A
4a
y ~ -~ fy .
4a —00 +00
A . A 2 b b A A s A A 2 b
® Ham s6 nghich bién trén khoéng | —oo; %4 )" ® Ham s6 déng bién trén khoang | —oo; ~54)
a

®@ Ham sb nghich bién trén khoang <—2£; —|—oo>.
a

0 D x
" 2a
b A
©® Toa do dinh I (f—; f—).
20’ 4a
® Truc d6i xtrng la duong thing x = 5
a

Dac biét

. . A
® Khi a > 0 ham s6 dat gia tri nhé nhat 1a y,,;, = - tai x = —5a
a a

< < A b
® Khi a < 0 ham sb dat gi tri 16n nhat 1a y,,,, = 1 tai z = ~ 3
a a
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CAC BUOC VE PARABOL: (P) : y = ax® + bz + ¢ (a # 0)

B1. Xac dinh toa d6 dinh I (—i; —é)
2a° 4a
. b ;
B2. Xéac dinh truc doi xttng A : x = ~5a va hudng bé 16m ctia parabol.
a

B3. Lap bang gia tri, xac dinh cac diém thudc (P).

B4. Cén ctt vao tinh déi xitng, bé 16m va hinh dang parabol dé néi céc diém dé lai.

& Vidu 1. Cho ham s6 y = —x? + bx + 2 ¢6 dd thi la parabol (P). Lap bang bién thién va vé dé thi ham s6

da cho, biét rang (P) c6 dinh ndm trén duong théng r = —2.
@ Loi giai.
. . b —b
Vi dinh ctia parabol nam trén duwong thang x = —2 nén g = -2 & m = -2 & b= —4 Khidétaco
a . p—
(P):y=—a?—4z+2.
® Bang bién thién
T —00 —2 +00
6
—0 400
® Vé db thi ham sb.
Toa do dinh cta parabol (P) 1a I (—2;6).
Truc d6i xitng A : z = —2, bé 16m huéng xudng dudi.
Béng gi4 tri xac dinh c4c diém thudc (P):
x| -3]-2]-1
y| 5] 6

Db thi ham s6

& Vidu 2. Cho ham s6 y = —222 + bz + ¢ c6 db thi la parabol (P). Lap bang bién thién va vé dd thi ham s6
da cho, biét rang (P) di qua diém A(1; —2) va hoanh do cta dinh la 2.

@ Loi giai.
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b
Vi hoanh do dinh cta parabol la 2 nén “9g = 2& ) =2 b=28Khid6 (P):y=—-222+8z+c

Mat khac (P) di qua diém A(1;—2)nén —2 = —-2-(1)2+8-1+c< c= -8
Vay (P) : y = —222% + 8z — 8.

® Bang bién thién

—00 “+0o0

®@ Ve d6 thi ham sb.
Toa d¢ dinh cta parabol (P) la I (2;0).
Truc déi xitng A : 2 = 2, bé I6m hwéng xudng duéi.
Bang gia tri xac dinh cac diém thugc (P):

y | 2]0]-2

D4 thi ham sb

& Vidu 3. Cho ham s6 y = 22 + bx + ¢ c6 do thi la parabol (P). Lap bang bién thién va vé do thi ham sé da
cho, biét rdng (P) c6 dinh I(—1;—2).

@ Loi giai.
- =1
Vi (P) c6 dinh 1a I(—1; —2) nén 2a
Ae(P). (2
(1)@—%:_1@1):2
2)e —2=(-1)2+2(-1)+cec=—1
Vay (P) :y = 2% + 22 — 1.
© Bang bién thién
T —00 -1 400
+00 400
f(x) \ /
—2

® Vé do thi ham s6. Toa d dinh cta parabol (P) la I (—1; —2).
Truc déi xitng A : z = —1, bé 16m huwéng Ién trén.
Béng gi4 tri xac dinh céc diém thugc (P):
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D4 thi ham sb

X
E THIEU BTTL BO SUNG SAU %
CAU HOI TRAC NGHIEM KHACH QUAN
Cau 1. Tim tap xéc dinh 2 ctia ham s6 y = i 2
®2=[-22 ® 7= (-2:2)\ o). ©@ \{0}. D®27-=R
@ Loi giai.
Ham s6 xac dinh khi va chi khi
2—x>0 xr <2
r+2>0&=<e>-2&xe[-2;2]\{0}.
x#£0 x#£0
Vay 7 = [-2;2]\ {0}
&, Chon dép an @ .................................................................................................................
< 2 1
Cau 2. Tim tap xac dinh 2 cia ham s6 y = /6 — = + #%
A) 7 = (1;+00). B) 7 = [1;6]. ©2=R (D) Z = (—o0;6).
@ Loi giai.
Ham s6 xac dinh khi va chi khi
6—x2>0 xr <6
x—1>0 slr>1 <z € [1;6].

1+vVae—-1#0 Va —1# —1 (ludon ding Vz > 1)

Vay 2 = [1;6].
& Chon AP A0 (B). ...
Cau 3. Tim tap xac dinh Z ctia ham s6 y = x—”
Va2 —4x +4
A) 2 = [-2; +00) \ {0;2}. B2 =R
© 2 = [-2;+). D)2 = (—2;+00) \ {0;2}.
@ Loi giai.
Ham s6 xac dinh khi va chi khi
r+2>0 x> -2
x#0 Sr#0 S axe[-2;+00))\{0;2}.

22 —4dx+4>0 x#2
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Vay 7 = [-2;+00) \ {0; 2}
&, Chon dép an @ .................................................................................................................
Cau 4. Tim tap xac dinh Z ctia ham s6 y = %\M
@A) Z = [0; +00). B) 2 =[0;+00)\ {9}. (© 2 ={9}. D)2 =R.
@ Loi giai.
Ham s6 xac dinh khi va chi khi
>0 z20 >0
x
{ 7{ 60 & { Vx # —2 (ludn ding) < {m;g
x —_ _ x .
Vi3
Vay 7 = [0;+00) \ {9}.
Qp Chom dap A0 (B). ... vttt

Cau 5. Tim tap xéc dinh 2 ctia ham s6 y =

@7 =4 ® 7 = (1:4)\ {2:3).
© 2= 1,4 \{2 3}. @9:(—00;1]U[4;+oo).
@ Loi giai.
Ham sb xac dinh khi va chi khi

r—1>0 r>1
—z> <
;1—92:;3@ z;§®m€[1;4]\{2;3}.
r—3+#0 T#3
Vay 7 = [1;4] \ {2;3}.
& Chon dap AN (C)........veeee e
2018
Va2 =3z +2— a2 —
A) 2 =R\ {3}. _@—]R.
(© 2 = (—00;1) U (2; +00). D)2 =R\ {0}.
@ Loi giai.
Ham s6 xac dinh khi va chi khi

Cau 6. Tim tap xéc dinh 2 cta ham s6 y =

Va2 —3x+2- Va2 —T4£0e 2> —3x 42422 T3

Vay 7 =R\ {3}.
& Chon dép 4n @ .................................................................................................................

Cau 7. Timtépxécdinh@cﬁahémséy:| ERTEE
x — x x

A 2 =R B) 2 =R\ {0; -2} © 2 = (-2;0). D) 2 = (2;+).
@ Loi giai.

T =2
Xét|x—2|+|a:2+2x|:o<:>{2 el [z=0 szeco

¢ +2x =0

r=-2
Do d6 ham s6 da cho xac dinh khi va chi khi |z — 2| + |x2 + 2m} #0,supraxz € R. Vay Z = R.
& Chon dap AN (A)..... .o
2z -1
rlr—4]
A) 2 =R\ {0;4}. B) 2 = (0;+0). © 2 =[0;+00)\ {4}. (D2 = (0;400) \ {4}.
@ Loi giai.
Ham s6 xac dinh khi va chi khi

Cau 8. Tim tap xac dinh Z ctia ham s6 y =

{TI>04| ~0 & {i ; 2 <z € (0;+00) \ {4}

Vay 7 = (0;+0) \ {4}.
&, Chon dép an @ ................................................................................................................
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/5 —3|z]

55 x2+4x+3
@9:{*5;5}\{*1}. .@:R
5 5) { . 5}
B 33 —1. = _—— -
©9 (3’3 V=i @9 3’3
@ Loi giai.
Ham s6 xac dinh khi va chi khi
‘J}|<§ —§<x<§
5-3z[>0 =3 3 ST 3 { 5.5} 1
I E e el F T R A R TR
xr# =3 x # -3

5 5}
ay 2= |—2; 2|\ {1}
Vay 7 {3,3 V-1
& Chon dép an (A)

Cau 10. C6 bao nhiéu gia tri nguyén cta tham s6 m thudc doan [—3; 3] dé ham s6 f(x)

bién trén R.

@A

@ Loi giai.

®B)5.

(m+ 1)z +m — 2 dong

D)s3.

© 4.

Dé ham s6 f(x) = (m + 1)x + m — 2 dong bién trén R thim +1 > 0 < m > —1.

meZ
Do = m € {0;1;2;3}.

m € [—3;3]
Vay c6 4 gia tri cia m théa yéu cau bai toan.
& Chon dé4p 4n @

Cau 11. Trong cac ham s6 sau day, ham s6 nao la ham s6 187

Ay = 22018 — 2017.

©y:\/3+zf\/3fx.
@ Loi giai.

Yy =2z + 3.

y=|z+3|+]|z—3|

®

Tir 4 dép én trén, ta thiy hamséy = /3 + 7 — V3 — 2 ¢6
® Tap xéc dinh 2 = [-3; 3] la tap dbi xtimg, viVe € Z = —z € 9.

@ May(—z)=vV3—z—V3+z=—yx

).

Vay ham s6 y = v/3 + 2 — /3 — z la ham s6 1é.

& Chon dép 4n (C)

Cau 12. Trong céc ham s6 sau day, ham s6 nao la ham s6 ch&n?

@y: |+ 1] + |z —1].
@ Loi giai.

yz\x+3|+\x—2|.

©y:2x3—3a:.

Tir 4 dap én trén, ta thiy ham sb y = |z + 1| + |z — 1| ¢6

® Tap xé4c dinh 2 = R la tap déi xtrng, viVer € 2 = —x € 2.

© May(—s) = |—w+1]+| -z 1] =

|z — 1] + |z + 1| = y(z) Yz € 2.

Vay ham s6 y = |z + 1| + |2 — 1| la ham s6 chén.

& Chon déap 4n @

Cau 13. Trong cac ham sb6 y

x + 2015 + |z — 2015
y=a(le| - 2).y= |+ |

@A) 1.

|z + 2015 — | — 2015
2.
@ Loi giai.

®@ Véihamséy = |z +2| — |z — 2| tacé

e + 2| — |z — 2|, 22 + 1| + V4?2 —4x+1,

c6 bao nhiéu ham s6 1é?

©3. (D)4.

e Tap xéac dinh 2 = R la tap dbi xtmg, iVe € 9 = —x € 2V € 2.
e May(—z)=|-z+2|—-|—-2z—-2|=|z—-2|—|z+2| = —y(x) Vz € 2.

Vay ham s6 y = |z + 2| — |z — 2| ]a ham s6 1é.
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@ Véihamsby = |2z + 1|+ V4a? — 4z + 1= |22 + 1| + |22 — 1| ta cb
e Tap xéc dinh 2 = R la tap déi xtrng, iVe € 9 = —x € 2.
e May(—z)=|-2z+1|+|-2z—-1=2z—- 1|+ |2z + 1| =y(z)Vr € D Vz € D.
Vay ham s6 y = |22 + 1| + V422 — 42 + 1 la ham s chén.
® Véihams6 y = = (Jz| — 2) taco
e Tap xéac dinh 2 = R la tap déi xtrng, viVe € 2 = —z € 2.
e May(—z)=—z(|—2|—2)=—z(jz] —2) = —y(z)Vx € I Vx € D.
Vay ham s6 y = x (|z| — 2) la ham s6 1.

e 42015 4 o —2015]
Véih = t
® Véihamsb y 1 2015 — |z — 2015 aco

e Tap xac dinh 2 = R\ {0} la tap déi xting, iVz € Z = —z € 2.
| =2 +2015|+|— 2z —2015| |z —2015|+ |z +2015|
| =2 4+2015| — | — 2 —2015| |z —2015| — |z +2015]

e May(—x) —y(z) Ve € I Vx € 2.

Vay ham s6 y = [ + 2015] + | — 2015| la ham s6 1&
: |z + 2015| — |z — 2015] '

Vay c6 tat ca la 3 ham s6 1é trong cac ham s6 da cho.

& Chon dap AN (C).......vvveee e

—23-6 < —2
Cau 14. Cho ham s6 f(z) = { |z| ; —2 < « < 2. Khéng dinh nao sau day ding?
2 —6 s> 2
(A) f(z) a ham s l&. f(z) 1a ham sb chén.

(C) Db thi ctia ham sb f(z) déi xting qua gbc toa do. ®D6 thi ctia ham sb f(x) d6i xtrng qua tryc hoanh.
@ Loi giai.
Tap xdc dinh 2 =R nénVe € 9 = —z € 2.

—(—x)3—6 —x < =2 22— 6 s> 2
Tacé f(—z)={ | — x| 2 < —x <2 =/ |7 i —2<2<2 = f(2).
(—2)* 6 —r>2 (-2’6 jo < —2

Vay ham sb da cho la ham s6 chén.
Qp Chomn dap A0 (B). ... e ettt
Cau 15. Tim diéu kién ctia tham s6 dé cac ham s6 f(z =)az? + bz + ¢ 1a ham s6 chén.

Aatyhgb=0c=0. Batuyyb=0ctiygyg. (C a,b, ctiyy. (D)a tiy g, bty G, ¢ = 0.
@ Loi giai.
Tap xdc dinh 2 =R nénVer € 9 = —x € 2.
Dé f(x) la ham s6 chan thi

f(=z) = f(x),Vzr € R
s a(-2)? +b(-z)+c=azx’ +bx+c,Vr eR
& 200=0,VreR& b=0.

Vay f(z) 1a ham s6 chén khi va chi khi a tuy g, b = 0, ¢ tuy y.
B Chon dap AN (B). ...ttt

£ 1
Cau 16. Ham s6 y = Al xéc dinh trén [0; 1) khi
) z—2m+1 )
®m<§. mzl. ©m<§hoécm21. @mZQhoéem<1.
@ Loi giai.
Ham s6 xac dinh khiz —2m + 1 #0& z # 2m — 1.

1
2m—1<0 m< —
=

2m —1>1

& Chon dap AN (C).......vvviee oo

Do d6 ham sb da cho x4c dinh trén [0; 1) khi
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4 2
Cau 17. Himsby = R
- 2224+ 1
@A) [-2;-1) U (1;3]. (—2;1]U[1;3).
© [-23]\ {1}. D)[-2;-1) U (~1;1) U (1;3].
@ Loi giai.
Ham s6 da cho xac dinh khi va chi khi

— 1 ¢6 tap xéc dinh la

4 2 2
T 3z +x+7 >0 ¢4+ x+6

— <:>7
=2z 41 = (x2 -1)* ~
2+ +6>0 —2<x<3
9 =4
2 —1+#0 x # =+l

Vay tap xdc dinh cia ham s6 1a 2 = [—2; 1) U (—1;1) U (1; 3].
& Chon dép 4n @ ................................................................................................................

Cau 18. Ham s6 y = c6 tap xac dinh la

Va2 -3+ -2
7
@ (~o0; —v3) U (V3 +o0). (o0 —v3] U [V +o0) \ {1}.
7 7
© (—o00; —v3) U (V3 +00) \ {Z}' (D) (—o0; —v3) U <\/§; Z)'
@ Loi giai.
Ham o6 da cho xdc dinh khi va chikhi §© >~ "
am s6 da cho xé4c dinh khi va chi khi
' V2 -3+x-2#0.
< —V3
Tac6z2—-3>0<
xZ\/g.
2-2>0 T <2 7
XétvVa? —3+2-2=0& Va2 -3=2-x& ¢ , , & 7T e xr=—.
x*=3=(2-1) T=7 4
Suyra\/m2—3+x—27é0<:)x7é£.
Vay ham s6 c6 tap xéc dinh 2 = (foo; - 3} U [\/§;+oo) \ {g}
& Chon dap AN (B)........veeee oo
Cau 19. Chohaihémséf(x):|x+2\—|x—2\vég(x): 4+x + 1. Khi do
@ f(z) va g(x) cung chan. f(z) va g(x) cung lé.
© f(z) chén, g(z) 18. @ f(z) 1&, g(z) chan.
L;nglal
Hai ham sb f(z), g(x) c6 cung tap xac dinh 2 = R.
@ Véi f(z) =]z +2|— |z —2|taco
f—x)=|—az+4+2|—|—x-2|=|z—-2|- |z +2|=—f(z),Vx € 2.

Suy ra f(z) la ham s6 18.

@ Véigx)=—2*+22+1taco

Suy a g(x) 1a ham s6 chén.
Vay f(x) 1a ham s6 1, g(z) 1a ham s6 chén.
& Chon dép an @ ................................................................................................................

Cau 20. Him sy = c6 tap xac dinh la

o —2
® (200 @+0). B (02U +20). © (-oo;-2U©0:2).  D)(~00:0)U (2 +00)

@ Loi giai.
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Ham s6 da cho xac dinh khi va chi khi

>0 x>0 x>0
3 |z] —2>0 |z| > 2 r< —=2Vax>2 x> 2
>0« & & &
|| —2 <0 z<0 <0 —2<z<0.
|z] —2 <0 |z < 2 —2<z<2

Vay tap xéc dinh la 2 = (—2;0] U (2; +00).

& Chon dap AN (A). ... .o
z+1
r—2m+1

@m<%. ®m>1 ©M<%hoécm21, ®m22h060m<1.
@ Loi giai.

Cau 21. Himsb y = xac dinh trén [0; 1) khi

®@ Tap xéc dinh 2 = R\{2m — 1}.
® Ham s6 xéc dinh trén [0; 1) khi {2m — 1} ¢ [0;1)

1
2m—1<0 < =
@ Khi d6 e |0
2m—1>1" |

& Chon dap AN (C).......vvveeee oo
Cau 22. Gia tri nho nhat ctahamsby =2 — 2z +21a
@) —4. B -3. —2, D) -1.
@ Loi giai.
Ham s6 xac dinh khi 2 > —2.
Khiddy=2—-2V7+2=a+2-2/2+2+1-3=(Va+2-1)°-3> -3
V4ay gié tri nhé nhét ctia ham s6 bdng —3 khi vz +2—-1=0= 2 = —1.
Qe Chon dap AN (B). ... et

v/2 + 1
x24+2x—m+1
@le. m<0. ©m>2. ®m§3.
@ Loi giai.
Ham s6 c6 tap xac dinh la R khi 22 4+ 22 — m + 1 # 0 v6i moi z € R.
Hay phuong trinh 22 + 22 — m + 1 = 0 vd nghiém & A =4 —4(1 —m) <0< m < 0.
& Chon dap 4n (B)......oooi it

Cau 24. Ham sb6 nao trong cac ham s6 sau khong la ham s6 chén ?

2
@y:p_x——l—l y:|1+2x|+|1—2x|.

Cau 23. Tim m ham s6 y = c6 tap xac dinh 1a R

x|+ |2+ x|
@y:\3/2+x+\3/27x+5. @y:\3/27x7\3/2+x.
@ Loi giai.

Xéthamsby = f(z) = V2 —x — /2 F r tacod
® Tap xé4c dinh 2 = R.
@QOVrcP=—xc .
@ f(~r)=VIta -2 s=— (V27— VTTx)=—f(a)
@ Vay f(x) la ham s6 l&.

& Chon dép an @ ................................................................................................................

Cau 25. Ham s6 nao trong cac ham s6 sau la ham s6 1&

z?+1 1 5
Wy=le-1+lz+1. ®y= — Oy=—F—+5— D)y =1- 3z + 5.

@ Loi giai.

2 +1

Xétham sb y = f(z) =
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®@ Tap xéc dinh 2 = R\{0}.

@OVeeP= -1

(2’ +1  2*+1
(—2) @

®@ Vay f(z) l1a ham s6 1é.

© f(-z) =

—f(z),Vz € 2.

Qe Chon dAp A1 (B). ... ittt
Cau 26 (0D2B1-2). Ham sé y = V22 — 2 — 20 + /6 — z ¢6 tap xéc dinh la

@ (—o0; ) U (56 B (—00;—4) U (5:6). (O (—o0;—4)U[5;6]. D) (—o00;—4) U[5:6).
@ Loi giai.

‘ 2_2-20>0 _5 >0
Ham s6 x4c dinh khi v = @{(I )z +4) >

6—x>0 r <6
Xét (x —5)(x +4) > 0.

r—52>0 x>5
® Truong hop 1: { {

< =
r+4>0 x> —4

z—5<0 z <5
® Truong hop 2: { {

= <
r+4<0 < —4

Két hgp diéu kién z < 6 ta c6 tap xac dinh cta ham s6 1a Z = (—oo0; —4) U [5; 6].
& Chon dap An (C).......ooii i

3
Cau 27. Ham sb y = ||3372 c6 tap xéc dinh Ia
\ iz =

(&) (~2;0] U (2; +00). (=005 —2) U (05 4-00)
- (© (=003 —2) U (0;2). (D) (—00; 0) U (2; +0)
Loi giai.
’
Ham s6 xac dinh khi m >0
250 x>0
® Truong hop 1: ||_2>0@ r>2 Sx>2
zl —
r< —2
22 <0 <0
® Truong hop 2: = & —2<z<0.
|z —2 <0 -2<z<2

Vay tap xéc dinh 2 = (—2;0] U (2; +00).
& Chon dép an @ .................................................................................................................
Cau 28. Cho ham s6 f(x) = |z + 2| + |z — 2| va g(x) = 23 + bz. Khl dé

(A f(z) va g(x) déu la ham 6 I&. f(z) va g(z) déu 1a ham s6 chén.
(© f(z) 1, g(z) chén. @f( ) chén, g( ) 1é.
@ Loi glal

@ Xéthamsb f(x) = |z + 2| + |z — 2| taco

e Téap xac dinh 7 = R.

eVrec P =—x€ .
fl—x)=|—z+2/+|—z-2|=|z-2|+|z+2| = f(x),Vx € 2.
Vay f(z) 1a ham s6 chén.

® Xét ham s6 g(r) = 2* + 52 ta c6
e Téap xac dinh 7 = R.
eVreP=—xe€P.
o g(—x) = (—2)* + 5(—x) = — (2® + 5z) = —g(x),Vz € 2.
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e Vay g(z) la ham s6 18.

& Chon dép &n @ ................................................................................................................
Cau 29. Trong cac ham s6 sau, ham sb nao khéng phai ham s6 chén
ADy=lz—5/+]z+5. By=z*—a2+12 ©y=1-z|+|z+1] @y: |22 — 1| + .
@ Loi giai.
Xétham by = f(z) = [2% — 1| + z ta c6
® Tap xéc dinh 2 = R\{0}.
® Taco f(1) =1ma f(—1) = —1suyra f(—1) # f(1).
® Vay f(z) khong phai 1a ham s6 chén.

& Chon dép 4n @ ................................................................................................................
Cau 30. Trong cac ham s6 sau, ham sb nao gidm trén khoang (0;1)?

1
@y:xQ. y:x3. ©y:; @y:\/a?
@ Loi giai.
< 1
Xét ham s6 y = - trén khoang (0; 1) ta c6

@ Vzi,72 € (0;1), 71 # To.

@Xétf(xl)_f(xQ):<ifi). 1 _ 1 <0
Ty — T2 Ty T2 Ty — T2 T1X2
< 1
® Vay ham s6 y = — gidm trén khoang (0; 1).
T
& Chon dap An (C).......oooi it
Cau 31. Him s6 y = x (1 — |z|) la ham sb
(A) chén. le. (C) khéng chén, khong 1¢. @ vira chdn, vira 1é.

@ Loi giai.
Xétham sbéy = f(z) = 2 (1 — |z|) tacé
® Tap xac dinh 2 = R.
@OVreP=-—xeg.
© f(-2)=(-2)(I—|-z) = -z (1 - |z]) = —f(a)
@ Vay f(z) la ham s6 1é.

Qp Chon AP A1 (B .. ettt

< 1-—
Cau 32. Choham sb y = f(x) = H—z Heé thic nao sai?
1

® 1@ =-r(3). ® F1F(f())] = f(z).
© flz+1) = f(z) +1. © (-

@ Loi giai.
Xét f(z+1) = f(z) + 1taco
l—(zx+1) -z
NG Al vy gy s e
11—z 2
O] f(x)+1:1+x+1:1+x.

@ Vay f(z + 1) # f(z) + 1 hay khang dinh f(z + 1) = f(z) + 1 la sai.
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&, Chon dép an @ .................................................................................................................
Cau 33. Cho (P) : y = 22 — 4z + 3. Ménh dé nao sau day dung?

(A) Ham s6 déng bién trén (—oo; 4). Ham s6 nghich bién trén (—oco; 4).
(C) Ham s6 déng bién trén (—oo; 2). @Hém s6 nghich bién trén (—oco; 2).
@ Loi giai.

Ta c6 parabol y = 22 — 4x + 3 c6 dinh I (2; —1). Bang bién thién nhu sau

Nhin vao bang bién thién ta thAy ham s6 nghich bién trén (—oo; 2).
&, Chon dép an @ ................................................................................................................

Cau 34. Trong cac ham s6 sau, ham s6 nao c6 doé thi di qua diém M (1;3) va truc d6i xitng = = 3?

@yz—x2+6x. y:x2+3x—1. @y:x2+2x—2. @y:—x2+6x—2.
@ Loi giai.
Ta thiy diém M (1;3) khong thuoc ham sé y = —2? + 62 nén loai dép én y = —22 + 6.
Ham s6 y = 22 + 32 — 1 ¢6 truc dbi xiing = = -3 nén ta loai dép én y = 22 + 3z — 1.
Ta théy diém M (1; 3) khéng thugc ham sé y = 22 + 22 — 2 nén loai dép én y = 22 + 22 — 2.
Ham s6 y = —2% + 62 — 2 di qua diém M (1;3) va cé truc dbi xitng = = 3.
&, Chon dép an @ ................................................................................................................
Cau 35. Cho ham s6 y = ax? + bz + ¢ (a # 0) c6 db thi (P). Khi dé, toa do dinh cta (P) la

b A b A b A b A
TS

@ 2a" 4a @ a  a @ 2a"  4a @ 2a° 2a
@ Loi giai.
Cong thtrc tinh toa do dinh ciia parabol (P) : y = az? +bx +c (a #0) la (——; ——)

a

& Chon dap An (C).......ooii i
Cau 36. Cho ham s6 y = 22 — 2z ¢6 d6 thi (P). Toa do dinh cta (P)

1

@ (0:0). (1:-1). © (-1:3). © (20
@ Loi giai.
Tacé (P) : y = 2% — 2x c6 toa do dinh la x = ;—5 Sr=1LViiz=1=y=-1
Vay toa do dinh ctia (P) : y = 22 — 2z 1a (1; —1).
By Chom AP AN (B). ..ottt e
Cau 37. Cho ham s6 y = 222 + 6z + 3 ¢6 dd thi (P). Truc déi xtng cia (P) la

@JJ:—%- y:—g- ©33:2- @x:—Q.
@ Loi giai.
Truc déi xitng cta (P):2x2+6x+3léx:—% Sr=-—

5.
Qs Chon dAp AN (B). .. . vttt
Cau 38. Cho ham s6 y = 22 + 2z — 3 c6 db thi la parabol (P). Truc déi ximg cta (P) la

@x:—l. a::l. ©x:2. @x:—z

@ Loi giai.

Truc d6i xtitng ctia (P) : 22 + 2x — 3lax = —% sr=-1

&, Chon dép an @ .................................................................................................................
Cau 39. Parabol y = 222 + z 4+ 2 c6 dinh la

®:(55) ®:(5)  01GF) ®:(-5-%)

@ Loi giai.
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1 15
Cong thitc toa do dinh ciia Parabol y = 222 +x +21a T (_1; g)

Qe Chon dap A1 (B). ... eee ittt
Cau 40. Gi4 tri nho nhét ctia ham s6 y = 22 + 2x + 3 béng
A 3. B) 5. © 4. D)2.
@ Loi giai.
Ham s6 y = 22 + 22 + 3 1a mot parabol c¢6 dinh I(—1;2). Bang bién thién nhu sau

x —00 -1 +00

Nhin vao bang bién thién ta thay gié tri nhé nhat ciia ham sé y = 22 + 2z +3lay = 2.
& Chon dép an @ ................................................................................................................

Cau 41. D6 thi ham s6 y = —2% + 2z + 3 cét truc hoanh tai méy diém?

@0. ®) 1. @3, @2,

@ Loi giai.

Phuong trinh hoanh d¢ giao diém ctia ham sé y = —22 + 2x + 3 va truc Ox la
9 r=—1
-z +2r+3=0&
r =3.
Vay dd thi ham s6 y = —2% + 22 + 3 cét truc hoanh tai hai diém.
&, Chon dép an @ ................................................................................................................
Cau 42. Cho ham s6 y = 22 — 4z + 7. Chon khang dinh ding?
(A) Ham s6 ddng bién trén R. Ham s6 nghich bién trén R.
(C) Ham s6 déng bién trén khoang (2; +00). @Hém s6 dong bién trén khoang (—oo; —2).
@ Loi giai.
Ta c6 dd thi ham s6 y = 22 — 4 + 7 1a mét parabol c6 dinh 1(2; 3). Bang bién thién nhu sau
T —00 2 +00
+00 +00
3

Nhin vao bang bién thién ta thy ham s6 déng bién trén khoéang (2; +00).
& Chon dap AN (C).......ovviee oo
Cau 43. Parabol y = 222 + 3z + 1 nhan duong thang

@A)z = % lam truc déi xtng. T = 72 lam truc déi xting.
3 < 3 <
@ z=—7 lam truc doi xing. @x =1 lam truc doi xing.
@ Loi giai.

NNg oS

. . b
Parabol y = 222 + 3z + 1 c6 truc déi xting la duong thang » = o Sr=—
a

Qe Chon dAp A1 (B). ..ttt
Cau 44. Parabol y = 22 — 4z + 4 c¢6 dinh la

A 1(1;1). B) 1(2;0). © 1(-1;1). D) 1(—1;2).
@ Loi giai.
Toa d¢ dinh cta parabol y = 22 — 4z + 4 1a 1(2;0).
Qe Chon dAP A1 (B). ...ttt
Cau 45. Cho ham s6 y = 22 — 2z + 2. Ménh dé nao sau day la sai?

(A) y tang trén (1; +00). y giam trén (1;4+00).  (C)y giam trén (—oo; 1). @y tang trén (3; 4+00).
@ Loi giai.
Ham s6 y = 22 — 22 + 2 la mot parabol c6 dinh (1;1). Bang bién thién nhu sau
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x —00 1 “+00

—+00 “+00
1

Duya vao bang bién thién ta thAy ménh dé sai 1a y gidm trén (1; 4+o00).
Qe Chon dap A1 (B). ... ettt
Cau 46. Ham s6 nao sau day nghich bién trong khoang (—o0;0)?
@y:\/iaﬂ—&-l. y:—ﬂxQ—Fl. ©y:\/§(a:+1)2. @y:—\/i(ﬂc—kl)z.
@ Loi giai.
Xét y = v/222 + 1, d6 thi ham s6 1a mot parabol c6 truc déi xitng 1a z = 0. Vi hé s6 a = v/2 > 0 nén ham s6 nghich
bién trén khoang (—oc; 0).
& Chon dép 4n @ .................................................................................................................
Cau 47. Ham sb nao sau day dong bién trong khoang (—1; +00)?
Ay =222+ 1. ®y=—v222+1. ©y=v2(z+1)>~ @y:—ﬂ(m—i—l)g.
@ Loi giai.
Ta chon dép an C vi ham s6 y = V2(z + 1)2 = V222 + 2v/2z + /2 c¢6 hoanh d¢ dinh Ia
b 2v/2
x:——(:)x:—i(:)x:—lvéazx/i>0.

2a 24/2

Nén ham s6 nghich bién trén (—oo; —1) va ham s6 dong bién trén (—1; +00).
&, Chon dép an @ .................................................................................................................

Cau 48. Cho ham s6 y = 22 — 2z + 3. Trong ménh dé sau, tim ménh dé diang?

@ y tang trén (0; +00). y giam trén (—oo; 1).
(C) Db thi y c6 dinh I(1;0). @yténg trén (—1; +00).
@ Loi giai.
4 b A
Hamsby=2% -2z +3(a=1b= —2,¢c=3) céDinhléI(—%;—@> = 1(1;-2).

Do a =1 > 0 nén ham s6 giam trén (—oo; 1) va ting trén (1; +o0).
Qe Chon dap A1 (B). .. v ene it

Cau 49. Tim tap xac dinh ciaham s6 y = 22 — 2z +11a

®2=R ® 7 =R\ {1}, © 2 = (~os51). @ 2 = (1; +00).
@ Loi giai.
Day la ham s6 bac hai nén tap xé4c dinh cia ham s6 1a 2 = R

&, Chon dép an @ .................................................................................................................
Cau 50. Cho (P): y = 22 — 22 + 3. Tim ménh dé ding?

(A) Ham s6 déng bién trén (—oo; 1). Ham s6 nghich bién trén (—oo; 1).
(C) Ham s6 ddng bién trén (—oo; 2). @Hém s6 nghich bién (—o0;2).
@ Loi giai.

Hamsby=2%>-2z+3(a=1,b=—2,c=3) ¢
b
Hoanh d6 dinh la x = ~%a Sr=1vaa=1>0.
Nén ham s6 nghich bién trén (—oo; 1) va déng bién trén (1; +00).
Qe Chon dap A1 (B). .. v en ettt

Cau 51. Cho ham s6 y = 222 — x + 3, diém nao thudc dd thi ham sé
A M(2;1). B) M(-1;1). (© M(2;3). (D) M (0;3).
@ Loi giai.
Ta chon dap 4n D vi khi thay hoanh do va tung dé vao cong thirc ham s6 ta ¢6 3 = 2(0)2 — 0 + 3 = 3 thoa.
&, Chon dép an @ ................................................................................................................

Cau 52. Parabol y = 22 — 42 + 4 c¢6 dinh la
A 1(1;1). B) 1(2;0). © 1(-1;1). D) I(-1;2).
@ Loi giai.
Ta c6 dinh ctia parabol y = 22 — 4z + 4 1a 1(2;0).
Qe Chon dAp A1 (B). .. ettt
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Cau 53. Cho (P): y = 22 — 4x + 3. Ménh dé nao sau day la ding?

(A) Ham s6 déng bién trén (—oo; 4). Ham s6 nghich bién trén (—oo; 4).
(C) Ham s6 déng bién trén (—oo; 2). @Hém s6 nghich bién (—o0;2).
@ Loi giai.
Hamsby =22 —4x+3 (a=1,b=—4,c=3) co
b —4
Hoanh d6 dinh la x = “om = g Sr=2vaa=1>0.
a

Nén ham s6 nghich bién trén (—oo;2) va dong bién trén (2; +00).
&, Chon dép an @ ................................................................................................................

Cau 54. Parabol y = 22 — 3z 4 2 c6 dinh I va cét truc hoanh tai 2 diém phan biét M, N. Tinh dién tich S cta tam
gidc IM N?

A S=1 S:%. @S:é. @S:i

@ Loi giai.
Himsby=2?>-32z4+2(a=1b=-3,c=2) céDinhléI(—i'—é> :>I(§'—1>
v= TvT TR 2 4da 2’ 4)
. rz=1
Phuong trinh hoanh d¢ gido diém cta (P) va truc hoanh laz? — 3z +2 =0 & { 5
Tr = 2.

Vay toa do hai diém 1a M (1;0) va N(2;0) = MN = (1;0) = MN =12 +02 =1.

Goi K 1a trung diém cta M va N, tacé K 2;0 )

Tacé IK = (0;%) ;s]K:ivaﬁ?-?:oéIKL()x.
1 1
Dodc')diéntichtamgiécIMNléS:§~IK-MN: 3

& Chon dap AN (C).......ovoiee oo

Cau 55. Parabol (P): y = ax? + bx + ¢ dat cuc tiéu bang 4 tai x = 2 va dé thi di qua diém A(0; 6). Tinh gi4 tri biéu
thitc P =2a — b+ ¢
@A Pr=o. B P=-3. ©r="= D)P=9.
@ Loi giai.
D6 thi ham s6 qua A(0;6) nén ¢ = 6.
Ham s6 dat cuc tiéu do d6 a > 0, gia tri cuc tiéu bang 4 nén ta c6

A
—4—:4:>b2—4ac:—16a:>62:8a (1)
a

b
védattaim:2:>—2—:2:>b:—4a (2).
a

b? = 8a 16a® = 8a =
T (1) va (2) tacé{ :>{ ="

b= —4a b= —4a b= 9

1
Vg P=2-2 —(-2)+6=0.

& Chon dép an @ ................................................................................................................
Cau 56. Tinh khoang céch d ngan nhét tir dinh I ctia parabol y = 322 — 6max + 4m? — 2m + 4 dén truc Ox.

Ad=1. B)d=2 ©d=3. D)d = 4.
@ Loi giai.
Dinh ctia do thi ham s6 y = 32? — 6ma + 4m? — 2m + 4 1a I (m;m? — 2m + 4).
Khoang cach tir I dén Oz la
d(1,02) = |y1| = [m* = 2m + 4| = [(m — 1)> = 3| > |(m — 1)* + 3| > [3] = 3.

& Chon dap AN (C).......ooeeee e
Cau 57. Tinh khoang céch d ngén nhét tir dinh I ctia parabol y = 22 — 4mz + 3m? — 4m — 2 dén truc Oz.

Ad=1. B)d=2. ©d=23. D)d = 4.
@ Loi giai.
Dinh ctia d6 thi ham s6 y = 2 — 4ma 4 3m? — 4m — 21a I (2m; —m? — 4m — 2).
Khoang céch tr I dén Oz 1a
d(I,0x) = lyr|=]—m?—4m -2 =m? +4m +2 > |(m — 1) + 3| > |3| = 3.

& Chon dap AN (A). ... .oeeee e
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Cau 58. Ham sb y = 22 — 4ma — 2z + 13m + /5 luén dong bién trén khoang nao sau day?

@ (m? + 4m + 4; +00). (m? —3m+1;400).  (C) (m2 —m + 2; +00). @(m2 +m + 2;+00).
@ Loi giai.
Hams6y = 22 —4dmx — 20+ 13m ++/5 (a=1,b= —4m — 2, ¢ = 13m +/5) ¢6
—4m — 2
Hoanh do dinh la = = —23 - om-e
a
Nén ham s6 nghich bién trén (—oo;2m + 1) va dong bién trén (2m + 1; +00).
Chon A vi ta thay v6i m bat ki thi
(m+1)2>0m+1)2+2>2>0m?>+2m+3 >0 m? +4m+4>2m+ 1.
Do dé (m? + 4m + 4; +00) C (2m + 1;4+00) nén ham s6 luén déng bién trén (m? + 4m + 4; +00).
& Chon dap AN (A). ... .o

Cau 59. Tim m dé ham s6 y = —2% — 4max + 4m — 9 nghich bién trén khoéng (2; +00).

@mgz mzfl. ©m>1. @m<1.
@ Loi giai.
Ham s6y = —22 —4ma +4m — 9 (a = —1,b= —4m, c = 4m — 9) c6
b —4
Hoanh d6 dinh la z = o = —7? Sr=-2mvaa=-1<0.
a _
Nén ham s6 dong bién trén (—oo; —2m) va nghich bién trén (—2m; +o0).
Diéu kién dé ham s6 nghich bién trén (2; +00) la (2; +00) C (—2m;+00) nghia la —2m < 2 < m > —1.

B Chon dap A0 (B). .. v ittt e

Cau 60. Tim gia tri cia tham s6 m dé ham sé y = —22 + 8z + 5m — 24 c6 gi4 tri 16n nhét trén doan [1;6] bing

-1

A m=1p5. B)m =2,5. ©m=14 D)m = 5.
@ Loi giai.
Tacéham sby = —a? + 8z +5m — 24 (a = —1,b=8,¢c = 5m — 24) c6
Hoanh d6 dinh la x = ~%a :f% Sr=4vaa=-1<0.

a _

Ta c6 x = 4 € [1; 6] nén ham s6 c6 gia tri 16n nhét trén khoang [1; 6] dat tai z = 4.
Do gia tri Ién nhitla —1nén —1 = —(4)2 + 8 -4+ 5m — 24 & m = 1 4.

& Chon dép 4n @ .................................................................................................................

Sr=2m+1lvaa=1>0.

Cau 61. Cho ham s6 y = —22 + 5z — 4. Ham s6 c6 bang bién thién nao sau day?
x —00 § +0o0 x —00 § +00
2 2
K o =
4
y TN y S K -
@ —o0 —0o0 4
z —o0 § “+00 x —00 § +00
2 2
+00 +o00 g
4
© - OB —— =
@ Loi giai.
Hamsbéy = —2?2 +5r -4 (a=—1,b=5,¢c= —4) c6
b -5 ) 9
Hoénhdédinhléx:—%:—z@x:§:>y: ivéa:—l < 0.

A i . 5 . 5
Nén ham so6 dong bién trén (—oo; 5) va nghich bién trén (5, —l—oo).
&; Chon dép an @ ................................................................................................................

Cau 62. Goi S 1a tap hop tét ca cac gia tri thuc ctia tham sé m dé gia tri nho nhét ctia ham sé y = f(x) = 422 —
4max + m? — 2m trén doan [—2; 0] bang 3. Tinh téng T' cac phan ti ciia S.

3 1 9 3

@ Loi giai.
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Ta c6 ham sé y = 42?2 — 4mx +m? — 2m (a = 4, b = —4m, c = m? — 2m) c6
—4
Hoanh d6 dinh la x = ~ % :_Tm S = %véa:4>0. Ta c6 céc truong hop sau
a

® Néu % < —2 & m < —4 thi gia tri nhoé nhét ctia ham s6 dat tai z = —2.
Khidé, tacéd 3 =4(—2)2—4-m-(=2) +m? —2m &< 16 +8m+m? — 2m = 3 & m? + 6m + 13 = 0 (phuwong
trinh v6 nghiém).
Do d6 loai treong hop nay.

@ Néuxz%é[—2;0]@—2§%§0<:>—4gmSOthigiétrinhénhétcﬁahémsédattaix:—
2
Khidé,tac63:4(%) —4~m-%+m2—2m®—2m:3©m:—f(nhén).

. m ) )
® Néu 5 > 0 < m > 0 thi gia tri nho nhat ctia ham s6 dat tai = = 0.

s . 9 9 5 9 m = —1 (loai)
Khidé, tac63=4(0)*—-4-m-0+m* —-2mem* —-2m=3&m* —2m-3=0& R
m = 3 (nhan).

3 3
VayT = —= =-.
ay 5 t3=35
& Chon dap AN (A). ... .oeeeee e
Cau 63.
Cho ham s6 f(x) = ax? + bx + ¢ dd thi nhu hinh bén. Héi v6i nhitng gia tri nao ctia tham y

s6 thyc m thi phwong trinh | f(z)| = m c6 dung 4 nghiém thuc phan biét.
Ao<m<1. m > 3.
©m=-1,m=3 D) -1 <m<o0.

@ Loi giai.
Ta c6 db thi cta y = | f(x)| va duong thdng y = m nhu sau

I

Ro rang, dya vao do thi ta thiy 0 < m < 1 thi phwong trinh | f(z)] = m c6 4 nghiém.
& Chon dap AN (A)..... .o
Cau 64. Cho (P): y = 2% — 42 + 3 va duong thing d: y = ma + 3. Tim tét ca céc gia tri thuc ctia m dé d cét (P) tai
. .9
hai diém phéan biét A, B sao cho dién tich tam gidc O AB bang 5
@mz?. B)m=-T. ©m:1,m=—7. @m:—l.
@ Loi giai.
Ta c6 phuong trinh hoanh do giao diém cta (P) va (d) la

2 =
e —4dr+3=mr+3&
r=m+4 (m#—4).

Suy ra A(0,3), B(m + 4, m? + 4m + 3) la toa do giao diém cta dé thi (P) va (d) .
3 m=—1

oy 9 9
SuyraAB:(m+4,m2+4m+3).MétkhécSAOAB:§<:}§-|m+4|:§<:>

& Chon dap AN (C)..... ..o
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[ ™= CHUONG III

PHUGNG TRINH VA HE PHUONG
TRINH

PAI CUONG VE PHUONG TRINH

(A) TOM TAT LY THUYET
@ PHUONG TRINH MOT AN

Khéi niém phuong trinh thyc ra da c6 trong chwong trinh toan bac THCS, bai nay chi muén trinh bay lai theo cach
nhin ciia khéi niém ménh dé chira bién.

® Cho hai biéu thtrc f(z) va g(x). Ménh dé chira bién f(z) = g(z) goi la phwong trinh mét an.

® 1 goila énsbd (hay goi tit la 4n).

@ f(x) goi la vé tréi, g(z) goi la vé phai.

®@ Néu c6 mot sb thuc g sao cho f (zg) = g (zo) la ménh dé ding thi 2o goi la mot nghiém cta phwong trinh.
® Tap hop tat cé cac nghiém ctia mo6t phwong trinh goi la tdp nghiém ctia phwong trinh dé.

@ Giai phuong trinh la tim tt ca cc nghiém cta phwong trinh d6, nghia la tim tdp nghiém ctia phwong trinh.

® Néu phuong trinh khéng ¢6 nghiém nao thi ta néi phuwong trinh vo6 nghiém (hodc c6 tap nghiém 1a réng).

&% Vidu 1. Ménh dé chtra bién (2 — 2) = 22 — 3 la phuong trinh mét n.

® Véi x = 3 thé vao phuong trinh ta dugce 3(3 — 2) = 2.3 — 3 & 3 = 3 la mot ménh dé dung, do d6 © = 3
la mét nghiém ctia phwong trinh.

® Véi x = 4 thé vao phuong trinh ta dugc 4(4 — 2) = 2.4 — 3 & 8 = 5 la mot ménh dé sai, nén z = 4
khong la nghiém ctia phuwong trinh.

@ PHUONG TRINH TUONG PUONG VA PHUONG TRINH HE QUA
Cho hai phuong trinh f(z) = g(z) (1) c6 tap nghiém S; va h(x) = k(z) (2) c6 tdp nghiém Ss.
® Néu tap nghiém S, Sz bing nhau thi ta goi (1) va (2) 1a hai phwong trinh twong dwong. Ki hiéu
f(x) = g(z) & h(z) = k(z).
®@ Néu S; C S, thi ta goi (2) 1a phwong trinh hé qué ctia phwong trinh (1). Ki hiéu f(z) = g(z) = h(z) = k(z).
O phuong trinh hé qua c6 thé xuét hién kha nang c6 1 gié tri 2o € S, nhung z, ¢ S; (Nghia Ia ¢ 1a nghiém caa (2)

nhung khéng la nghiém cta (1)). Ta goi z( la nghiém ngoai lai.

@ PHEP BIEN POI TUONG PUONG

Néu thyre hién cac phép bién déi sau day trén mot phwong trinh ma khong lam thay déi diéu kién cta né thi ta duoc
mot phuong trinh méi twong dwong (goi 1a phép bién déi twong duong).

(1) Cong hay trir hai vé cting mot sé hodc ciing mot biéu thc.

(2) Nhan hodc chia hai vé véi cting mét s6 khac 0 hodc v6i cting mt biéu thirc luén c6 gia tri khac 0.

115
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PHUGNG PHAP GIAI

® Phuong trinh déng vai trdo quan trong trong chwrong trinh toan bac THPT. Do dé viéc ndm virng céc phép bién
d6i la can thiét.

® Céc phép bién dbi khong lam thay déi tap nghiém ctia phuong trinh goi la phép bién déi trong duwong.

® Viéc dat diéu kién dé duoc phép bién dbi twong duwong doi héi sy linh hoat va ndm dwoc ban chét van dé
"Khéng lam thay déi tap nghiém ctia phuong trinh".

® Néu chua ndm r6 khi nao can hodc khong can dat diéu kién cho phwong trinh, thi t6t hon ca la ctr dat diéu kién
dé an tam.

® Néu chua thyc sy biét mot phép bién d6i nao dé c6 twong duwong khéng, thi nén bién déi thanh phwong trinh
hé qua, sau dé thir cc gia tri 4n s6 tim dugc vao phuwong trinh da cho dé két luan tap nghiém ctia phwrong trinh.

® Sau cung, khong dugc sir dung tuy tién cac ki hiéu " = " hodc " < " hogc "dé tréng" trong cac phép bién doi
phuong trinh nay thanh phuwong trinh kia.

2
—z—4
& Vidy 1. Giai phuong trinh % =z —1.

@ Loi giai.

Vai céch trinh bay céu tha

@ Tacé

O 22—x—4d=zx—-1& ..

’ Phwong trinh nao twong duong véi 22 — 2 — 4 =z — 1? ‘

22 —x—4

) Tacéﬁ: xflxzfxfél:xflx272x73:0x:3hayx:71.
T —

"«

‘Sir dung “&7, ‘=" tuy tién.‘

2 _
@Tacé:w: r—1or’-z-4=2-1

Vo —1

(] 22-22-3=0&x=—1lhagz =3

’ Tai sao lai “dé tréng”?

@ Didukiénz —1>0& x> 1.

ﬁ: z—1loa?—z—4=z—1

Qué sai lam!

Cach giai dung
Cach 1: Khong dat diéu kién va sir dung phép bién déi hé qua
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® Taco
2
—z—4
mi%: r—1 = 22—z—4=zx-1
= £°—-2z-3=0
= x=-—lhayx=3.
®@ Tht lai
iy N s Al — 4 A o A A
e V6i x = —1 phuong trinh da cho tré thanh BV = +/—2 khong théa vi v/—2 khong tén
tai.
9-3-4

=12 & V2 =2 théa.

e V6i z = 3 phuong trinh da cho tré thanh ———
P g )
® Vay phuong trinh c6 mot nghiém z = 3.
Cach 2: Dat diéu kién va sir dung phép bién déi twong duong.

@ Didukitnz —1>0< 2 > 1.
® Taco

¢ —x—4 9

=vVr—1 & z*—rx—-4=x-1

& 2-20-3=0
& z=-lhagx =3

® So véi diéu kién = > 1, phuong trinh da cho c6 moét nghiém x = 3.

(C) BAI TAP TU LUYEN

Bai 1. Giai phuong trinh sau

ax2—3x—3_ 1 bx2—5x—3_ ——3
V=1 CVr—1 V2 —3 N
. 2z _2:5—5_ 4 d1+1—2x_ 1 +l
x4+l x—1 22-1 ’ 2+zx z+1 =z
@ Loi giai.
a. Ditukienz — 1 > 0 < = > 1 Khi d6
Ta co
22— 3z —3 1 2
= S rr—-3r—3=1
vVae—1 Vo —1

22 —3x—-4=0
r=—1lhayz =4.

t ¢

So véi diéu kién z > 1, phwong trinh da cho c6 mét nghiém z = 4.

b. Didukitn z —3 > 0 < x > 3 Khi d6
Ta cé

2 —bxr—3
T " —z-3 & 2-55—-3=z-3
Ve —3

& 22 —6r=0
< z=0hagyz=6.

So v6i diéu kién z > 3, phuong trinh da cho c6 mét nghiém z = 6.
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c. Didukién 22 — 1 # 0 < x # +1 Khi d6
Ta cé
2z 2z — 5 4

- = & 22(z—1)—(22—5 1) =4
P e b z(z—1)—(2z-5)(z+1)

& r+1=02=-1.

So véi diéu kién = # 41, phwong trinh da cho v nghiém.

d. Didukien 2?2+ 2 #0< x #A0vaz # —1Khidé
Ta co

1-2 1 1
1+7x:7+7 & rrt+l-2x=x+x+1
2+ z+1 =z
s 22-32=0

& x=0hagx =3.

So v6i diéu kién z # 0 va x # —1, phuong trinh da cho ¢c6 mot nghiém x = 3.

@ PIEU KIEN CUA MOT PHUONG TRINH

Thuyc ra, viéc tim diéu kién ctia mot phuong trinh khéng don gidn nhu tim tap xé4c dinh ctia ham s6, hoéc tim
diéu kién cta an s6 x dé c4c vé ctia phwong trinh c6 nghia, né6 con mang y nghia rong hon, dé la tim diéu kién
dé trong phwong trinh déu "=" c6 thé xay ra duoc, va déi khi ciing khong nhét nhiét phai tim cho dén diéu
kién ctia an s x, diéu nay doi héi sy linh hoat. Ta xem cac vi du sau

R -3
& Vidu 1. Tim diéu kién ctia phuong trinh LQ =x+1
B —

@ Loi giai.
Diéukietnz — 2 # 0 & z # 2.

& Vidu 2. Tim diéu kién ctia phuong trinh vz — 1 = —2% + 22 — 2 + 1.

@ Loi giai.
® Biéu thitc trong can khong am nén ta c6 diéu kién ctia phwong trinh laz —1 >0 2 > 1. (a)
® Mat khac, v6i x > 1 thi vé trai cia phuong trinh khong am, nén dé déu "=" trong phuong trinh c6 thé
x4y ra, ta ¢ thém diéu kién vé phai ctia phwong trinh ciing khong am, nghia la
—*+a’—2+1200 2 —z+2°+1200 =2 (2®+1)+ (2> +1) >0
& (2®+1)(—2+1) >0 —2+1>0(vi (z°+1)>0)<a<1. (b
® Hai diéu kién (a) va (b) cho diéu kién chung cta phuong trinh la z = 1.
(Hon nita nhan thdy © = 1 la nghiém ctia phwong trinh, nén phuong trinh da cho cé nghiém duy
nhat r = 1.)

& Vidu 3. Tim diéu kién ctia phuong trinh /(z — 1)2(—z — 3) + vz + 2 = V3.

@ Loi giai.
Loi giai sai:
Diéu kién:
—1)3%(—z—-3)>0 —z—-3>0(vi(zx—1)2>0 <-3
(-1 (2=3)20 ()  [-2-320M@-1°20)  fe<-3
r+2>0 r+2>0 x> -2

(Nghia la phuwong trinh v6 nghiém)
Nhan xét Sai 1dm & bién déi diéu kién (*) A.B > 0.
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(O] TrongViduZ.A:(x2+1) >0vaB=—-x+1nén
A-B>0% (224+1) - (-z+1) >0« —z+ 1> 01a DUNG.

® Trong Vidu3. A= (x—1)>>0va B =—x—3nén
A-B>0& (x—1)2-(—x—-3)>0& —2z—3>01aSAL

) A*=0 B>0
A*-B>0«

B c6 nghia A c6 nghia.

Loi gidi diing.
Diéu kién
(x—1)%(—z—3)>0 (%) (x—1)%2=0 -z-32>0
& hay
r+2>0 r+2>0 z+2>0

rz=1 < -3
hay Sao=1.
T > —2 x> —2

Vay diéu kién ctia phwong trinh 1a z = 1.
(Hon nita nhdn thdy x = 1 la nghiém cta phwong trinh, nén phuong trinh da cho cé nghiém duy nhdt
x=1)

23 +2x—3
Vi du 4. Xét phuong trinh =1.
& Vidu étp ng trin —x—i—\/xf
@ Loi giai.
Diéu k h h 7120 *)
iéu kién ctia phuwong trinh la *
) P & 23—+ —1#0.

Viéc giai diéu kién (*) con phirc tap hon viéc giai phwong trinh da cho. Do vay khong can thiét phai giai diéu
kién (*), hay dé nguyén diéu kién nay va giai phwong trinh dé tim gia tri ctia z, sau d6 xem nhirng gié tri x
nao thoa diéu kién (*) thi gié tri d6 1a nghiém ctia phwong trinh.

@ PHEP BIEN POI TUONG PUGNG

Dé giai mot phwong trinh, thong thuwrong ta bién déi phirong trinh dé thanh mot phwong trinh twong dwrong
don gian hon. Céc phép bién d6i nhu vay duogc goi la phép bién déi trong duwrong.
Cac phép bién déi sau la phép bién déi twong duong.

@ PHEP CONG (TRU) HAI VE VGI CUNG MOT BIEU THUC

Cho phuong trinh f(z) = g(z) c6 tap xac dinh 1a 2 va h(z) 1a biéu thirc x4c dinh trén 2. Khi d6 f(z) = g(z)
va f(z) + h(z) = g(x) + h(x) la hai phwong trinh twong duong.

Taviét [ f(z) = g(x) & /(2) + h(x) = g(2) + h(x).|

Cong hodc trir hai vé ctia phwrong trinh véi cing mét biéu thirc
ta dwgc phuong trinh méi twvong dwong véi phuong trinh da cho.

Nhu vay ta cé
f(z) = g(z) & f(z) — g(z) = 0.
‘ Chuyén g(x) sang vé tréi 1a phép bién déi twong duong. ‘

f(z) = g(z) + h(z) & f(z) — h(z) = g(z).
’ Chuyén h(z) tir vé nay sang vé kia la phép bién déi twong duong. ‘

& Vidu 1. Gidi phwong trinh (2 + vz — 1)z =3z +4+ a2V — 1.
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@ Loi giai.

.....

Ta cé

(x+\/ﬁ)x:3x+4+x\/x—l
& Ptavr—1=3z+4+zvz—1 (1)
& 22=3zx+4 (2) (dongian chozvz —1)
& 2°-3r-4=0&82=—-1lhagz =4

Céach giai nay SAI vi tap xac dinh cta phuong trinh (1) la [1; +00), con tdp xéac dinh cia phuong trinh (2) la
R. Phép bién déi don gidn cho x+/z — 1 da lam thay déi diéu kién = > 1 ctia phwong trinh (1) nén day khong
1a phép bién déi twrong dwrong.

Cach 1. Dat diéu kién dé sir dung phép bién déi tirong duong.
© Diéu kién z > 1.
® Taco
(z+vVa—1)z=3z+4+2vz—1
& ’4+a2vr—1=3cz+4+zvr—1
& 12 -3xr-4=0&x=—-1lhagz =4.
® So voi diéu kién = > 1, phwong trinh da cho c6 mot nghiém x = 4.
Cach 2. Khong dat diéu kién va sir dung phép bién déi hé qua.
® Taco
(x+\/ai>x:3x+4+x\/m
= 224+a2vr—1=3z+4+zvr—1

= 22-32-4=0&r=—-1lhayx =4

®@ Vi z = —1 phuong trinh da cho tré thanh (—1+1/—2)(—1) = =3+ 4 — /—2 v0 nghia vi v/—2 khong

ton tai. Suy ra loai z = —1.
@ Véi x = 4 phuong trinh da cho tré thanh (4 + 1/3)(4) = 12 4 4 + 44/3 < 16 = 16 thoéa. Suy ra nhan
T =4

® Vay phuong trinh da cho c6 mot nghiém x = 4.
Chd thich: z = —1 goi la nghiém ngoai lai.

Chuy 1. f(z) + h(z) = g(z) + h(z) (1) & f(z) = g(x) (2). Néu hai phwong trinh (1) va (2) khong
cung tap x4c dinh thi don gidn hai vé cho h(zx) la SAI.

& Vi du 2. Giai phuong trinh (ﬂc + Va2 + 1) x=3z+4+zvz?+ 1

@ Loi giai.
Ta co

<x+ x2+1>x:3x+4—|—x\/x2+1
& z24zva24+1=3z+4+2v22+1 (1)

& 22=3x+4 (2) (dongian chozv/z2+1)
& 2°-3r-4=082z=-1lhagz =4

Cach giai nay DUNG vi tap xac dinh ciia phwong trinh (1) va (2) ciing la R. Phép bién déi don gian cho
x+v/22 + 1 khong lam thay déi diéu kién = € R ctia phuong trinh (1) nén day la phép bién déi twong duong.

Chiy 2. f(z) +h(z) = g(z) +h(z) (1) & f(z) =g(x) (2). Néu hai phwong trinh (1) va (2) c6 cung
tap xac dinh thi don gidn hai vé cho h(z) la DUNG.
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@ PHEP NHAN (CHIA) HAI VE VGI CUNG MOT BIEU THU'C KHAC 0.

Cho phuong trinh f(z) = g(x) c6 tap xac dinh la 2 va h(z) la biéu thirc x4c dinh trén 2, théa h(x) # 0,
Vo € 2. Rhidé f(x) = g(x) va f(x) - h(z) = g(z) - h(z) 1a hai phuong trinh twong duong.

Taviét| f(z) = g(z) & f(z) - h(z) = g(x) - h(x).]

Nhan hoéc chia hai vé ctia phuong trinh véi cling mot biéu thirc khac 0
ta dugc phuwong trinh méi twong duwong véi phuwong trinh da cho.

Nhu vay ta cé

f(@) - h(z) = g(z) - h(z) & f(x) = g(2).
(Vé6i diéu kién hai phuwong trinh c6 cting tap xac dinh 2 va h(z) # 0,Vz € 2.)

‘ Don gian hai vé cho h(x) # 0 la phép bién déi trong duong. ‘

igg — 9(@) © f(z) = g(2) - h(z).
(V6i diéu kién hai phuwong trinh c6 cung tap xéc dinh 2 va h(z) # 0,Vz € 2.)
f(z) = g(x) + h(z) & f(z) — h(z) = g(z).

‘ Nhan hai vé cho h(z) # 0 la phép bién déi twong duong. ‘

& Vidu 1. Gidi phuong trinh z (vz + 1) = (o + 1) (22 — 2 — 3).

@ Loi giai.

.....

Viyz >0nén /2 +1>1.Dodéz+1#0. Vay
z(Vr+1l)z=(Vo+1) (2> -z -3) (1)

& z=x2—-z-3 (2

& 12-2r-3=0&x=—1hayz=3.
Cach giai nay SAI vi méc du /= + 1 # 0,Vz > 0, nhung tdp xac dinh cta phuong trinh (1) 1a [0; +00), con

tap xac dinh ctia phuong trinh (2) 1a R. Do d6 phép bién déi don gidn cho (y/x + 1) da lam thay déi diéu
kién 2 > 0 ctia phwong trinh (1) nén day khong la phép bién déi twrong duong.

.....

@ Diéu kién z > 0, khi d6 /= + 1 # 0.
® Do vay
z(Vr+1)z=(Vz+1) (2> —z —3)

s z=z2—2-3

& 12-2r-3=0&x=—1hayz=3.

® So véi diéu kién 2 > 0, phurong trinh da cho c6 mot nghiém z = 3.

& Vidu 2. Giai phwong trinh 23 + 2z = (52 + 8) (22 + 2).

@ Loi giai.
Ta cé
3422 =0Br+8)(2*+2) & z(x?+2)=0Gr+8)(2*+2) (1)
& r=5z+8 (2) (Mz?+2+#0,VzrcR)
&z = —2 la nghiém ctia phuwong trinh da cho.
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Cach giai nay PUNG vi tap xac dinh ctia phuong trinh (1) va (2) ciing 1a R, déng thoi 22 + 2 # 0,V € R. Do
d6 phép bién déi don gidn cho (z2 + 2) khong lam thay déi diéu kién = € R ctia phwong trinh (1) nén day la
phép bién ddi twong duong.

& Vi du 3. Giai phuong trinh 523 — 20z = 2* — 16.

@ Loi gidi.

.....

Ta cé
523 — 20z =x2*— 16 & bz(z® —4) = (2 — 4)(2® +4)
& br=2+4e2°-5x+4=0&x=1hagx =4

Cach giai nay SAI vi mic du cac phép bién déi khong lam thay déi tap xac dinh R ctia phwong trinh ban dau
nhung bleu thirc (22 — 4) khong khac 0 véi moi 2 € R.

.....

Ta c6

523 —20r =z - 16 < 5x(2® —4) = (2° — 4)(z% +4)
& (22 —4)(2® —brx+4) =0z =42hayz =1hayz = 4.

Chu g 3.

f(z)-h(z) =g(z)-h(z) (1)& f(z)=g(@) (2).
Néu hai phuong trinh (1) va (2) khong cung tap xac dinh, hodc h(z) khong khac 0 v6i moi z thudc tap
xac dinh ctia phwong trinh (1) thi don gidn hai vé cho h(x) 1a SAI. Khi dé ta bién déi (Dat h(z) lam

nhéan tir chung) ’
F(@) - h(z) = 9(x) - h(x) © h(@) [f(z) - g(x)] = 0 1a DUNG

3
& Vi du 4. Giai phuong trinh ;74_3 =x—2

1
@ Loi giai.
Viz? +1#0,Yz € Rnéntacé
3
-3
ig—i—l =z-2 & 23-3=(22+1)(z—-2)

1
& x3—3=x3—23:24—3:—2(:)21:2—35—1:0(:):1::lhayx:—i.

Chu g 4. Néu h(z) # 0,V € R thi ta c6 fz) =g(z) & f(z) = h(z) - g(x).

h(x)
-3
& Vidu 5. Giai phuong trlnh — =z -2
T

@ Loi giai.
Cach 1.
Diéu kién z # 0. Khi d6
Ta cé

2 —

xx 3 =zx—2 & 2x—3=zx(zx—2)
& 12 —42x+3=0< 2 =1hayz =3 (théa)z # 0.
Cach 2. Ta c6
2x — 3

. =z—2 (1)
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< 2z —3=x(xr—2) (2)(viz=0khonglanghiém cta phuong trinh)
& 2r-3=2"-2z52°-4r+3=0<2z=1hagz=3.

® Phuong trinh (1) c6 diéu kién z # 0.

®@ Thé x = 0 vao phuong trinh (2) ta dwgc —3 = 0 l1a ménh dé sai, nén = = 0 khong la nghiém
ctia (2), nghia la phuong trinh (2) hién nhién c6 = # 0. Ma néu phuong trinh (2) c6 z # 0 thi
2 — .
o3 x —2 & 2z — 3 = z(x — 2) la phép bién doi twong duong.
5
® C6 thé hiéu céch khac x = 0 khong thudc tap nghiém cta (1) va (2), nén (1) va (2) la hai phuong
=B=4&

trinh twong dwong, do d6 khong can diéu kién x # 0 ta van c6 phép bién déi

2z — 3 = 2(x — 2) la DUNG.

Chu jj 5. Néu moi nghiém ctia mau s6 h(x) khong la nghiém cta ttr s6 f(z) thi khong can diéu kién

h(z) # 0 ta van dugc phép bién déi twong duwong

79— 4(0) = f(a) = h(o) - 9(0).

3
3
& Vi du 6. Giai phuwong trinh e x—2.
22 —2x—3

® Cho méu s6 bang 0: 22 — 22 —3 =0« 2= —1 hay x = 3.
@ Théz = —1vaotirs6 (—1)> +3-(—1) = —4 # 0 nén = = —1 khéng la nghiém ciia tir s6.
® Thé x = 3 vao tir s6 33 + 3 - 3 = 36 # 0 nén x = 3 khong la nghiém ciia tir sb.

® Moi nghiém ctia miu khong la nghiém cta tr nén khong cén diéu kién mau khéc 0.

@ Loi giai.
Ta co
z3 + 3z a9
2 —22x—3
& 2°4+3r= (2> -2z -3)(x—2) (Viz = -1,z = 3 khong la nghiém)
o 2B34+3x=23—-2:2—3x—222+42+6
& 42’422 -6=0ozx=1hagz= —g la nghiém ctia phwong trinh da cho.
2z? — 1
& Vi du 7. Giai phwong trinh % =B =%

® Chomiusobing0:z —1=0<z = 1.

®© Thé x =1vaotirs62-1> —3-1+ 1 =0nén z = 1 la nghiém ctia tir sb.

® Vay bai toan nay phai c¢6 diéu kién mau s6 khac 0.

@ Loi giai.
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® Diéu kién = # 1. Khi d6

® Taco
222 -3z +1
e M S
x—1
& 22 -3z4+1=(z—1)(z—2)
& 22°-3z4+1=2°-2r—2+22°-1=08z=—1lhayzr=1.
® So véi diéu kién z # 1, phuwong trinh da cho c6 mot nghiém z = —1.

Chu yj 6. Néu c6 mot nghiém ctia mau s6 h(x) 1a nghiém cta tr s6 f(z) thi phai dat diéu kién h(x) # 0.

@) _ oy {h(x) #0

h(z) f(@) = h(z) - g().

223 — x4 14
& Vi du 8. Giai phuong trinh 2;_’_% ==

T 1
@ Chomﬁusﬁbéng0:2x2+3x72:O@x:72hayx:5.

@ Théz = —2vaotlrs6 2 (—2)% — (=2) + 14 = 0 nén = —2 la nghiém ctia ti s6.
® C6 mot nghiém x = —2 ctia mau 1a nghiém ctia tir.nén phai cé diéu kién mau khac 0.
@ Loi giai.

A 1
O] Diéukién2x2+3x—27é0<:)x7é—2vz‘1x7€§.Khidé

®@ Taco

2% —x+ 14 _
2202 + 3z —2
223 —x +14= (222 + 3z - 2)(z - 7)
12?4+ 22c =0< 2z =0hayz = 2.

T —7
<
=

A 1
© So v6i diéu kién x # —2 va x # 5" phuong trinh da cho c6 mét nghiém x = 0.

& Vidu 9. Giai phuong trinh v/ — 2(z2 — 2 — 6) = 0.

@ Loi giai.

Ta co

Ve =2z —z-6)=0 (1)
Vz_2=0 v

< 9 6 0 < |rx =
¢ —x—6= (*) Y

Cach giai nay sai vi

® Phuong trinh (1) c6 diéu kién z > 2.
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® Phuong trinh (x) c6 diéu kién = € R.

® Phép bién doi da lam thay dbi diéu kién cta phwong trinh ban dau nén day khéng la phép bién déi
twong duong.

@ Diéu kién = > 2. Khi d6

® Tacé
Ve —2z>—z-6)=0
Vr—2=0

=
2—x—-6=0

r = —2.

® So véi diéu kién z > 2, phuwong trinh da cho c6 hai nghiém z = 2 va z = 3.

Chii 7.
@ Dit diéu kién cho phuong trinh f(z) - g(z) = 0. Khi d6

f(z)=0

© f(z) g(x) =0« o(z) = 0.

(D) CAU HOI TRAC NGHIEM KHACH QUAN

R 1
Cau 1. Diéu kién ctia phwong trinh —— =z + 3 1a

Vr—3
@x:?). 177&3. ©x>3. @x23.
@ Loi giai.
Diéu kién cta phuong trinh laz —3 > 0 < z > 3.
& Chon dap An (C).......ooi i

Cau 2. Trong bén phép bién débi sau, phép bién dbi nao la phép bién déi twrong duwong?

@M:u:m:L ®|z]=2cz=2

z—1
©gc+\/sc—4=3+\/x—4<:>x=3. @m—\/:v—5:3<:>a:—3:\/:t—5.
@ Loi giai.

Tacor—vVr—5=3&c—-3=+vzr—5
Trong phép bién déi trén ta cong hai vé ctia phuwong trinh dau véi cing mot lugng la —3 + v/ — 5 va khong lam thay
dbi diéu kién ctia phrrong trinh nén nhan dwgc mét phwong trinh méi trong dwong.
&, Chon dép an @ ................................................................................................................
r+2 2z+3
Cau 3. Nghiém cua ph trinh —— = IF:
au ghiém ctia phuong trinh — 5y 1

3 3 8 8

@ Loi giai.

x#0
T # 2.

Vé6i diéu kién trén, phwong trinh da cho twong dwong véi

Diéu kién ctia phuong trinh la {

(x+2)(2z — 4) — z(2x + 3)
x(2z —4)
= —8-3zx=0

=0

= = 72( thoa diéu kién).
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8
Vay phuong trinh cé nghi¢m la z = —3
Giai nhanh béang Casio:

X+2 2X+3

© Nhipvaomiy —— - —— B HZOHPNOHERQXBHE @D E S E.

® Tinh gié tri tai cac phwong éan: Nhén E &) (=) (8) ® (8] (3] hién két qua 1a 0 nén ta c6 nghiém la 72.

&, Chon dép an @ ................................................................................................................

3
Cau 4. Tap nghiém ctia phurong trinh — = la
x

1 1 1 1
®{3-of ® {5} © {33 {33}
@ Loi giai.
V6i diéu kién x # +1, 2 # 2 thi phwong trinh da cho twong dwong vé6i phuwong trinh
32 —1) —2(z— 1)(z —2) =5(z + 1)(z — 2)

& 42’ +11z+3=0
1
= =
& 4
T =3.
Ca hai nghiém trén déu théa diéu kién.

1
Vay tdp nghiém cta phuwong trinh da cho la S = {71; 3}.

& Chon dap AN (C).......oveeee e
Cau 5. S6 nghiém ctia phwrong trinh (x2 + 1) (10:U2 —3lx + 24) =01la
A 1. B)2. © 3. (D)4.
@ Loi giai.
Ta cé
(z* 4+ 1) (102® — 31z 4 24) =0
& 102 -3lz+24=0

Vay phuong trinh da cho c6 2 nghiém.

Qe Chon dAp A1 (B). ... en ettt
A 5 )
Cau 6. Tim diéu kién xac dinh cta phuwong trinh x + i 12 + 4
x— x—
@x;«éél. :I:ER ©337é:|:4. @x;«é4.
@ Loi giai.
Diéu kién cta phwong trinh la z # 4.
& Chon dap AN (A). ... ..o
Cau 7. Tim diéu kién x4c dinh ctia phwong trinh /2 +1 =2 + 1.
@le. :UZ—l. ©m§1. @xeR.
@ Loi giai.
Diéu kién cta phwong trinhlaz +1 >0 < 2 > —1.
Qs Chon dap AN (B). .. . vieit it
A 2
Cau 8. Tim diéu ki¢én x4c dinh cta phuong trinh % —5=
x
Az #1. Bz #—1. © x # +1. D)z R
@ Loi giai.
Phuong trinh da cho xac dinh véi Vo € R.

&, Chon dép an @ ................................................................................................................
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3 4
r+2 x—-2 a2-4

Az >2. B) x # +2. ©z>2 D)z e R.

@ Loi giai.
x #2

Diéu kién cta phwong trinh 1a {  # —2 < x # +2.
2 £ 4
Qe Chon dAp A1 (B). ... en ittt
A A LA s . L, r—2 1 2
Cau 10. Tim diéu kién x4c dinh ctia phwong trinh —— — — = ——.
x+2 = z(x—2)

@x#:ﬁ:Q;x#O. x22. ©w>2. ®x7£2;x7é0.

@ Loi giai.
T #2

Diéu kién cta phuong trinh 1a { z # —2 & x # +2, 2 # 0.
x#0
& Chon dép 4n @ .................................................................................................................
Cau 11. Tim diéu kién x4c dinh ctia phuong trinh 3z + % =12+ %
T — T —
Az # 4. Bz >4 © >4 D)z eR.
@ Loi giai.
Diéu kién cta phuong trinh la x — 4 # 0 & z # 4.
&, Chon dép an @ .................................................................................................................

Cau 9. Tim diéu kién x4c dinh ctia phwong trinh

A A YA s 4 ., . 2z 1 6 —bx
Cau 12. Tim diéu kién xac dinh ctia phuwong trinh Ty + 57— 1= 379
®$>3. 3323. ©x7é%,x7é3,x7é% @x#%,x#&x#;
@ Loi giai.
3—x#0
Diéu kién ctia phuong trinh [a { 2z — 1 # 0 & x # %; x# 3 xF# %
3 —2#0

& Chon dap AN (C).......vvveeee e
A 1
Cau 13. Diéu kién xéc dinh ctia phwong trinh 7 +ve2—1=01Ia
x
Az > 0. Bz>0vaz2-1>0. (©z>0. Dz >0vaz?—1>0.
@ Loi giai.
x>0
2 —1>0.
B Chom AP A1 (B). .. e ettt e
Cau 14. Tim diéu kién x4c dinh ctia phwong trinh /32 — 2 + /4 — 3z = 1.
4 2 4 2 4 2 4
- z - T S<p<o,
®x>3 3<:L'>3 ©x7é3,:c7é3 @3_:15_3
@ Loi giai.

Diéu kién cta phuong trinh la {

3r—2>0 2

@ J—
4—-3x>0 3
&, Chon dép an @ ................................................................................................................
Cau 15. Tim diéu kién x4c dinh ctia phuong trinh vz — 1+ vz — 2 = /2 — 3.

@x>3. x22. ©w21. @xz&

@ Loi giai.

Diéu kién cta phuong trinh la {

r—12>0
Diéu kién cta phuong trinhla { 2 —2 > 0 < x > 3.
r—3>0

&, Chon dép an @ ................................................................................................................
Cau 16. Trong cac khng dinh sau, khdng dinh nao ding?
M3z +vVr—2=a2=3c=12>—z -2 B Vr—1=3zez—1=9>
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©3z+vVr—2=a%+z -2 3z =22 ®|x\:2(:>x:2.
@ Loi giai.
Khi chuyén vé (cong hodc trir hai vé véi ciing mot biéu thirc) ma khong lam thay déi diéu kién ctia phuwong trinh ta
luén nhéan dugc mot phwong trinh méi twong dwong.
Vivagtac6 3z +Vz —2 =22 & 3x =22 — /x — 2.
& Chon dap A0 (A). ..o
Cau 17. Chi ra khéng dinh sai.

AVvr—2=32-zoz-2=0. BVe—3=2=z-3=4

-2
©M D92 Ol =260 =2
T

@ Loi giai.
Taco x| =2z ==£2.
&, Chon dép an @ ................................................................................................................
Cau 18. Chi ra khéng dinh sai.

A vVe—1=2/T-zoz—-1=0. ®z+vVr—2=1+Vz—2=z=1

©l|z| =1z ==+1. Dz —2=z+1a (z-2)2=(z+1)>2
@ Loi giai.

> 2
r+Vr—2=1+ x—2<:>{ _1<:> phuong trinh v6 nghiém.
> =

Phuong trinh « + v/ — 2 =14 /2 — 2 va z = 1 1a khéng twong dwong vi khéng cting tap nghiém.
Qp Chom dap AN (B). .. e ettt
Cau 19. Chi ra khéng dinh sai.

A Vr—2=32-zoz-2=0. BVer—3=2=z-3=4

©lz—2/=20+1s (z—2)2 =2z +1)% D)a?2 =1z = +1.
@ Loi giai.
Khi binh phwong hai vé phai c6 diéu kién dé hai vé khong am. Khang dinh |z — 2| =22+ 1 < (v — 2)% = (20 +1)?
1a mot phép bién déi sai.
& Chon dap AN (C).......oveiee oo
Cau 20. Phuong trinh (22 + 1) (z — 1)(z 4 1) = 0 twong dwong v6i phuong trinh

Az—1=0. B z+1=0. ©az2+1=0. D) (z+1)(x—1) =0.
@ Loi giai.
Taco (z2+1)(z—1)(z+1) =0 (z+1)(z—1) =0.
&, Chon dép an @ ................................................................................................................

1
Cau 21. Phuong trinh 3z +5 e twong duong véi phuong trinh
3z +1 16 3z +1 16
3:7 3 —\/2_ :7_\/2_ .
@3:10 51+ T — 5+ 3x51 06 Tz —5 “
@ v +\/ 2 —ux. @ T ‘2 = - 2.

5 T —5 r—5

@ Loi glal.

Khi cong hai vé v6i cing mot biéu thirc ma khong lam thay déi diéu kién ctia phuong trinh thi ta nhan duoc mot
phuong trinh méi twong dwong.

3r+1 16 3x+1 16
Va = & 3=—+3.
4 r—5 r—5 x—5+ x—5+

& Chon dap A0 (A). ... ..o
Cau 22. Phuong trinh (x — 4)? = x — 2 la phwong trinh hé qua ciia phwrong trinh nao sau day?
Az—4=2-2 B Vr—2=z—4. Ove—i=vz—2  Ovz—d=z-2
@ Loi giai.
Phép binh phuwong hai vé chi Ia mot phép bién déi hé qua, néntacé Vo —2 =2 —4= (z —4) =2 — 2.
Qp Chon AP A1 (B .. ettt

Cau 23. Tim diéu kién x4c dinh ctia phwong trinh \/z — 2 + —— 245 =0.

V-
Az >2. B z>7. ©2<az<1. D2<z<T.

@ Loi giai.

Diéu kién cta phwong trinh v/z — 2 +

2 23>0
v o —Olé{x = eo<<T

VT —x 7T—x>0
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& Chon dap AN (C).......vveieee oo
Cau 24. Tap nghi¢ém T ctia phwong trinh v/z2 — 2z = /22 — 22 la

AT = {0}. BT =o. © 1T = {0;2}. DT = {2}.

@ Loi giai.

2 — 2z >0
2r—22>0
Thay vao phuong trinh ta thay ca hai gia trj théa méan phwong trinh.

Vay tap nghiém cta phwong trinh da cho la T = {0; 2}.

&, Chon dép an @ .................................................................................................................

Ngay tir diéu kién cta phwong trinh { sr2-21=02=02=2

Cau 25. Tap nghi¢m 7" cia phuong trinh g =v—zla
AT = {0} BT =0. ©rT1={1}. DT = {-1}.
@ Loi giai.
x>0
Diéu kién cta phuong trinh 1a { z #0 < khong c6 gid tri z thoa man.
—x>0
Vay phuong trinh da cho v6 nghiém, hay tdp nghiém la 7" = @.
Qe Chon dAp A1 (B). .. ettt

Cau 26. Cho phuong trinh 22? —x = 0 (1). Trong cac phuong trinh sau, phwong trinh nao khong phai la phuong
trinh hé qua cta phuong trinh (1)?

@2 - —=o. B) 42% —z = 0. © (222 —2)* =0. D)a? -2z +1=0.
—x
@ Loi giai.

1
Phuong trinh 222 —2 =0 2 =0; x = 3
Ta thiy phuong trinh 22 — 22 + 1 = 0 chi c6 nghiém 2 = 1 nén khong thé la phuwong trinh hé qua ctia phwong trinh
da cho.
& Chon dép é4n @ ................................................................................................................

Cau 27. Phuong trinh 22 = 3z twong dwong véi phrrong trinh

@x2+\/x—2:3x+\/m—2. $2+%,3:3x+ﬁ'

© 22z —3 =32z — 3. D)a2 +Va?+1=3z+Va? + 1.
@ Loi giai.
Tacé 2?2 ++vz2+1=3z+V22+ 1< 22 = 3.
& Chon dép én@ ................................................................................................................

Cau 28. Khéng dinh nao sau day sai?

ADVr—2=1=2-2=1. z(mi:l):uim:

© 3z —2/=2—3=82 -4z —5=0. D)vz—3=0—2z=3z—12=0.

@ Loi giai.
-1

Phuong trinh ax((xl)) = 1 chi c6 nghi¢ém = = 0 nén khong twong duong véi phuong trinh x = 1.

T —
o -1 .

Vay khang dinh x((xl)) =1 < x = 1 la mét khang dinh sai.

T —

Qe Chon dap A1 (B). .. v eeeiet it
Cau 29. Khi giai phwong trinh v/322 +1=22x+1 (1), ta tién hanh cac buéc sau

Buéc 1: Binh phuong hai vé ctia phwong trinh (1) ta duogc

322+ 1=(22+1)%  (2)

Budc 2: Khai trién va rat gon (2) tadwgc 22 + 42 =0 2 =0hayz = —4.

Budc 3: Khiz =0, tac6 3z? + 1> 0. Khiz = —4, tac6 322 + 1 > 0.
Vay tap nghiém ctia phuong trinh la {0; —4}.

Cach giai trén diing hay sai? Néu sai thi sai & bu6c nao?

@ Ding. Sai & buéc 1. © Sai & buédc 2. @ Sai & budc 3.
@ Loi giai.
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Cach giai trén la sai & buéc 3. Khi thir nghiém, ngoai viéc kiém tra diéu kién thi cAn xem vé phai c6 khong am hay
khong. R6 rang trong cac gid tri & buéc 3 thi khi thay 2 = —4 thi vé phai &m nén x = —4 khong thé 1a nghiém cta
phuong trinh da cho.

& Chon dép an @ ................................................................................................................

Cau 30. Khi gidi phuong trinh 22 —5=2—2 (1), mot hoc sinh tién hanh c4c buéc sau
Buéc 1: Binh phuong hai vé ctia phwong trinh (1) ta duogc

2 —5=(2-x)?2 (2

Buéc 2: Khai trién va rat gon (2) ta duge 4o = 9.
, 9
Bu6c3: (2) &z = T
9
Vay phuong trinh c6 mét nghiém la z = 1
Céach giai trén ding hay sai? Néu sai thi sai & buéc nao?
(A) Dting. Sai & buéc 1. (C) Sai & buéc 2. (D)Sai & budc 3.
@ Loi giai.
A 2 9
Cach giai trén la sai & budc 3. Sau khi giai phwong trinh hé qua ta can thir lai dé loai nghiém ngoai lai. Gia tri x = 1
hoan toan khong théa man phuwong trinh da cho nén khong phai la nghiém.
& Chon dép an @ ................................................................................................................
Cau 31. Khi giai phwong trinh |z — 2| =22 —3 (1), mot hoc sinh tién hanh cac buéc sau
Buéc 1: Binh phuong hai vé ctia phwong trinh (1) ta duogc

22 —dr+4 =4 —12¢+9.  (2)

Buéc 2: Khai trién va rit gon (2) ta dugc 322 — 8z + 5 = 0.

Wl ot~

Buéc 3: (2) & 2 =1hodcz =

5
Buéc 4: Vay phuong trinh cé nghiém laz = 1vaz = 3

Céch giai trén sai tir budc nao?
@ Sai & budc 1. Sai & budéc 2. © Sai & budc 3. @ Sai & budc 4.
@ Loi giai.
Cach giai trén la sai & buéc 4 vi ta da bé qua thao tac thir nghiém dé loai nghiém ngoai lai, dan téi viéc ldy nham
nghiém z = 1.

&, Chon dép an @ ................................................................................................................

~3)(z —4 .
Cau 32. Khi giai phwong trinh (@ \/3,) (x2 ) =0 (1), mot hoc sinh tién hanh cac budce sau
7
Buoc 1: (1) & %__3; (x —4)=0. (2)
@-3) _,
Buéc2: = | VT —2
r—4=0

Budc 3: < =3 hoacx = 4.
Budc 4: Vay phuong trinh ¢6 tap nghiém la 7' = {3;4}.

Céch giai trén sai tir budc nao?

(A) Sai & buéc 1. Sai & buéc 2. (C) Sai & budéc 3. (D)Sai & budc 4.
@ Loi giai.
Cach giai trén la sai tir buéce 2 vi khi bién déi twong dwong thi diéu kién 2 > 0, z # 4 la diéu kién chung ctia ca
phuong trinh. Nhu vay tir buéc 2 ta khong thé nhan duge mot hé hodc twong dwong dugc, tir dé dan téi viec nhan
nhim nghiém x = 4 khong thoa phuwong trinh da cho.

Qe Chon dap AN (B). .. .. oeiii e
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Cau 33. z = 9 la nghiém ctia phwong trinh nao sau day?

222 8
V2—z=ux = . V22rx+T=z—-4 V14 -2z =2 —3.
@ Loi giai.

Ta thdy # = 9 théa man phuong trinh /22 + 7 = 2 — 4 nén la mot nghiém cda né.

& Chon dap AN (C).......ovoee e
Cau 34. Nghiém cta phuong trinh /z + 3 = 1 (néu c0) la

@x =2 Bz = -2 © x = -3 @vé nghiém.
@ Loi giai.
TacoVr+3=1z+3=1c=-2
& Chon dap A0 (A). ..o

Cau 35. Khi giadi phwong trinh (96_\;)(‘%;4) =0 (1), mdt hoc sinh tién hanh c4c buéc sau

Budc 1: (1) < (55__5; (x—4)=0. (2)
(-5 _,

Buéc2: = | VT —3
r—4=0

Bué6c 3: & =5 hodcx = 4.
Budc 4: Vay phuong trinh ¢6 tap nghiém la T = {5;4}.

Céch giai trén sai tir budc nao?

@ Sai & buéc 1. Sai & buéc 2. (©) Sai & budc 3. @ Sai & budc 4.
@ Loi giai.
Ta théy tap nghiém ctia phwong trinh thi khéng thay déi. Tuy nhién, ngay tir buéc 2 thi ta chi ¢6 thé nhan dwgc mot
hé diéu kién twong duwong. Trong cach giai ctia hoc sinh trén vé tinh da loai di diéu kién chung ctia phwong trinh. Cac
treong hop khéc néi chung la khéng ding.
Qs Chon dap AN (B). .. . vttt

1 2 3 <
Cau 36. Khi giai phwong trinh x + _ (1), mét hoc sinh tién hanh cac budc sau
T +2 42
Buéc 1: Diéu kién z # 2.
Buéc 2: v6i diéu kién trén (1) & z(x +2) + 1 = — (22 + 3). (2)

Buéc3: (2) &2’ +dr+4=02=-2
Budc 4: Vay phuong trinh c6 tap nghiém la T = {—2}.

Cach giai trén sai tir budc nao?

(A) Sai & buéc 1. Sai & budéc 2. (C) Sai & buéc 3. (D)Sai & buéc 4.
@ Loi giai.
O budc 3, sau khi ta tim nghiém ctia phwong trinh hé qua cin thit lai (v6i dang nay ta chi cAn déi chiéu véi diéu kién
clia phrrong trinh). O' day hoc sinh trén da bo qua thao téac déi chiéu véi didu kién ctia phuong trinh dan t6i két qua
sai.

&, Chon dép an @ .................................................................................................................

Cau 37. Phuong trinh sau ¢6 bao nhiéu nghiém /z = /—z?
A o. B 1 ©2 v s6.
@ Loi giai.
x>0

Diéu kién xac dinh s =0.
—x>0

Thé x = 0 vao phuwong trinh, ta thiy théa nén phuong trinh c6 nghiém duy nhéit x = 0.
B Chon AP A1 (B ..ottt

Cau 38. Phuwong trinh sau c6 bao nhiéu nghiém |z| = —z?

@ o. B 1. ©2. v sb.

@ Loi giai.
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r=—xznéux>0 x=0
|z| = —2z & B s <z <0.
—rx=-rznéux <0 théa véi moi z < 0

& Chon dép an @ ................................................................................................................
Cau 39. Phuong trinh sau cé bao nhiéu nghi¢ém vz — 2 = /2 — 2?

@) o. ®B) 1. ©2. (D)6 sb.
@ Loi giai.

. {w —2>0
Diéu kién xac dinh Sr=2.

2—x>0

Thé x = 2 vao phuong trinh, ta thiy théa nén phuong trinh c6 nghiém duy nhit x = 2.
Qp Chom dAp A0 (B) ... v vttt e
Céu 40. Phuong trinh sau c6 bao nhiéu nghiém |z — 2| = 2 — «?

@o. B) 1. ©2. (D)6 sb.
@ Loi giai.
|z — 2| = 2 — x c6 nghiém thi diéu kién 2 — z > 0 & 2 < 2. Khi d6, phwong trinh dugc viét lai

2 —x =2 — x thoa véi moi x € R.

So voi diéu kién ta suy ra tap nghiém ctia phwong trinh da cho la S = (—o0; 2.
& Chon dép an @ ................................................................................................................
Cau 41. Phuong trinh v—22 4+ 10z — 2

@ vd nghiém. vd s6 nghiém. © moi z déu la nghiém. @ c6 nghiém duy nhét.
@ Loi giai.
V22 + 10z —25=0& /- (@ —52=0z =5
&, Chon dép an @ ................................................................................................................
Cau 42. Phuong trinh /22 + 5 = v/—22x — 5 c6 nghiém la

5 ) 2 2

@ Loi giai.

2z +52>0 5
rT=——.

Diéu kién xac dinh &
j ’ —2x—5>0 2

. 5 . . 5
Theé z = —3 vao phuong trinh, ta thay thoa nén phuong trinh ¢6 nghiém duy nhat z = —5

Qp Chon AP A1 (B). ..ottt e e
Cau 43. Tap nghiém cia phuwong trinh z — vz —3=+v3 -2+ 31la

@A) S =0. ®B) 5 = {3}. © S = [3; +0). D)S =R
@ Loi giai.

\ r—32>0
Diéu kién xéac dinh S =3.

3—x2>0

Thé x = 3 vao phuwong trinh, ta thiy théa nén phuong trinh c¢6 nghiém duy nhét x = 3.
B Chon dAp A0 (B) ... vttt
Cau 44. Tap nghiém ctia phwong trinh = + /x = /z — 1 1a

A S =19. B S ={-1}. © 5 = {0}. D)S =R
@ Loi giai.
Tap xac dinh ctia phwong trinh 2 = [0; +00). Khi d6

r+vVr=+vr—1=z=—-1 loai

Vay phuong trinh vo nghiém.
& Chon dap A0 (A). ... .o
Cau 45. Tap nghi¢m cta phuong trinh /2 — 2 (xQ — 3z + 2) =01la

A S =0. ® 5 ={1}. © 5 =1{2}. D)S = {1;2}.
@ Loi giai.
Tap xéc dinh cta phuong trinh 2 = [2; 4+00). Khi d6
rz—2=0
S |z=1 loai &z =2.

r—2=0

Vz—2(2*-324+2)=0= | ,
°=3x+2=0

r=2
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Vay phuong trinh ¢6 nghiém la z = 2.
& Chon dé4p 4n © .................................................................................................................
Cau 46. Cho cac phuong trinh o — 1 =3, (1)va (v —1)?2 = (=3)?> (2). Chon khéng dinh sai?
@ Phuong trinh (1) la phwong trinh hé qua ctia phuong trinh (2).
Phuong trinh (2) la phuwong trinh hé qua ctia phuong trinh (1).
@ Phuong trinh (1) va phuong trinh (2) la hai phwong trinh twong duong.
@Phuong trinh (2) v6 nghiém.
@ Loi giai.
Tacé vz —1=3« (vVr—1)? =3%vi(-3)? = 3% nén hai phuong trinh (1) va (2) twong duong.
& Chon dap AN (C)..... ..o

2
Cau 47. S6 nghiém ctia phwong trinh v H0 = be la

x
A 3. 2. ©1. D)o.
@ Loi giai.
Tap xéc dinh cta phwong trinh 2 = R\ {2}. Khi d6 phuwong trinh

246 5 r=3
TS T b=z’ —5r+6=0s ,
T —2 T —2 =2 loai.

Vay phuong trinh c¢6 nghiém duy nhét 2 = 3.
&, Chon dép an @ .................................................................................................................
Cau 48. Tap nghiém ctia phuong trinh 2z —1 =2z —11a

®{2+v22-v2h ®{-Vv2) © {2+ V2}. D).
@ Loi giai.

rz>1
rz>1 rx>1
V2r—1=z-1&{ ~ ) e300 sl [z=24+V2 cz=2+V2
20— 1=a2°"—-2x+1 zc—4r+2=0
r=2-2

& Chon dap An (C).......oooi i
Cau 49. S6 nghiém cta phuong trinh zv/z —2=+v2 -z 1a

A)o. ® 1. ©2. (D)3.
@ Loi giai.
A r—22>0
Diéu kién xéac dinh Sr=2.
2—x>0
Thé = = 2 vao phuong trinh, ta thiy thoa nén phuong trinh ¢6 nghiém duy nhat z = 2.

Qe Chon dAp A1 (B). .. .. in ittt
Cau 50. Hay chi ra khéng dinh sai?

_ _ 2 _ r—1
AvVr—1=2/T-z<z—-1=0. ®) z +1_0@m_0.
©lz—2l=z+1& (x—2)%=(z+1)% ®x2:1©m:1,x>0.

@ Loi giai.
Ta cé

@ Ve-1=2y/1—2< x—1=0ding.
-1
@12 +1=0o ——— =0 ding.
vr—1 8
@ z-2=z+1% (z—-2)? = (r+1)? ding.

® 2?2 =1« 2 = 1,2 > 0 sai vi phwong trinh dau c6 hai nghiém la £1.

&, Chon dép an @ ................................................................................................................

2
T
Cau 51. Tap nghiém cia phuwong trinh =
ap nghie p g o 1

A S = {2}. B) S = {-2;2}. © S ={-2}. D)S = 0.

@ Loi giai.
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Tap xac dinh ctia phwong trinh 2 = (1; +00). Khi d6 phwong trinh

72

4
Vi—1 Vx—1
So véi diéu kién suy ra tap nghiém S = {2}.
& Chon dép an @ .................................................................................................................
Cau 52. Tap nghiém cia phuwong trinh V3 —z 4+ 2z =+v3 -2 +41la

A S = {3}. B S = {3;4}. © S = {4}. D)S = 0.
@ Loi giai.
Tap xéc dinh cta phwong trinh 2 = (—o0; 3]. Khi d6 phwong trinh

V3i—z4+r=V3—-x+4=z=4.

=P =41==+2

So véi diéu kién suy ra tap nghiém S = (.
&, Chon dép an @ ................................................................................................................

Cau 53. Phuwong trinh nao sau day twong dwong véi phwong trinh 22 — 4 = 07?

@ @2+2) (-2 +22+1) =0. ®) (z - 2) (2% + 32 +2) = 0.
©VaZ—3=1. D)a? — 4z +4=0.
@ Loi giai.

Va2 —-3=1&1*-3=1c2—-4=0.
& Chon dap AN (C)........ooeee e

Cau 54. Phuwong trinh nao sau day twong duong vé6i phwong trinh 22 — 3z = 07

1 1
@xQ—F\/x— =3z ++Vr -2 a:2—|—x7_3:3x—|—r_3.
(© 2%V —3 =3zyz — 3. ®x2 +Va24+1=3z+ Va2 + 1.
@ Loi giai.

Tacém2—3x20<:>{x:
Tr =

x> 2
@ 22 +Vr—2=3z+ x2<;${2 =3

x° =3z
1 1 T #3
@ P+ —— =32+ = 7 <z =0.
r—3 r—3 552:317
x> 3
®@ 22z —-3=3z x—3<:){2_
xz° = 3.

@ 22 +V2+1=3z+V22+1< 2?2 =3z

Vay phuong trinh 2% — 32 = 0 twong dwong vé6i 22 + V22 + 1 = 3z + Va2 + 1.
& Chon dép an @ ................................................................................................................

1
Cau 55. Phuwong trinh nao sau day khong twong dwong véi phuong trinh z + — = 17
x

A 2%+ z =1 B 20— 1]+ v2z+1=0.
©azvz—5=0. D)7+ 6r —1=—18,
@ Loi giai.
1 x#0
r+—-=1<4, vO nghi¢m.
T *—z+1=0

® 22 + /r = —1 vd nghiém vi vé trai I6n hon 0.

1
|2z — 1] =0 =3
@ 22— 1|+ 2z + 0@{ & vO nghiém.
_ 1 ;
V2r+1=0 z=-3

® 7++6z—1=-18vdnghitm vi7+ v6x —1>0va—18 <0.
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xr>5
@2V —-5=0&{ [z=0 =5
r=2>5

1
Vay « + — = 1 khong twong duong v6i 2/ — 5 = 0.
X
& Chon dép 4n © .................................................................................................................

Cau 56. Chon cap phuong trinh twong dwong trong céc cap phuong trinh sau

@x—i—\/x—l:l—kx/x—lvéx:l. x+\/x—2:1+\/x—2véx:1.
© Vz(z+2) =yrvazr+2=1 @x(m+2):xvéx+2:1.
@ Loi giai.

x>2
@z+Vr—2=1+ x—2<:>{ 71 vo nghi¢ém nén z + v — 2 = 1+ +/x — 2 vax = 1 khong twong duong.
€r =

z>0 z>0
@ Vr(z+2)=yVre | [2=0 << [z=0 < z=0nénz(x+2)=+xvaz+2=1Kkhong twong
r+2=1 z=—1
duong.
z=0 z=0
@zr(z+2)=z& & nén z(x + 2) = x va x + 2 = 1 khéng twong duwong.
r+2=1 r=-1

r>1

@z+Vr—1=1+ x—l@{ _1@lenén;v—&—\/x—l:1+\/x—1vém:1tu“0ngdu0ng.
x

Vayz + vz —1=1++x —1vax =1 lahai phrong trinh twrong duong.
&; Chon dép an @ .................................................................................................................

Cau 57. Chon cap phwong trinh twong dwong trong céc cdp phuong trinh sau

zvr+1
2+ vVr—-3=14++vx—3va2r=1 =0vaz=0.
@2+ v v ®
OvVe+l=2—zvaz+1=(2-2a) ®x+\/x—2:1+\/x—2véx:1.
@ Loi giai.
>3
@2r+Vr—-3=1+Vz-3& 1 v0 nghiém nén 2z + /2 —3 = 1 + vz — 3 va 2z = 1 khong twong
T
duong.
<2 <2 5—+/13
@Ve+tl=2-z< , B4 Sr=———nényzr+1l=2—2ava
x+1=(2-12) z°=5x+3=0 2

x4+ 1 = (2 — r)? khong twong duong.

T > 2
@r+vVr—-2=1+ 932@{ _1v6nghiémnénx+\/x72:1+\/a:f2véx:1kh6ngtu0ngd1r0ng.
x

Vi 1 x> -1 1
@ VPl o @sznén@:Ovéx:()tuorngduong.
Vo +1 z=0 Vr+1

Vayz + vz —1 =1+ +x —1vaz =1 lahai phwong trinh twong duong.
B Chom dap AN (B). .. e ettt

Cau 58. Chon cap phwong trinh khdng twong duong trong cac cap phwong trinh sau

Az+1=22—22vaz+2=(z—1)>2 B®)3zvz+1=8/3—xzvabzy/o+1=16y/3—z.
©x\/3—2m—|—x2:x2+xvéx\/3—2x:x. @\/x+2:2mvéx+2:4x2.
@ Loi giai.

@z+tl=2>-2z22r+2=(r—1)?nénz+1=22—-2rvazr+2=(r—1)? twong duong.

@32V +1=8/3—2 & 6xv/x+1=16/3 —xnén3zvz+1=8/3—xvabzyz+1=16y/3 — z twong
duong.
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@ rv3 -2+ =22>+2 4 23— 22 =2 nén 23— 22 + 2% = 22 + 2 va /3 — 22 = z twong duong.

x>0
@ Vet+2=2r< ) nén \/z + 2 = 2x va x + 2 = 422 khong twong duong.
r+2=42"=0
Vay vz + 2 = 2x va z + 2 = 422 khong twong duong.
&, Chon dé4p an @ ................................................................................................................
Cau 59. Tim gia tri thie ctia tham sé m dé cip phuong trinh sau twong duwong 222 +max —2 =0 (1) va 223 + (m +
Nz +2(m -z —4=0 (2).
1
@sz. m:3. ©m:§. @m:—Q.
@ Loi giai.
22 +mxr —2=0
r=-—2.
Vay dé (1) twong dwong véi (2) thi 222 + mz — 2 = 0 c6 nghiém z = —2,khid6 8 — 2m —2 =0 < m = 3.
B Chon dap A0 (B). .. vttt
Cau 60. Tim tat ca cac gia tri thure ctia tham sé m dé cap phuong trinh sau twong dwong mz? —2(m—1)z+m—2 =0
(1) va (m —2)z2 — 3z +m? — 15 =0 (2).

@m:—5. m:—5,m=4. ©m:4. @m:S.

@ Loi giai.

203 + (m+4)22+2m—1)x—4=0< 2222+ mz —2) + 422+ 2mz —4 =0 &

=1
mx2—2(m—1)x—|—m—2:0®(x—l)(mx—m—2)=O<:>{

mx =m + 2.
Khi d6 dé (1) twong dwong véi (2) thi diéu kién can la (2) phai c6 nghiém x = 1.

=4
Hhidé(Z)suyram—2—3+m2—15-0@{m 5
m = —5.

Khi d6

TH1. Véim =4thi (1) =422 —6z+2=0
Va(2) =222 —3z+1=0< (1).

r=1
TH2. V6im = —5thi (1) = 522+ 122 - 7T=0% 7
z=1
(2)=-T22 -32+10=0% 10
rT=——

Suy ra (1) khéng twong dwong (2).

Vay gid tri m can tim la m = 4.
& Chon dap AN (C).......ovoeee e

Cau 61. Khéng dinh nao sau day la sai?
-1
AVe—2=1=z-2=1 x(mil):l:Mc:l.
T —

© 3z —2/=2—-3=822—4z—5=0. D)vz—3=0—2z=3z—12=0.
@ Loi giai.
3z —2|=2-3=922-122+4 =22 - 62+ 9 = 82% — 62 — 5 = 0.
Vay |3z — 2| =2 — 3 = 82% — 42 — 5 = 0 sai.
& Chon dap AN (C).......ovviee oo

Cau 62. Cho phuong trinh 222 — 2 = 0. Trong cac phuong trinh sau day, phuong trinh nao khéng phai la hé qua
cua phuong trinh da cho?

9 — —— = B)42° — 2 = 0.

1—2x
@(23:2—33)2—1—(1‘—5)2:0. ®2x3—|—x2—x20.
@ Loi giai.
Ta cé
— 972
@22 —0r=0= 2T g9, T g
1—=x 1—=z

@2 —2=0=> (227 —z) - 22+1)=0=42® —z =0.
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@2 —2=0=> (2 —2) - (z—-1)=0= 22" +2% -z =0.

20 —x =0
© (227 - 1’)2 +(z—-5)2=0= { v vO nghiém.
rz—5=0
Vay 222 + 22 — 2 = 0 khéng phai la hé qua ctia phwong trinh da cho.
& Chon dép an @ .................................................................................................................
Cau 63. Tap nghiém ctia phwong trinh /22 — 22 = 2z — 22 la

A) S = {0}. ®B) S =0. © S = {0;2}. D)S = {2}.

@ Loi giai.

Tr =
\/SE22$—\/2$:E2<:>2.’£1'2—0<:>{ )
x=2.
& Chon dadp AN (C).......vvveeeee e
Cau 64. Phuong trinh z (x2 — 1) v — 1 = 0 c6 bao nhiéu nghi¢m?

@o. ®1. ©2 D3

@ Loi giai.

z>1 rz>1
x(a:Z—l)\/:v—le z=0 = r=0 =z=1
22 —-1=0 r ==l

Vay phuong trinh c6 mot nghiém duy nhét.
B Chomn dap AN (B). ... v vttt
Cau 65. Phuwong trinh v/—22 + 62 — 9 + 2® = 27 ¢6 bao nhiéu nghiém?

@o. ®) 1. ©2. D)3.
@ Loi giai.
Diéu kién xac dinh ctia phuong trinh

—2?24+62-9>0& —(z—-3)? >0 =23

Thé z = 3 vao phuong trinh, ta thiy thoa.
Vay phuong trinh c¢6 nghiém duy nhét 2 = 3.
Qe Chon dap A1 (B). .. v ettt
Cau 66. Phuong trinh /(z — 3)%(5 — 3z) 4+ 2z = +/3z — 5 + 4 ¢6 bao nhiéu nghiém?

Ao. ®) 1. ©2. D)3.
@ Loi giai.

X 5—3x >0
Diéu kién xac dinh &

3r—52>0

=4vo1y.

Ll Ot ol en

Thé z = g vao phuong trinh, ta thiy 2 -
Vay phuong trinh vo nghiém.
& Chon déap 4n @ .................................................................................................................
Cau 67. Phuong trinh z + v/ — 1 = /1 —  c6 bao nhiéu nghi¢m?

@o. B) 1. ©2. D)s3.
@ Loi giai.

< 1—-z>0
Diéu kién xac dinh sSr=1.

r—1>0

Thé 2 = 1 vao phuong trinh, ta thiy 1 = 0 vo 1y.
Vay phuong trinh vo nghiém.

& Chon dap A0 (A). ... ..o
Cau 68. Phuwong trinh v2z + v/x — 2 = /2 — x + 2 c6 bao nhiéu nghiém?

Ao. B 1. ©2 D)s3.

@ Loi giai.

2—x>0
Diéu kién xac dinh { z — 2 > 0 < z = 2 thay vao phuong trinh, ta thiy khong thoa.
x>0

Vay phuong trinh da cho v6 nghiém.

& Chon dap AN (A). ... ..oeeee e
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Cau 69. Phuong trinh /23 — 422 + 52 — 2 + o = \/2 — & ¢6 bao nhiéu nghiém?
A o. B)1. ©2 D)3.
@ Loi giai.
2—x>0

\/x3—4x2+5m—2+$:\/2—x<:)\/(aj—1)2(90—2)4—30:\/Q—wcédiéukiénxécdinh{ 50 Sr=2
r—z2z

Thay z = 2 vao phuong trinh, ta thiy 2 = 0 vo Iy.
Vay phuwong trinh v6 nghi¢m.
& Chon dap AN (A). ... .oeeie e

1 2 —1
Cau 70. Phuong trinh x + —— = v

T ¢6 bao nhiéu nghiém?
z —

1

A o. 1. ©2 D)s3.

@ Loi giai.
1 2z — 1 r#1 x#1
r+ —0 = = 9 4 9 4
r—1 z-1 ¥ —x+1=2x-1 z°=3x+2=0

Phuong trinh c6 nghiém duy nhét z = 2.
Qe Chon dap A1 (B). .. v ettt
Cau 71. Phuong trinh (22 — 3z + 2) vz — 3 = 0 ¢6 bao nhiéu nghiém?

@o. B) 1. ©2. D)s3.

@ Loi giai.

>3
(2?2 =3z+2)Vz-3=0% {$2—3w+2:0 Sr=3
z—3=0

Phuong trinh c6 nghiém duy nhét z = 3.
& Chon dap AN (A). ... .oveiee e
Cau 72. Phuong trinh (x2 —x— 2) v + 1 = 0 c6 bao nhiéu nghi¢m?

@o. ®1. ©2 D3

@ Loi giai.

r > —1
(?—z-2)Vz+1=0& xQ—x—Q:O@{zZ;l
rz+1=0
Phuong trinh c6 hai nghiém x = -1, x = 2.
Q Ch(_)ndépén@ .................................................................................................................
—4xr —2

2
x
Cau 73. Phuong trinh ————
5 v —2
A1 ®) 2. ©3. D).
@ Loi giai.
22 —dx—2 x> 2 z>2 5
—— =V —-2& = =T =—.
Vo —2 {x2—4x—2:m—2 {5C2—51'=0 2
Vay phuong trinh c6 tat ca la mot nghiém

& Chon dép an @ .................................................................................................................

= v/ — 2 c6 tat ca bao nhiéu nghiém?
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@ PHUONG TRINH QUY VE PHUGNG TRINH BAC NHAT,
PHUONG TRINH BAC HAI

(A) CAC DANG TOAN THUOGNG GAP - VI DU - BAI TAP REN LUYEN

© Dang 1. Giai va bién luan phuong trinh bac nhat mot an

Cach giai va bién ludn phuong trinh ax = b.
. b
® Truong hgp 1: a # 0. Phuwong trinh ¢6 nghiém duy nhéit z = =

® Truong hop 2: a = 0. Giai dé tim tham s6, thé tham s6 vao phwong trinh az = b.

+ Néu dugc 0z = 0 thi phwong trinh ¢6 vo s6 nghiém (tap nghiém S = R).

+ Néu dugc 0z = b (b # 0) thi phwong trinh v6 nghiém.

® Phuong trinh az = b c¢6 nghiém duy nhét < a # 0.
a=20

® Ph trinh az = b v6 nghiém <
wong trinh az v6 nghi¢m {b;é 0.

a=0

® Phuong trinh ax = b ¢6 tap nghiém 1a R < {b B

() vioy

&% Vidu 1. Giai va bién luan theo tham s6 m phwong trinh (2m — 4)x = m — 2.

@ Loi giai.
-2 1

® 2m — 4 # 0 & m # 2 thi phuong trinh c6 nghiém duy nhét z = ;:Ln 1= 5

® 2m — 4 =0 < m = 2 thi phuong trinh da cho tré thanh 0z = 0 = Phuong trinh c6 v6 s6 nghiém.

& Vi du 2. Giai va bién luan theo tham s6 m phuong trinh (m2 — 1) z+1=m.

@ Loi giai.
(m2—l)m+1:m<:>(m2—1)x:m—l
#1 m—1 1

1 thi phuong trinh da cho c6 nghiém duy nhét 2 = o e T

®m2—17é0<:>{m
m

m=1

®m2—1=0<:>[
m = —1.

e V6im = 1 thi phwong trinh da cho tré thanh 0x = 0 = Phuong trinh c6 v s6 nghiém.

e V6i m = —1 thi phuwong trinh da cho tré thanh 0x = —2 = Phwong trinh v6 nghiém.

& Vi du 3. Giai va bién luan theo tham sé m phuwong trinh m?z = m? + 4 + 4m(x — 1).

@ Loi giai.
mPz =m? +4+4m(z —1) & (m® —4m)z =m? —4dm + 4.
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m # 0
. 34 2
® m3 —4m #0< {m+#2 thi phwong trinh da cho c6 nghiém duy nhat z = m m :m(m—i— )
m2 —4m + 4 m— 2
m# —2
m =0

@mP—4dm=0s |m=

m = —2.
e Vé6i m = 0 thi phuwong trinh da cho tré thanh 0z = 4 = Phuong trinh v6 nghi¢m.
e V6i m = 2 thi phuong trinh da cho tré thanh 0z = 0 = Phuong trinh v6 s6 nghiém.

e V6i m = —2 thi phuwong trinh da cho tré thanh 0z = 16 = Phuong trinh v6 nghiém.

& Vi du 4. Giai va bién luan theo tham s6 a va b phwong trinh a (az + 20%) — a® = b*(z + a).
g

@ Loi giai.
a(ax +2b%) —a® =b*(z +a) & (a® — b*) . = a® — ab®.
a b | 3 _ b2
@d-V+40s 7 thi phuwong trinh da cho c¢6 nghiém duy nhat x = LY .
a#—b a? — b?

=)
@d-V¥=0e {a

a=—b

e Véi a = b thi phuwong trinh da cho tré thanh 0z = 0 = Phwong trinh c6 v6 s6 nghiém.

e Vé6i a = —b thi phuong trinh da cho tré thanh 0z = 0 = Phuong trinh c6 v6 s6 nghiém.

& Vidu 5. Giai va bién luan theo tham sb m phwong trinh M =2
) p & z+1
@ Loi giai.
mr—1)-3_, _ [me-1)-3=2+2 _ [(m-2z=m+5 (m—2)z=m+5
—— =2 =4 <~ —
r+1 x#£—1 x# -1 m;«é;

m—2#0 m # 2 m45

O] -3 —3 thi phuong trinh da cho c6 nghiém duy nhét z = ——.
2 2
m—2=0
@ ” —3 < m = 2 thi phuong trinh da cho trg thanh 0z = 7 = Phuong trinh v6 nghiém.
m4 >
2

& Vi du 6. Tim tham s6 m dé phuong trinh m2z + 2 = = + 2m c6 nghiém duy nhat.

@ Loi giai.
m?z+2=x+2me (m?*—1)z=2m—2 (1)
(1) c6 nghiém duy nhét & m? — 1 # 0 < m # £1.

& Vidu 7. Tim tham s6 m dé phuwong trinh m?z + 6 = 42 + 3m vo nghiém.

@ Loi giai.

m?z+6 =4z +3m & (m? —4)z =3m —6 (1)
R . {m274:0

(1) v6 nghiém < Rm_ﬁin@m:fz.
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& Vidu 8. Tim tham s6 m dé phuong trinh m?(x — 1) + m = z(3m — 2) c6 tap nghiém la R.

@ Loi giai.
m*(x—1)+m=2z(B3m—2) < (m?* —=3m+2)z=m?—m (1)
m? —3m+2=0

(1) ¢6 tap nghiém léR(:){ ) - < m=1.
m-—m=20

<2> BAI TAP TU REN LUYEN

Bai 1. Giai va bién luan céc phuong trinh sau theo tham sb m

Om(z—m)=2+m—2 @2(m—-1z—m(z—1)=2m+3

@2m?(x—1)+7=2(x+1)+3m @ (m*+3)(z—1)—m=B-2m)z—5
@ Loi giai.
@O mz-m)=2+m-2(m-r=m2+m-—2.

m2+m —2

= 2.
m—1 m

® m —1+# 0 < m # 1 thi phwong trinh da cho tr¢ thanh z =
® m —1=0< m =1 thi phwong trinh da cho tr¢ thanh 0x = 0 = Phuong trinh c6 v6 s6 nghi¢m.

@ 2m—-1z-—m(r—1)=2m+3 < (m—2)x=m+3.
m+3

® m — 2 # 0 < m # 2 thi phuwong trinh da cho c¢6 nghiém duy nhét 2 = 5
m—

® m — 2 =0 < m = 2 thi phwong trinh da cho tr¢ thanh 0z = 5 = Phuwong trinh v6 nghiém.
@ 2m*(x—1)+7=2(z+1)+3m & (2m? — 2) z = 2m? + 3m — 5.
2m? +3m—5  2m—5

m#1 |
@2m?-2+4£0& {m z 4 thi phwong trinh da cho c6 nghiém duy nhat z = mZ—2  —ami2

m=1

@2m?-2=0& { .
m = —1
e V6i m = 1, phuong trinh da cho trg thanh 0z = 0 = Phuong trinh c6 tap nghi¢m la R.
e V6i m = —1, phuong trinh da cho trg thanh 0z = —6 = Phuong trinh v6 nghiém.
@ (m*+3)(z—1)—-m=B-2m)z—5< (m*+2m)z=m?+m—2.

m # 0 . 2 -2 —1
@m?+2m#£0< { 7 thi phuong trinh da cho c6 nghiém duy nhéat z = mn ;_ mn - .
m 2 m* + 2m m

m =0
@ mi+2m=0¢s { .
m=—2
e Vé6i m = 0 thi phuong trinh da cho tré thanh 0z = —2 = Phuong trinh v6 nghi¢m.

e V6i m = —2 thi phwong trinh da cho tré thanh 0z = 0 = Phuong trinh ¢6 tp nghiém la R.

Bai 2. Giai va bién luan theo tham s6 a va b cac phuong trinh

@D a*z=a(x+b)—b @ (a+b)%z +2a? =2a(a+b) + (a* + b*) =
a(x—2a) b  br—a® b

® 2 4 12 %

@ Loi giai.

@ a*zr=a(zx+b) —bs (a*> —a)z=ab—b.

0 ) N
@d’-a#0e {a;ﬁ thi phwong trinh da cho c6 nghiém duy nhat x = ab—b :é.
a#1 a?—a a
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=0
@a®-a=0s|" .
a=1

e V6i a = 0 thi phuong trinh da cho tré thanh 0z = —b ¢6 v6 sb nghiém khi b = 0, vo nghiém khi

b# 0.
e Véi a = —1 thi phuong trinh da cho tré thanh Oz = 0 = Phuong trinh c6 tap nghiém la R.
@ (a+b)x + 24 = 2a(a +b) + (a* + b*) x & abx = ab
® ab # 0 thi phuong trinh déa cho c6 nghiém duy nhét z = 1.
® ab # 0 thi phwong trinh da cho tré thanh 0z = 0 = Phwong trinh c6 tdp nghiém la R.

a(x —2a) b  brx—a® b 5 s

a? — b?
a—1b
® a — b =0 < a = b thi phuong trinh da cho tré thanh 0z = 0 = Phuong trinh c6 tap nghiém la R.

=a+b.

® a — b #0 < a+#bthi phuong trinh da cho c6 nghiém duy nhit z =

Bai 3. Giai va bién luan theo tham s6 m céc phwong trinh

3 m(z+4)—1 m
®2:c—2_m+1 @ x4+ 2 =1 ®m:c—|—3_2
@ Loi giai.

3 3=02x—-2)(m+1)

= 1l &2 Dz =2 5
@ 5o 5 =Mt {x#l (m+1)x =2m+
S N ~ . N ; 2m 495
@O@m+1£0&m#-1 thlphuorngtrlnhdachoconghlf;mduynhata::2 ot
m

® m+1=0<« m = —1 thi phuong trinh da cho trg thanh 0z = 5 = Phuwong trinh v6 nghiém.

(m— 1)z =—4m+ 3 (x)

4) -1 m(z+4)—1=x+2
@ a1 [mrtd) N
. —4 3
® m —1+# 04 m # 1 thi phuong trinh (*) c6 nghiém duy nhét z = ij

® m —1=0< m =1 thi phwong trinh (*) tr¢ thanh 0z = —1 = Phuong trinh v6 nghiém.

m = 3(mz + 3)
m—9
3 Imr=m-—9 r=—
3 5 = 2 £ —— 0 & 3m  Vay phuong trinh da cho c6 nghiém
m =0

duy nhét khi m # 0, vd nghiém khi m = 0.

Bai 4. Tim tat ca gid tri cia m dé phwong trinh
@) m2z — m = 4x — 2 c6 nghiém duy nhét. @ m(max — 1) = 1 + x c6 tap nghiém la R.
3 (m+1)%2z +1—m = (7m — 5)z vo nghiém.

@ Loi giai.
@O mPr—m=4r -2 (m?*—4)z=m—2 (%)

m # 2

(%) c6 nghiém duy nhét < m? —4#0@{
m# —2.
@ m(mx—l):l—kx@(mQ—l)x:m—Fl(*)
m?>—1=0
(%) c6 tap nghiém la R < & m=—1.
m+1=0
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@ m+1)%z+1—m=(Tm—>5)z< (m>—5m+6)z=m—1 (x)
m2—5m+6:0© {m:?

5 nohitm <
(*) vo nghiém {m—l;é()

m = 3.

Bai 5. Chtirng minh réng phwong trinh m(m — 1)z + 2mz = (2m — 1)z + m c6 nghiém duy nhét véi moi m € R.
@ Loi giai.
m(m — 1)z +2mz = (2m — )z +m & (m?> —m+ 1)z =m.

2
Tacémg—m+1:m2—m+l+§:(m—l) +§>0 VYm € R.
4 4 2 4 ’

Suy ra phwong trinh da cho luén ¢6 nghiém duy nhét v6i moi m € R.

© Dang 2. Giai va bién luan phuong trinh bac hai mét an

Cach giai va bién luan phuwong trinh az? + bz + ¢ = 0.
Truong hop 1. a = 0, giai tim tham s6. Thé tham s6 nay vao phwong trinh da cho dé c6 két luan.

Truong hop 2. a # 0.

Tinh A = b — 4ac. (Néu b chén thi tinh A’ = b — ac v6i b = g)

< 0

® Néu {Zi . thi phuong trinh v6 nghiém.

@ Néu 4“7 % thi phurong trinh c6 nghiém kép & — — . (Néu tinh A” thi z — — )
G0 g U g lelh o gl K & = — 2= (NG i 1z=——)
s JoF0 . U —b+ VA

® Néu {A 50 thi phuwong trinh c6 hai nghi¢m phan biét z = o

(Néu tinh A’ thi z =

() vioy

& Vidu 1. Tim tham sé m dé phwong trinh maz? — 2(m + 3)2 +m + 1 = 0 (*) vo nghiém.

-+ \/A’)
- )

@ Loi giai.
1
Truong hgp 1. @ = 0 < m = 0. Thay vao phuong trinh (%) ta dwgc —62+1 =0 o = &
1
Suy ra phuong trinh ¢6 mét nghiém z = 5 nén m = 0 khong théa man.

Truong hop 2. a # 0 < m # 0.
Tacé A’ = (m + 3)2 — m(m + 1) = 5m + 9. Phuong trinh (x) v6 nghiém khi va chi khi

9
A’<0<:>5m+9<0<:>m<—5.

9 .
Vay m < —% théa man yéu cau bai toan.

& Vidu 2. Tim tham s6 m dé phuwong trinh (2 — m)z? — 4z + 3 = 0 () c6 nghiém kép. Tinh nghiém kép
nay.

@ Loi giai.
Tacé A’ = (=2)? —3(2 —m) = 3m — 2.
Phuong trinh (*) c6 nghiém kép khi va chi khi

a0 2 —m £0 m# 2
[ &
A=0" 13m=2=0" \m=:
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b
Khi d6 phuong trinh (*) c6 nghiém kép la z = 3= 5_m=73

&% Vidu 3. Tim tham s6 m dé phwong trinh (2m — 1)22 — 2(m — 1)z — 1 = 0 (%) c6 hai nghiém phan biét.
Tinh hai nghi¢m nay.

@ Loi giai.
Tacé A" = (m —1)2 — (2m — 1)(=1) = m?2.
Phuong trinh () ¢6 hai nghiém phan biét khi va chi khi

{a;«éO {2m—1750@ m;é%

/ g 2
A'>0 m” >0 m % 0.
b+ VA —1)+ 1
Khi d6 phuong trinh (*) c6 nghiém phén biét 1a z; » = VA = (m—1)£m er =120 =— .
' a 2m —1 2m —1
Nhén xét:
Ta c6 thé tinh nhanh hai nghiém béng c4ch: phwong trinh nay cé cac hé s6 a, b, ¢ théa méan diéu kien a +b+c =0

c 1
nén phuwong trinh ¢6 mot nghiém z; = 1 va nghiém z, = 2= 51

& Vi du 4. Tim tham s6 m dé phuong trinh (m 4 2)22 — 2ma +m — 3 = 0 () c6 nghiém phan biét. Tinh
cac nghi¢ém nay.

@ Loi giai.
Tacé A’ =m? — (m+2)(m —3) =m +6.
Phuong trinh (%) c6 hai nghiém phéan biét khi va chi khi

a#0 m+2#0 m # —2

; & &

A">0 m+6>0 m > —6.
—b'EVvA mEm+6

Khi d6 phuong trinh (x) c¢6 nghiém phéan biét la z; 5 =
’ a m+2

&% Vidu 5. Giai va bién luan theo tham s6 m phuong trinh

(m —3)2? — 2(m — 2)z +m = 0 (%).

@ Loi giai.
Truong hop 1. a =0 < m — 3 =0 < m = 3. Thay vao phuong trinh () ta dwgc —22 +3 =0z = g
3
Suy ra phuong trinh c6 mot nghiém z = 7

Truong hop 2. a # 0 < m # 3.
Tacé A’ = (m—2)2 —m(m —3) = —m + 4.

. [a#0 m#3
® Né & & m > 4 thi ph trinh 6 nghiém.
LA Cmtd<0 m i phuwong trinh (*) vd nghiém
. |a#0 m# 3
® Néu {A?A_ 0 & { 3 Zén 4= < m = 4 thi phwong trinh (%) c6 nghiém kép
b _
m:—7ZL2Z2
20 m-—3
< 0 3 3
® Néu {Z%>O@{Tifn+4>0®{Zﬁ4thiphu0ﬂgtrinh (*) c6 hai nghiém phéan biét

“VEVA m-2+y-m+4

a m—3

T12 =
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<2> BAI TAP TU REN LUYEN

Bai 1. Tim tham s6 m dé phuwong trinh
@ (m —1)2? 4+ 3z — 1 = 0 v6 nghiém.
2 ma? — (2m + 3)z + m = 0 c6 nghiém kép. Tinh nghiém kép nay.
(3 ma? — 2(m + 3)x +m + 1 = 0 c6 hai nghiém phan biét. Tinh cac nghiém nay.
@ (m —1)2? 4+ Tz — 12 = 0 c¢6 nghiém. Tinh céc nghiém nay.

@ Loi giai.
@ (m—1)2% 43z — 1 =0 (1) vo nghiém.

1
Truong hgp 1. @ = 0 < m = 1. Thay vao phwong trinh (1) tadwgc 3z —1 =0z = 3
1
Suy ra phuong trinh ¢6 mot nghiém z = 3 nén m = 1 khong thoa man.

Truong hgp 2. a # 0 < m # 1.
Tacé A = 3% — 4(m — 1)(—1) = —4m + 13. Phuong trinh (1) v6 nghiém khi va chi khi

13
A<O<:)—4m+13<0<:>m>z.

1 A
Vay m > Zg théa man yéu cau bai toan.
(2 max? — (2m + 3)x + m = 0 (2) c6 nghiém kép. Tinh nghiém kép nay.

Tacd A = (2m+3)? —4dm-m = 12m +9.
Phuong trinh (2) c6 nghiém kép khi va chi khi

{a;«éO {m;ﬁO m #0 _ 3
T

54 = S m=—
A=0" \12m+9=0 m:,%
b 2
Khi d6 phuong trinh (2) c6 nghiém kép laz = —— = mt3_
2a 2m

(3 max? —2(m + 3)z +m + 1 = 0 (3) c6 hai nghiém phan biét. Tinh cac nghiém nay.
Tacd A’ = (m+3)2 —m(m+1) =5m+9.
Phuong trinh (3) c6 hai nghiém phéan biét khi va chi khi

{a;«éO {m;«éO m# 0

= =
A0 5m+9>0 m>,§_
b £ VA +
Rhi d6 phuong trinh (3) c6 nghiém phén biét la 21 » = _m+3 n 52)m + 9.
a m

@ (m —1)2? 4+ 7z — 12 = 0 (4) c6 nghiém. Tinh céc nghi¢m nay.
12
Truong hgp 1. @ = 0 & m = 1. Thay vao phuong trinh (4) ta dwgc 72 — 12 =0z = z
12
Suy ra phuong trinh ¢6 mét nghiém = = -
Truong hgp 2. a #0 & m # 1.
Tacé A = 7% — 4(m — 1)(—12) = 48m — 1. Phuong trinh (4) c6 nghiém khi va chi khi

{a;«éO {m#l m # 1
< <~ 1

A>0 " |48m—12>0 m> —

RKhi d6 phuong trinh da cho c6 hai nghi¢m la

—bE VA T4+ /A8Bm—1
2a B 2(m—1)

T12 =
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Bai 2. Giai va bién luan theo tham s6 m phuong trinh
@ 22 +2(m+ 1)z +m?+7=0.
@ (2-m)2® —4x+3=0.

@ Loi giai.

@ 22 +2m+ Dz +m?+7=0(1).

Tacé A’ = (m+1)2 — (m? +7) =2m — 6.
® Néu A’ <0< 2m —6 <0< m < 3 thi phwong trinh (1) v0 nghiém.
®@ Néu A’ =0 2m — 6 = 0 < m = 3 thi phwong trinh (1) c6 nghiém kép

b
7= = —(m+1) = —4.

® A'>0%<2m—6 >0 < m > 3 thi phuong trinh (1) c¢6 hai nghiém phan biét

@ (2—m)x?2 —4x+3=0(2).

3
Truong hgp 1. a =04 2 — m =0 < m = 2. Thay vao phuwong trinh (2) ta dwgc -4+ 3=0< 2 = —.
3
Suy ra phuong trinh ¢6 mét nghiém x = —.
Truong hgp 2. a # 0 < m # 3.
Tacéd A’ =22 —3(2—m)=3m—2.

®Néu{a7é0 {m#Q

2
A’<O© 3m_2<0®m<§thiphu0ngtr‘lnh (2) v6 nghiém.
i 0 2 2
® Néu {Z'#:O@ {;nm#—Zzo (:)ngth‘l phuong trinh (2) c6 nghiém kép
b 2 3
2 2-m 2
2
. [a#0 m # 2 m#
® Né & & thi phuong trinh (2) c6 hai nghiém phén biét
AL 3 — 2> 0 m>§ i phuong trinh (2) c6 hai nghiém phan bié
V' £VA  243m -2
T2 = = .
a 2—-m

@© Dang 3. Dinh li Vi-ét

. b
Néu phuong trinh ax? + bz + ¢ = 0 c6 hai nghiém x; vazo thi S =21 + 20 = —— va P =2 - 75 = E.

b 2
(@ Phuong trinh 722 — 22 +3=0c6 S = —— = = vaP = % la SAI vi phuong trinh nay v nghiém.
a

b ,
(2) Phuong trinh 22 —22 — 5 =006 S = —— = 2va P = —5 la DUNG vi phwong trinh nay c6
a
nghiém.

Tim hiéu thém vé dinh li Viete cho phuong trinh bac 3
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Néu phuong trinh ax® + bz? + cx + d = 0 c6 ba nghiém phan biét 1, 25 va z3 thi
I + T2 + Ir3 = ——
a
c
X1 'IE2+I2'I3+IE3'I1 = a

T3 = ——.
a

@ vi DU

& Vidu 1. Tim tham s6 m dé phwong trinh 22 + mx + 15 = 0 c6 mot nghiém la 5. Tinh nghiém con lai.

@ Loi giai.
Vi phuong trinh 22 + mz + 15 = 0 ¢6 mdt nghiém la 5 nén ta c6

524+ 5m+15=0«<m= —8.
Véi m = —8§, ta c6 phuong trinh

22 —8m+15=0&
xr = b.

Vay nghiém con lai la z = 5.

& Vidu 2. Tim gia tri tham s6 m dé phwong trinh 22 — ma + 36 = 0 c6 hai nghiém z; va z, théa hé thic
1 1 5

o 3y 12

@ Loi giai.

m< —12

Phuong trinh 22 — mx + 36 = 0 c6 hai nghiém z; va x5 khi va chi khi m2—-4-36>0< - 19
m >

p 1 t+x2=m
Ap dung dinh li Viete, ta c6 { ! 2

x11"2:36.
Khi do, . . . . .
T+ o m ~
T =75 = — — = = 15 (tho .
ot n T e, 12 T3 12 &M 19 (thoaman)
Vay m = 15.

&% Vidu 3. Tim tham s6 m dé phuong trinh ma? + 2(1 — m)x + 3(m — 2) = 0 c6 hai nghiém x; va z théa
hé thic z1 + 225 = 2.

@ Loi giai.
Phuong trinh ma? + 2(1 — m)z + 3(m — 2) = 0 c6 hai nghiém x; va x5 khi va chi khi
m#0 m#0 m # 0
54 = _
(1—m)? —3m(m—2)>0 —om2 4 4m+1>0 2 2\/6§m§2+2\/6_
m—1
i T+ 2o = ——
Ap dung dinh li Viete, ta c6 3 (mm— 2)
I1 - To =
" 2
_m— 1 T =——
Tir hé phuong trinh, Tk = m ,taco m
m+1
T, + 229 = 2 Ty = —.
m
Suy ra
3(m—2 2 1 3(m-—2
x1~x2:L®——~m+ = (m )<:>3m2—4m+2:O(V6nghiém).
m m m m

Vay khong ton tai m théa géu cau bai toan.
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& Vi du 4. Tim tham s6 m dé phuong trinh 22 —z +m — 2 = 0.
(0 Giai phuong trinh khi m = 1.
(2) Tim m dé phwong trinh c6 nghiém bang 2. Tim nghiém con lia ctia phwrong trinh.

(3 Tim m dé phuong trinh c6 nghiém kép. Tim nghi¢m kép d6 theo m.

@ Loi giai.

(@ Véim = 1, ta c6 phuwong trinh

=

\V]

H
e
=

1++5

Vay S =1{—;

1.
(2) Vi phuong trinh 22 — 2 + m — 2 = 0 c6 nghiém béng 2 nén ta c6
22-24m-2=0&m=0.
Vé6i m = 0, ta ¢c6 phuong trinh

P-—r-2=0&

Nghiém con lai ctia phuwong trinh la x = —1.

3 Phuongtrinhxz—x+m—2:OcénghiémképkhivéchikhiA:O(:)1—4(m—2):O(:)m:%l{hi

1
do6, nghiém kép ctia phuong trinh la x = —3

<2> BAI TAP REN LUYEN
Bai 8. Tim tham s6 m dé phuwong trinh (m — 1)2? — 2(m + 1)z — 1 = 0 c¢6 mot nghiém la 3. Tinh nghiém con lai.
@ Loi giai.
Phuong trinh (m — 1)2? — 2(m + 1)z — 1 = 0 c6 mot nghiém la 3 nén ta cé

16
(m—1)32—6(m+1)—1:0@3m—16=0@m:?

16
Véim = 3 ta c6 phuong trinh

16
Vagm = —.

Bai 9. Tim tham s6 m dé phuwong trinh
@ 22 — 2max + 3m — 2 = 0 c6 hai nghiém phan biét z; va zo dong thoi thoa hé thitc 22 + 22 + 3z,25 = 5.

A 9
(2 2% — (m + 2)z + 2 = 0 c6 hai nghiém phan biét 1 va z» dong thoi thoa hé thic % + % =5
2 1

(3 22 — 42 +m — 1 = 0 c6 hai nghiém phan biét z; va x5 ddng thoi théa hé thic 23 + 23 = 40.
(@ 22 — (m + 1)z + 10 = 0 c6 hai nghiém phan biét z; va zo dong thoi thoa hé thitc z; = 3z,.

@ Loi giai.
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(@ Phuong trinh 22 — 2ma + 3m — 2 = 0 c6 hai nghiém phan biét 2; va x5 khi va chi khi

9 m <1
m°—Bm—-2)>0«<
m > 2.

. o |1+ 22 =2m

Ap dung dinh li Viete, ta c6 .
T1To =3m — 2
Khi do,
m=1
B4 ad43ma =5 (214 2)  +ma=504m*+3m—2=5< 7
m=—
7

Va =—-.

dym=—7

(2) Phuong trinh 22 — (m + 2)z + 2 = 0 c6 hai nghiém phan biét z; va x5 khi va chi khi
9 m< —2—2V2
(m+2)"-8>0<
m > =2+ 2v2.

p T +x0=m+2

Ap dung dinh li Viete, ta c6 { ! 2
1o = 2
Khi do,
x71+x72:g<:> (x1+x2)272xlxz :9
To X1 2 T1To 2
22-4 9

m=—2—+13 (théa man)
< lm =-2++V13 (théa man).
Vaym = -2+ V/13.
(3 Phuwong trinh 22 — 4z +m — 1 = 0 c6 hai nghi¢ém phan biét z; va z khi va chi khi
4—(m—-1)>0em<b.

. Ty +x0 =4
Ap dung dinh li Viete, ta cd { ! 2

Khi dé,

T1xo =m — 1

23+ 13 =40 & (21 + 22)° — 3x139 - (11 4 32) = 40
& 4% —12(m —1) = 40 & m = 3 (théa man).
Vay m = 3.
(@) Phuong trinh 22 — (m + 1)z + 10 = 0 c6 hai nghiém phan biét 2 va x, khi va chi khi
m < —1-2v10

(m+1)?-40>0<
m > —1+2v10.

. r1+r2o=m+1
Ap dung dinh li Viete, ta cé { ! ?

xr122 = 10
- Im+3
1 +x2e=m+1 1=
Tt hé phuong trinh ! ? ,tacod 4
T1 = 3x9 ~m+1
T9g = —.
4
Suy ra
-3+ 4v30
m:f
r175 = 10 & 3(m +1)? = 160 < 3m? + 6m — 157 = 0 <
122 ( ) 3430
m= — "V
3
. -3+ 430
Vagym = ——.

3

(loai)

(thoa man).

(thoa man)

(thoa man)
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@© Dang 4. Phuong trinh vo ty

7’

Phuong phap giai toan
Bién déi phuong trinh vé dang VA = B.
Cachl. Stt dung phép bién déi twong duong.

B>0
A=B <& a
v4 {A:B2.

7’

Cach2. Str dung phép bién déi hé qua.
e VA=B= A=B (1)

o Giai phuong trinh (1) tim dwgc &n s6 z va thé vao phuong trinh da cho dé nhan nghiém.

-SOHI-HL NYOL WOQOHN | €3

—
{1 viny L
B,
—
& Vi du 1. Giai phwong trinh V422 + 2z 4+ 10 — 3z = 1. <
-TD
@ Loi giai. —
Ta cé Z
32+1>0 >
Vdr?+2x+10-3z =1 V422 4+ 22 +10=3zx+ 1< ) )
422 422 +10 = 3z +1) <
> ! I
> L S
> =
= -3 & =1 (nhéan) U
52 +42—-9=0 -
x=—— (loai)

7’

Vay nghiém cta phuwong trinh la z = 1.

& Vi du 2. Giai phwong trinh /22 + V622 +1 =z + 1.
p g

@ Loi giai.
Ta cé

L DG X3l NV

z+1>0 > -1
20+ V622 +1l=a+1& — @)
{2x+\/6x2 =(z+1)° {\/6x2+1=:c2+1 O
x> —1 x> — x> —1 D)
= =

622 +1 = (22 +1)? ot —42? =0 232 —4) =0 —_
x> —1 (@)

x> -1 . |
& 22 =0 s 0 (nhfm) Z

2 4_0 x =2 (nhéan)

o B r=—2 (loai) @)
.
Vay nghiém cta phuong trinh laz =0vaz = 2. Q)
& Vi du 3. Giai phuong trinh 2 + 3v/22 —3 = 7. Q
=

@ Loi giai.
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Ta cé

z+3Va2-3=7T V2 - :7;:5@ 5

<7
T-z20 <17 T3V
9@ —3)=(7T—2)? |4 +72-38=0
-7-3V73 .
(nhan)
8
Vay nghiém ctia phwong trinh 1a z = _7%3\/% Vaiz = _7%3\/%
1
& Vi du 4. Giai phwong trinh \/JT = 2.
e
@ Loi giai.
3 r+1>0 x> -1
Diéu kién: o
x—2#0 T # 2.
Ta cé
1 z—2>0
VIl aTT—20-2) 2
vz p41 =4z —2)

x> 2

T =2 o 2 =3 (nhan)
422 =17z +15=0 5
z=7 (loai).

Vay phuong trinh cé nghiém la z = 3.

& Vidu 5. Giai phuong trinh /z +1-4 -z =

@ Loi giai.

Diéu kién: {

z+1>0 z>—1
S -1 <z<4.

<~
4—x2>0 <4
Ta c6

Ve+l-Vi—z=2c\/(z+1)-d—2z)=2&(z+1)-4d—2)=4

- 3z 0o =0 (nhan)
=+ 30 x =3 (nhan).
Vay phuong trinh cé nghiém la z = 0 va z = 3.
@ BAI TAP REN LUYEN
Bai 1. Giai cac phuong trinh sau:
Dz+Vbz+10=38 @r—V2r+7=4 @2 —+V—22+62-5=6
@ Loi giai.
a) Taco
8—x >0
r+Vvhr+10=8<+Viz+10=8—-z & )
S5z +10= (8 — x)
r <8
<8
= ) < ¢ [z =3 (nhan)
z°—=2lz+54=0
x =18 (loai).

Vay nghiém cia phuong trinh la z = 3.
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b) Ta c6
z—4>0
T—V2z+T=4 V2 +T=20-4& 9
20+ 7= (x—4)
T >4
T >4
) & ¢ [ =9 (nhén)
z2—10x4+9=0 )
x=1 (loai).
Vay nghiém cta phuong trinh la z = 9.
c) Taco
20 —6 >0
20—\ -2 +6xr—-5=6+\—-22+6x-5=2r—-6& ) )
—2°+6x—5= 2z —6)
>3
1 2
x2>3 - x:M (nhan)
5a® — 30z + 41 =0 g
15— 2v/5 :
x=———— (loai).
)
1 2
Vay nghiém cta phuong trinh la z = 5%\/5

Bai 2. Giai cac phuong trinh sau:

@mzx—&-l @sz\ﬁ @m—le
@ Loi giai.
a) Taco

2x+\/6x2+1:x+1<:>{

x+1>0 x> -1
=1
2z + /622 + :(z+1)2

V6r24+1=2+1
x> —1 z>—1 r>—1
& &
62% +1 = (2 +1)2 zt — 422 =0 2?2 —4) =0

z>—1
x> —1 L
z =0 (nhan
& 2 =0 & (nhdn)
) 2 =2 (nhén)
r—4=0 .
x=—2 (loai).

Vay nghi€ém ctia phuong trinh la z = 0 va x = 2.

b) Ta c6
Ve+vVhrz+10=2V2e2+Vz +10=8<Vbr +10=8—x

r <8
8—x>0 rz <8
b S < ¢ |z =3 (nhan)
5z +10= (8 —x) ¥ —2lx4+54=0 ]
x =18 (loai).

Vay nghiém cta phuong trinh la z = 3.
c) Taco

z+12>0
V2+vr+8—r=1\V22+Vx+8=z+1% -
2?2+ Ve +8= (v +1)>

z> -1 z2 -1 TZ73

x> -1 o +1> 0 L 1 (nhan)

& s{2z+1> R <y [¢=1 (nhan
Vr+8=2x+1 2 L2 7

Vay nghiém cia phuong trinh la z = 1.
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Phuong phap giai

Céach 1. Str dung phép bién déi twrong duong.

A >0 (hoacB>0
- m e (1200520

Cach 2. Sit dung phép bién déi hé qua.
e VA=vV/B=A=B

e Giai phuong trinh (1) tim dwgc dn s6 x va thé vao phuong trinh da cho dé nhan nghiém.

@ Vi DU

(1)

& Vidu 1. Giai phwong trinh v/222 — 52 + 2 — /6 — 3z = 0.

@ Loi giai.
Ta cé
V212 —524+2—-v6—-3x=0& 222 —br+2= 6—33:@{
<2
r <2
= 0 < ¢ | =—1 (nhan)
T —z—-2=0
z =2 (nhan)
Vay nghiém cta phuong trinh laz = -1 vax = 2.

202 — b5 +2=06—3x

& Vi du 2. Giai phwong trinh 22 + 32 = 2/32 — 2.

@ Loi giai.
2

30-2>0 > 2
Tacé6 Va2 +3z =23z -2 < ) o 3 &

x* + 3z = 4(3x — 2) 22— 0r + 8=
Vay nghiém cta phuong trinh laz =1vax = 8.

<2> BAI TAP REN LUYEN
Bai 1. Giai cdc phuong trinh sau:
1 3
®\/2m—1—§\/x+3:0‘ @ Va2 + 3z = /2(z +1). @\/2x2—3$+4:§s/:c+5.

@ Loi giai.
a) Taco

1 1
\/235—1—5\/96—1-3:0(:)\/23:—125\/1‘4—3(:)

x> —3 x> -3 x> -3
54 = =
42z - 1) =z +3 Tx—7=0 x=1.

Vay nghiém cia phuong trinh la z = 1.

z+32>0

1
20 —1=(r+3)
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b) Ta c6

22 43z =2(x +1) P +r—2=0

Va?+ 3z = 2(:v+1)<:>{2(x+1)20 @{erlZO = {33_:1 (nhan)

Vay nghiém ctia phuong trinh la z = 1.

c) Taco
V2r2 —-3x+4=-Vr+5<s ) 9 & 9
2 2z 73x+4:1(:v+5) 422 = 3x +4) =9(x + 5)
x> =5
> — A
N x; 5 N = —1 (nhan)
8z* —21lx —29=0 29
x = — (nhan).
8
A e NI \ 29
Vay nghiém cia phuong trinh laz = -1 vax = 3
Bai 2. Giai cac phuong trinh sau:
D V222 +z—-V3=0. @2/(z+1)2+7=/T(x+5). @+(@+1)(@-3)-yz=0.
@ Loi giai.
a) Taco
r=1
V22 +z—V3=0eV22+r=V3e2®+2=3c2’+2r-3=0s 3
Vay nghiém cta phuong trinh laz =1vax = 5
b) Ta cé
7(x+95) >0 z+5>0
2/(x +1)2+7=1/7(z+5) & ( )2 s
Az + 1)+ 7 =T7(x +5) 4(x* 4+ 22+ 8) =Tx + 35
x> -5
> — A
o ac; 5 o = —1 (nhan)
dr*4+2x—-3=0 3
x = — (nhén).
4
A A NI R 3
Vay nghiém cda phuong trinh laz = -1 vax = T
c) Taco

(z+ D)@ =3) - Vi=0& /(z+ )z -3) = Ve e {Ziow—g):x

x>0
x>0 3+v21 A
N = N T = (nhén)
2 —3r-3=0
3—v/21 ,
x=——— (loai).

2

Vay nghiém cta phuong trinh la z =

3421
T
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— n Thiéu dang 3,4,5,6,7,8
)
Q NHAN LUQNG LIEN HQP (NANG CAO)
)
-
O
E @ Vi DU VA BAI TAP REN LUYEN
|
(@)
— & Vi du 1. Giai phwong trinh 3 (2+ vz —2) =2z + vz +6.
C
O @ Loi giai.

r—22>0

® Diéu kién cho ph trinh c6 nghia: S >
iéu kién cho phuwong trinh c6 nghia 2460 x>

@Tac63(2+Vr—2)=22+V2+620B—-2)=vVz+6-3Vz—2. (¥
® Nhan hai vé ctia phuong trinh cho v/z + 6 + 3y/z — 2 # 0 ta dugc:

X DC To

() & 2B-2)[Va+6+3Vz—2] =(x+6)—9(z—2)

Z
L & 2B-2) [Va+6+3Va—2| =83 -2)
- r=3 (théaz > 2)
N Ve+6+3vVer—2=4. (1)

I (1) & (x+6)+9x—2)+64/(z+6)(z—2)=16
E 14—52>0

o 3Wktdr-12=l4-bee ] ,
< 9(z® + 4z — 12) = (14 — 5z)
Z 14 1
v < — T 1-3V5, .

— & 5 & NG @x:T(thoaxzm.
LLJ- 162° — 1760 +304 =0 |z — %
— _
Al ®@ Vay phuong trinh da cho c6 hai nghiém = = 3 hay =z = HT?)\/E
T
—
Cfl) Bai 1. Giai phwong trinh sau.
% a. \/4m+1—\/3w—2:$;3
i

b. V322 —5x+1— Va2 —2= /32 —2—1)— Va2 -3z + 4.

Loi giai
. a. \/4m+1—\/3a:—2:m;)—3
T > L
dr+1>0 =7 2
® Phuong trinh x4c dinh khi va chi khi v - e 1oz > -
3r—2>0 a:>g 3
-3

e

| NHOM TOAN TH

® Nhan hai vé ctia phwong trinh cho 4z + 1 + /32 — 2. Ta dugc

x—|—3:x——;3(\/4x+1+\/3x—2)

& (x+3)-(1—%(\/4:c+1+\/3x—2)>:O

Du AN TEX DC ToAN 10 - MARIE
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z=-3() (1)
1—%(\/4x—|—1+\/3m—2>20 (2)

Giai (2):

Vidz +1+V3z—-2=5
& 24/1222 -5 —2=26—Tx
26— 7x >0
{4(12952 — 5a — 2) = 492° — 364z + 676
26

r < —
& -7

2% — 3442 4+ 684 =0
26

< ==z
=7

< {x—342 (1 Tr=2
x =2 (n)

Vay phuong trinh da cho c6 mot nghiém = = 2.

b. \/3x2—5x+1—\/x2—2:\/3(x2—x—1)—\/x2—3x+4.

322 —52+1>0

2> =220
® Phuong trinh xac dinh khi va chi khi

Dé g réng:
®@ (322 -5x+1) -3z —2—-1)=-2(z—2).
©@ (22 -2)— (2% — 32 +4) = 3(x — 2).

Do dé phuong trinh da cho dwgc bién déi nhu sau:

V322 —br+1— /32 —2—1) =22 —2— /22 — 3z +4

Nhan lugng lién hgp cho vé trai va nhan lugng lién hop cho vé phai. Ta c6

—2(x —2) _ 3(z —2)
V322 =5+ 1+3@2—z—1) VaZ—-2++a? 3z +4

-9 3
= (x_Q)(\/3a:25x+l+\/3(x2x1) _\/x2—2+\/x2—3x—|—4> =0
r—2=0<z=2 (n)
& -2 3 _
V32T —br+1+B@? -z 1) VaZ-2+VaZ-3c+4

0(1)

D& théy (1) v6 nghiém. Vay phuong trinh da cho c6 mot nghiém z = 2.

& Vidu 2. Giai phuong trinh /22 + 12 + 5 = 3z + /22 + 5.

@ Loi giai.
Nhén xét
® Dung may tinh cdm tay nhan thiy z = 2 1a mot nghiém cta phwong trinh. Do dé phwong trinh da cho c6 thé

phan tich thanh (z — 2) - P(z) = 0. Dé thyc hién diéu dé, ta bién déi sao cho méi biéu thtrc trong phuwong trinh
déu xuét hién thira s6 x — 2 bang cach:

o Thé 2 = 2 vao biéu thitcc V22 + 12 ta dwoc: V22 + 12 = /22 + 12 = 4.
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e Thé x = 2 vao biéu thtc 3z ta dugc: 3- 2 =3 -2 =6.
e Thé z = 2 vao biéu thicc V22 + 5 ta duoc: Va2 +5 =22 +5 = 3.

Tir d6 c6 huéng bién dbi hang s6 5 trong phuwong trinh thanh:
Vit +12+5=30+ V22 +56 (Va2 +12-4) = 32— 6) + (Va2 +5-3).
Giai
® Phuong trinh da cho xéc dinh trén R.
@ Ta co:

Va2 +12+5=3z+ V22 +5
& (Va2+12-4) =32 -6)+ (Va2 +5-3)

x2—4 22 —4
S YO W -
VaZ+12+4 vVaZ+5+3

T+ 2 T+ 2
& x—2( — —3)20
( ) VaZ+12+4 Va2 +54+3
T =2
& T+ 2 T+ 2

— -3=0. (1
vz +12+4 V224543 S

® Tir phuong trinh da cho ta lai cé:

22 +12+5=32+ V22 +5a Va2 + 12— /22 +5 =3z — 5.

A 2 5
Vi V22 + 12 > /22 + 5 nén diéu kién dé phuwong trinh c6 nghitm a3z —5 > 0 < = > 3

Suy ra z + 2 > 0 va hién nhién V22 + 12 +4 > V22 + 5+ 3

x4+ 2 x4+ 2
Do do: — — 3 < 0, nghia la phwong trinh (1) v6 nghiém.
Vat+12+4 Va2 4543 ® P ® @ s

® Vay phuong trinh da cho c6 mot nghiém x = 2.

Bai 2. Giai cdc phuong trinh sau:

1 2 1 7
V3T +1—6—x+32%— 14z —8 = 0. 4=
@© var+ TS * ®\/z—1+z2+2x 4
17 . 1
@Vat+d=gr— - +5. @ Ve +8+ Va2 + T+ Vo tad = ——+2
@ Loi giai.

1. V3z4+1—-+6—x+32%2— 142 — 8 = 0.
1
® Phuong trinh da cho x4c dinh khi ~3 <z <6.
© Phuong trinh < (V32 +1—-4) — (V6 —x — 1) + (32® — 142 — 5) = 0.

3x — 15 5—=x
- Y (z—5)Br+1)=0
il vooag1 @m9Br+)
s 5)( 3 PN S +1)> 0
x— x =
Vo ti+d Vooz+1

r—5=0z=5 (n)
=3 3 1

+
V3z+14+4 V6—z+1

® Vay phuong trinh da cho c6 mot nghiém x = 5.

+ (3z+1) = 0(VN do vé trdi > 0).
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2 1 +£+i_z
Vr—1 2 2z 4
> 1
® Phuong trinh da cho xéc dinh khi v
x #0.
1 2_9x —
@Phu’ongtrinh@\/ﬁ71:W
- 1—\/:5—1_3302—235—8
V-1 422
N 2—x _(a:—2)(33:+4)
Vie—1(1+4+vz—1) N 422

o (x—2)<3$+4+ 1 ):0
422 Vo —1(14+vz—1)
r—2=0&2=2
&S [(3x+4 1
ZP Y i | (R y

® Vay phuong trinh da cho c6 mot nghiém x = 2.

= 0 (VN do vé trai > 0).

1
S.szx—l+5.
2 2x
x> -3
® Phuong trinh da cho xéc dinh khi
x # 0.
N 1 7
@Phuvorngtrmh<:>\/x+372:5;L'72—+3.
T
z—1 _Jc2+6x—7
Vi+3+2 2
r—1  (z—1)(z+7)
Vi+3+2 2
1 T+ 7
& -1 ( — ):O
(@ ) vr+3+2 2z
r—1=0<z=1 (n)
& 1 x4+ 7
— =0 VN).
vr+3+2 2z (VN)

® Vay phuong trinh da cho ¢6 mot nghiém z = 1.

1
4 Yr+8+ Vi +1+Jr+a22=——+2.

z+1
z>0
® Phuong trinh da cho x4c dinh khi {
x # —1.
1
N 3 7 2 o 2\ — _
© Phuong trinh & (/2 +8 2)+(\/x +1 1)+(\/§+x) e 1
. 1
& (m—2)+(\/x2+171)+(\/5+x2):m—
T 2 T — a2 x
& 0

X
+ + + =
(Yz18)° +20z+8+4 Val+l+1 Va—a? x+l

1 x 1—=x 1
= T + + + =0
((m)2+2m+4 Va4l Vr-a? a:+1>
z=0
o 1 T 1—=z 1

+ + + =
(Vr18)° +2¢z+8+4 Va2+1+1 Vo—a? a+l

® Vay phuong trinh da cho c6 mot nghiém z = 0.

0 (VN).
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& Vi du 3. Giai phwong trinh v/3z + 1 + /52 + 4 = 322 — x + 3.

@ Loi giai.
Nhén xét
® Dung mady tinh cam tay nhan thdy z = 0 hay = = 1 1a hai nghiém cta phwong trinh. Do d6 phwong trinh da

cho c6 thé phan tich thanh x - (z — 1) - P(z) = 0. Dé thyc hién diéu dé, ta bién déi sao cho méi biéu thirc trong
phuong trinh déu xuét hién thira s6 z(x — 2) béng cach:

, 1=n n=1
o Xét3zx+1=mz+n ThEzx=0vaz=1taduoc &
2=m+n m = 1.

< 2= =92
e Xétvbr+4=pr+q. Thée x =0vazx =1 tadugc ¢ & 1
3=p+gq p=1

Giai
® Phuong trinh da cho xéc dinh khi z > —%.

® Ta co:

V3z +1+Vbr+4=3z%—2+3.
e [VBrHl-(+)]+[Vor+d—(2+2)] =B2?—z+3)—(z—1)— (v - 2)
Br+1)—(z+1)?  (Gz+4)—(x+2)?

+ =32% — 3z
V3z+1+4+(x+1)  Vbrx+4d+(x+2)
PN -zt +x i -2+ 3(2 )
=3z —
V3z+1+(x+1) Vbrx+4+ (z+2)
1 1
2
S (—=z —|—x{ + +3}=O
( )\/3x+1+(:c+1) Vor+4+ (z+2)
2%+ =0
< 1 1
+ 4+3=0 (vb6 nghitmviVT >0
V3z+1+(z+1) Vbr+4+ (z+2) ( & )
|:l‘—0
=
=1

x
® Vay phuong trinh da cho c6 hai nghiém
x

Bai 3. Giai cac phuong trinh sau:

a. V2 +3r—9+3z—5=2%— 2z +2, biétz >

W ot

=a

. 5T + 34 5v37 — 2 = 522 — 31z + 41.

CAV3Bx — 24410 — x + 4/bx + 4 = 422 — 372 + 61.

(@]

o

C2V38x + 4435+ 9 =22+ 6z + 13.
e. (z+3)Var2t+az+2=22+3z+4
@ Loi giai.

a. V2 +3x—9+3z—5=2a%—2zx+2, bibtz >

W | ot

® Phuong trinh da cho xéc dinh khi z > —%.

. |lx=2
® Nhan thay 3 la nghiém
xTr =
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® Phuong trinh & [\/an +3r—-9— (22— 3)] + [V3z =5 —(z—1)] =2 — 5z +6.

22 +32-9-(22-3)2 3x-5—(z—1)2 9
=z° —-5r+6
V2 +32 -9+ 22-3) V3z—-5+(x—1)
—3x2 + 152 — 18 —22 4+ 52 -6
x° + lox e+ dx — 22 5r 46

\/x2+3m—9+(2:p—3)+\/3:L'—5+(:):—1)

2 3 1 —
& @ _5£+6)<\/:U2+3x—9+(2x—3)+\/3x—5+(x—1)+1> =0

2> =52 +6=0
< 5 + ! +1=0 (vo nghiemviVT > 0))
V2 4+3r -9+ (2x—3) V3r—-5+(x—1) B¢
N r (n)
=2 (n).

® Vay phuong trinh da cho c6 hai nghiém z = 3 hojc z = 2.

b. 5/ +3 + 532 — 2 = 52?2 — 31z + 41.

. |lz=1
® Nhan thay { la nghiém.
z=06
@ Phuong trinh & [5vz +3 — (z +9)] + [5v/32 — 2 — (32 + 2)] = 52% — 35z + 30.

2247 —6 —92% 4 63z — 54 )
5\/m+(x+9)+5\/?m+(3x+2)_5$ S
—@-D@=6 - DE=6 _ . g
5Vr+3+ (z+9)  5V3r—2+ (3z+2)
1 9

© <x—1><9«“—6><5+5¢m+(m+9)+5m+<3w+2>>:0
x:l(n)

- x =6(n)

1 9 =0 (VN).

5+ +
5Vz+3+(x+9) 5V3r—2+ (3z+2)

® Vay phuong trinh da cho c6 hai nghiém x = 1 hoic x = 6.

c. 43z —2+ 410 — x4+ 4/bx + 4 = 422 — 372 + 61.

. lx=1
® Nhan thay { 9 la nghiém
xr =

® Phuong trinh

& (432 —2— (204 2)] + [4V10 — 2 — (=2 + 13)] + [4V/5z + 4 — (22 4 10)] = 42 — 402 + 36.

—42% + 40z — 36 —22 4+ 10z — 9 —42?% + 40z — 36 9
+ + =4x* — 40x + 36
4/3x —2+2x+2 4V10—xz—2x+13 4vbxr+4+2x+ 10
4 1 4
2
& (22-102+9 (4+ + + ):
(+" =102 +9) ANBT—2+2042 AWI0—z—2+13  4BrFd+ 20+ 10
(n)
o |7 9 (n) 1 \
0 (VN).

4
4+ + + =
W3z —2+20+2 4/10—z—x+13 45z +4+20+10

® Vay phuong trinh da cho c6 hai nghiém z = 1 hogc z = 9.

d 2v32z +4+ 352 +9=22+6z+13.

. |lz=0
® Nhan thay 1 la nghiém
xr =
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© Phuong trinh & [2/3z +4 — (22 +4)] + [3vb2z + 9 — (3z +9)] = 2? +z.

—4x? — 4z 922 — 9z

+ =z’ +z
2V3cx +4+2x+4 3vVbhr+9+3x+9

4 9
2
& + <1+ + ):o
(2% +2) 0BT td+20+4 3oz +0+32+9
=0 (n)
- zr=-1 (n)
1+ 1 + ) =
203r+4+2r+4 3Vbr+9+32+9

0(VN).

® Vay phuong trinh da cho c6 hai nghiém z = —1 hodc 2 = 0.
e. (z+3)Vat+r+2=22+3z+4.

. le=1
® Nhan thay 9 la nghiém
= —

2 =+ 2
+ 2 = 3 4 =z 3 4
© Phuong trinh & V22 + = i 21 4 9 w 9

T+ 3 T+ 3
- 22 4+x—2 :x2+x—2
Vi +zrz+2+2 z+3
& (a:2+a:—2)( ! - ):0
VaZ+z+2+2 T+3
=1
N r=—-2

1 1
— =0(VN
V2dzrz+2+2 o+3 (VN)

® Vay phuong trinh da cho c6 hai nghiém x = 1 hoac x = —2.

Ghi chi: Theo céng vin sé 5842/BGDDT-VP ngay 01/09/2011 caa BO GIAO DUC VA DAO TAO,
tr ndm hoc 2011, phdn "Phuong trinh chita ddu gid tri tuyét déi" la ndi dung "doc thém".

Al A il =0 A=Be 520 Al=|B| o A=+B
= L . = < . = = — o
| A neud <0 | A=4+B |

CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Phuong trinh —22% — 42 + 3 = m c6 nghiém khi

®m§5. m25. ©m>5. ®m<5.
@ Loi giai.
Tacé —222 —4x+3 = m & 222 + 42 +m — 3 = 0 Dé phuwong trinh c6 nghiém thi A’ =4—-2(m—-3) >0& m <5
& Chon dap A0 (A). ...
Cau 2. Tim tat ca cac gia tri ctia tham s6 m dé phuong trinh m?(x + m) = = + m c6 vo s6 nghiém ?

@m::tl. m:()hoécm:—l. ©m:0h0écm:1. @—1<m<1,m7é0.
@ Loi giai.
Tacom?(zx+m)=x+me (m?>—-1)(x+m)=0

Dé phuong trinh trén c6 vo s6 nghiém thi m = +1

&, Chon dép an @ .................................................................................................................

Cau 3. Tdng binh phuong c4c nghiém ctia phuong trinh 22 — 22 — 8 =0 la

A)17. (B) 20. © 12 (D)10.

@ Loi giai.
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T1+x2 =2

e .Do d6 23 + 23 = (21 + 22)? — 23129 = 20

1.9 = -8

Qe Chon dAp A1 (B). ...ttt

Cau 4. Téng lap phwong hai nghiém ctia phwrong trinh 22 — 2z — 8 = 0 la

(&) 40. (B) —40. © 52. (D)56.

@ Loi giai.

Theo dinh Ii Viet ta c6 {

T+ Xo =

2
Theo dinh Ii Viet ta cé { g" Do d6 23 + 23 = (z1 + 12)% — 32 22(21 + 22) = 56

r1.9 = —
&, Chon dép an @ ................................................................................................................
Cau 5. Phuwong trinh 2% + (\f — \/3)362 = 0 ¢6 bao nhiéu nghiém ?

@1 ®)2. © 3. D)4.

@ Loi giai.

Tacéz* + (V2 —V3)2? =0 < 2222 — (V3 —-V2)] =0«

0

r=4VV3-V2
& Chon dap AN (C).......ovoeee e
Cau 6. Phuong trinh 1, 52% — 2,622 — 1 = 0 c6 bao nhiéu nghié¢m ?
A 1. B)2. © 3. (D)4.
@ Loi giai.
Dat t = 22 > 0, khi d6 phuong trinh da cho dwoc viét lai 1,5t% — 2,6t — 1 = 0.
Dé thay phuong trinh trén c6 hai nghiém trdi ddu, do d6 phuong trinh da cho chi c6 2 nghiém.

& Chon dap AN (B)........veeee e
Cau 7. Véi gia tri ndo ctia m dé phuwong trinh 22 — 2(m — 1)z +m? — 3m = 0 c6 hai nghiém thoa z? + 23 =8 ?
m=-1 m=—1 m=1 m=1 "
@ Loi giai.
Dé phuong trinh c6 nghiem 1a A’ = (m — 1)2 = (m? = 3m)=m+1>0&m > —1.
1 +x2 =2(m —1)

Theo dinh Ii Viet ta c6 )
1T = m° —3m

Tacéz?+123 =8 & (11 +22)% — 21122 =8 & 2[2(m—1)2—(m?—-3m)]| =8 & m?—-m—-2=0& {
& Chon dép én@ .................................................................................................................

1050
-2 z+3 (2-2)(z+3)

®{x7é—2' {x;«éQ ©{x7é—2 ®{m7é2.

Cau 8. Tim diéu kién x4c dinh ctia phuong trinh 1 +
x

T#3 r# -3 x# -3 T #3
@ Loi giai.
—2#0
R v 7 x #£2
Diéu kién xéc dinh ¢ x +3 £ 0 & 43
T4 —
(x—2)(x+3)#0
& Chon dAP AN (B)... ... .o
2 ) 3
Cau 9. Nghiém cta phuong trinh T 4 TS 1la
r—3 x+3
=0
@ v % x:—l. ©w:0. @mzl.
xTr =
@ Loi giai.
. 2x Sr+3 o, ) B =0
Tacox_3+ 213 =le2z(z+3)+(x—-3)bz+3)=2*"-9<62° -6 =0< o1

& Chon dap AN (A). ... ..o
1 2
Cau 10. Cho phuong trinh Za:Q —(m—3)z+m?—2m+7 = 0. Tim m dé phwong trinh c6 hai nghiém phan biét.

@mZé. m<—%. ©m>%. ®m<%.

@ Loi giai.
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Phuong trinh da cho c6 hai nghiém phan biét khi va chi khi
1
A=m=-32—-m?>-2m+7) >0 —4m+2>0&m< 3

&, Chon dép an @ ................................................................................................................

Cau 11. Cho phuong trinh 22 — 2ma +m? — m = 0. Tat ca cac tham sé m dé phuong trinh c6 hai nghiém phan biét
71, T2 thod man 22 + 23 = 3z, 2».

@{mzo {m:‘) ©m=o. ®m=s

m=>5 m=>5
@ Loi giai.
Dé phuong trinh c6 hai nghiém phan biét thi A’ = m? — (m? — m) =m > 0.
T+ X9 = 2m
Theo dinh Ii Viet ta c6 5 . Khi dé ta co
1.2 =M — M
2 .2 2 2 2 m = 0 (loai)
xf + a5 = 3x129 & (11 + 22)? = br1xe & 4m* = 5(m* —m) & 5
m =
&, Chon d4p an @ ................................................................................................................
Cau 12. Nghiém cta phwong trinh |3z — 1| =5 la
1 x=2 T =2
@ T =2 @ =3 © 1- @ 4.
r = — r=——
3 3
@ Loi giai.
z=2
Dé thiy réng |3z — 1| =5 & 4
T=—=
3

& Chon dép an @ ................................................................................................................

Cau 13. Cho phuong trinh 22 — 2(m — 1)z + m? — 3m + 4 = 0. Tim m dé phwong trinh c¢6 hai nhiém phan biét
71,29 thod 23 + 23 = 20.
m= —3
. m = 4. m = —3.
®n7, ® © ®
@ Loi giai.
Dé phuong trinh c6 hai nghiém phan biét thi A’ = (m —1)2 — (m?2 —=3m+4) =m -3 >0 m > 3.

x1+x2 =2(m —1)
Theo dinh Ii Viet ta c6 . Khi do6

m=3

m=—4

T1.29 =m?—-3m+4

m= -3

x%—l—x%=20(:)(x1+x2)2—2331x2:20<:)2m2—2m—4:20<:>{ A
m =

&, Chon dép an @ .................................................................................................................
Cau 14. Phuong trinh 22 — 22 + m = 0 c6 nghiém khi

@mgl. le. ©m2—1. @mg—l.
@ Loi giai.
Phuong trinh da cho c6 nghi¢m khi vachikhiA=1-m>0&m <1
&, Chon dép an @ .................................................................................................................

Cau 15. Phuwong trinh 22 — 22 — m = 0 c6 nghiém khi
@mgl. le. @mZ—l. @mg—l.
@ Loi giai.
Phuong trinh da cho c6 nghiém khivachikhiA =14+m>0&m > -1
&, Chon dép an @ .................................................................................................................

Cau 16. Phuong trinh 422 — 4z + m + 1 = 0 c6 nghiém khi
@mgo. mZO. @le. @mg—l.
@ Loi giai.
Phuong trinh da cho c6 nghiém khi va chikhi A’ = —4m >0 m <0
& Chon dap AN (A). ... .o
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Cau 17. Phuong trinh 422 — 4z +m + 1 = 0 v6 nghiém khi

@m<0. m>0. ©m>1. ®m<1.
@ Loi giai.
Phuwong trinh da cho ¢6 nghiém khi va chi khi A’ = —4m <0< m >0
Qp Chom dap A0 (B). ... e ittt

Cau 18. Cho phuong trinh ax + b = 0. Chon ménh dé dung ?

(A) Néu phuong trinh c6 nghiém thi a # 0. Néu phuong trinh v6 nghiém thi a = 0.
(C) Néu phuong trinh v6 nghiém thi b = 0. @ Néu phuong trinh c6 nghiém thi b # 0.
@ Loi giai.
a#0
Phuong trinh ax + b = 0 c¢6 nghiém khi va chikhi | (a=0.
b=0

a=20

b+#0
& Chon dap An (C).......ooi i

Cau 19. Phuong trinh az? + bz + ¢ = 0 c6 nghiém duy nhét khi va chi khi

X a=o0. {a#o hoéc{azo.

Phuong trinh da cho v6 nghiém khi va chi khi {

A=0 b#0
a#0
=b=0. .
©a ®{\"
@ Loi giai.
a#0
. A=0
Phuong trinh az? + bz + ¢ = 0 ¢6 nghiém duy nhét khi va chi khi 0
a =
b#0
Qe Chon dAp A1 (B). ... ee ittt
Cau 20. Phwong trinh 22 — (2 ++/3)z +2v3 =0
(A) C6 2 nghiém trai déu. C6 hai nghiém am phan biét.
@ C6 hai nghiém dwong phan biét. @Vﬁ nghiém.

@ Loi giai.
Dé thay rang phuong trinh c6 hai nghiém 2 = v/3 va = 2 nén c6 hai nghiém dwong phan biét.

& Chon dép an @ .................................................................................................................
Cau 21. Phuong trinh 22 + m = 0 c6 nghiém khi va chi khi
A m > 0. B)m < 0. ©m<o. D)m > 0.
@ Loi giai.
Ta c6 2% + m = 0 < 22 = —m. D& phuong trinh nay cé nghiém thi —m > 0 < m <0
& Chon dap AN (C).......ovoeee oo
Cau 22. Cho phuwong trinh az? + bz +c¢ =0 (1). Hay chon khang dinh sai trong cac khang dinh sau ?
(A)Néu P < 0 thi (1) c6 hai nghiém trai dAu.
(B)Néu P > 0 va S < 0 thi (1) c6 hai nghiém.
(ONéu P >0,S < 0vaA >0 thi(1) c6 2 nghiém am.
(D)Néu P > 0,5 > 0 va A > 0 thi (1) ¢6 2 nghiém duong.
@ Loi giai.
Ménh dé "Néu P > 0 va S < 0 thi (1) c6 hai nghiém" sai vi phwong trinh 22 + 2 + 2021 = 0 v6 nghiém thuc
By Chom AP A1 (B). ...ttt

Cau 23. Cho phwong trinh az? 4 bx + ¢ = 0 (véi a # 0). Phuong trinh c6 hai nghiém 4m phan biét khi va chi khi

Ao A>0 A>0 A0
@{P>O. S<0. ©ls>o. ®{5<o'
P>0 P>0
@ Loi giai.

Qe Chon dAp A1 (B). ...ttt
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Cau 24. Cho phuwong trinh (v/3 4 1)22 + (2 — v/5)x + v/2 — v/3 = 0. Hay chon khang dinh diing trong céc khéng
dinh sau

@ Phuong trinh v6 nghiém. Phuong trinh c6 hai nghiém duong.
@ Phuong trinh cé hai nghiém tréi dau. @Phuong trinh ¢6 hai nghiém am.
@ Loi giai.

Vi3
V3+1
& Chon dap An (C).......ooi i

Cau 25. Haisé 1 — v/2 va 1 + /2 la hai nghiém ctia phirong trinh
Az —2z—1=0. B a2 +2z—1=0. ©az2+22+1=0. D)a2 -2z +1=0.
@ Loi giai.
Tacé (1 +v2)(1 —+v2) =2va (1++v2)(1 — v2) = 3 nén phuong trinh nhan hai s6 1 — v/2 va 1 + v/2 lam hai
nghiém la 22 — 2z + 3 = 0.
Cau 26. /2 va /3 la hai nghiém ctia phuong trinh
W a? - (V2-V3)z—VE=0. B 2%~ (V2+V3)z + 6= 0.
© 2%+ (V2+V3)z + V6 = 0. D2 + (V2 - V3)z — V6 =0.
@ Loi giai.

Qe Chon dAP A1 (B). ... ettt
Cau 27. Phuong trinh (m? — m)z +m — 3 = 0 1a phuong trinh bac nhét khi va chi khi

®m A0 ®mst o7, {7,

m#0
@ Loi giai.

Taco P = < 0 nén phuong trinh da cho c6 hai nghiém trai dau.

m# 1
m#0
&, Chon dép én@ ................................................................................................................

Cau 28. Khéng dinh nao trong cac khang dinh sau la sai

Dé phuong trinh da cho la phwong trinh bac nhét thi m? — m # 0 < {

)

@ Phwong trinh 3z 4+ 5 = 0 ¢6 nghi¢m la z = —3

Phuong trinh Oz — 7 = 0 v6 nghiém.

(C) Phuong trinh 0z + 0 = 0 ¢6 tap nghiém la R.

@Phuong trinh m?z = 1 c¢6 nghiém duy nhét véi moi m € R.
@ Loi giai.

Phuong trinh m?z = 1 ¢6 nghiém duy nhét khi va chi khi m # 0 va vé nghiém khi m = 0.

&, Chon dép an @ ................................................................................................................
Cau 29. Phuwong trinh (a — 3)z + b = 0 v0 nghiém véi gié tri a, b 1a

A a=3,buyy. B)atuyyb=2 ©a=30b=2 D)a=3b#2
@ Loi giai.
a=3
b#£0
Cau 30. Cho phuong trinh 2 + 7z — 260 = 0 (1). Biét rdng phwong trinh c¢6 nghiém z; = 13. Hoi 22 bang bao
nhiéu

@) -27. (B) —20. © 20. D)s.
@ Loi giai.

Theo dinh li viet ta cé 1 + 20 = —7ma z; = 13 nén 25 = —20

Qs Chon dAp AN (B). .. . vttt
Cau 31. Phuong trinh (m? — 4m + 3) 2 = m? — 3m + 2 c6 nghiém duy nhét khi

@m;«él. m;«éS. ©m7é1vém7é3. @mzlvémz?).

@ Loi giai.

Phuong trinh (@ — 3)x 4+ b = 0 v6 nghiém khi va chi khi {

Phuong trinh (m? — 4m + 3) & = m? — 3m + 2 ¢6 nghiém duy nhét khi va chi khi m? —4m + 3 # 0 & {m
m

& Chon dép an @ .................................................................................................................
Cau 32. Phuong trinh (m2 - 2m) x =m? — 3m + 2 c6 nghiém khi

@m:O. m:2. @m#OVé\m#Z @m;é()
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@ Loi giai.
m=20
m?—2m=0 m=2
<~
m?—3m+2#0 m#1
m # 2

Phuong trinh (m2 — Zm) x =m? — 3m + 2 vo nghiém khi va chi khi { & m=0.

Do dé6 phuong trinh ¢6 nghiém khi m # 0.
& Chon déap 4n @ ................................................................................................................
Cau 33. Tim m dé phuong trinh (m? — 4) z = m(m + 2) ¢6 tap nghiém R.

@m:2. B m = -2 ©m:0. @m#—2vém7é2.
@ Loi giai.
m?—4=0

=

m(m+2)=0
Qe Chon dAp A1 (B). ... ettt
Cau 34. Phuong trinh (m2 —3m+ 2) x +m? +4m + 5 = 0 c¢6 tap nghiém la R khi

A)m=-2. B)m = —5. ©m=1. @Khﬁng ton tai m.
@ Loi giai.
Phwong trinh (m? — 3m + 2) 2 + m? 4+ 4m + 5 = 0 c6 tap nghiém la R khi va chi khi

Phuong trinh (m? — 4) = m(m + 2) c6 tap nghiém R khi va chi khi {

5 m=1
m”—3m+2=0
) S m=2 &mea.
m°+4m+5=0
meg
tR&Chondépén@ ................................................................................................................
Cau 35. Phuong trinh (m? — 5m + 6) 2 = m? — 2m v nghiém khi

@m:l. m:6. ©m=2. ®m=3.
@ Loi giai.
Phuong trinh (m2 —5m+ 6) x = m? — 2m vd nghiém khi va chi khi

m=2

m?—5m+6=0 m=3
<~ <> m =

m? —2m #0 m#0

m # 2

&, Chon dép an @ ................................................................................................................
Cau 36. Phuong trinh (m + 1)z + 1 = (7m — 5)x + m v6 nghiém khi
@m:2hoécm:3. B)m = 2. ©m:1. @m:S.
@ Loi giai.
Phuong trinh (m + 1)2z 4+ 1= (Tm =5z +m & (m?> —=5m+6)z=m—1 (1).
m? —5m+6 =0 m =
m—1%#£0
& Chon dap AN (A). ... .o
Cau 37. Diéu kién dé phwong trinh m(z — m + 3) = m(z — 2) + 6 v6 nghiém la
@m:2hoécm:3. m7£2vém7é3. ©m7é2hoécm:3. @mz?hoécm;&i’n.
@ Loi giai.
Phuong trinh m(z —m +3) =m(z —2)+6 < mz —m? +3m =mx —2m+6 < 0z =m? —5m+6 (1).
2
Phuong trinh (1) vé nghiém khi va chi khi m? — 5m + 6 # 0 < {m 7
m

& Chon dAP A0 (B). ...
Cau 38. Phuwong trinh (m — 1)2? + 3z — 1 = 0 c6 nghiém khi

@mzf% mgf% ©m:f% @ng

@ Loi giai.

Phuong trinh (1) vo nghiém khi va chi khi {

®@ Voim =1,tac6 3z —1 =0« 2z = = (nhn).

1
3
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® Véim # 1, ta c6 phuong trinh bac hai (m — 1)22 + 32 — 1 = 0 c¢6 nghiém khi va chi khi
)
A20©9—4(m—1)(—1)20@4m+520@m2—1.
A . 2 ) A . b
Vay phuong trinh (m — 1)2? + 3z — 1 = 0 ¢6 nghiém khi m > e

& Chon dép 4n @ .................................................................................................................
Cau 39. Cho phuong trinh 22 +2(m+2)z —2m—1 = 0. Véi gid tri ndo ctia m thi phuong trinh da cho c6 nghiém?

@m§—5hoécm2—1. m<—5hoécm>—1.
©-5<m<-—1. (D)m < 1 hodcm > 5.
@ Loi giai.

Phuong trinh 22 + 2(m + 2)z — 2m — 1 = 0 ¢6 nghiém khi va chi khi

A>0sm+2?2—(-2m—-1)>0em? +6m+5>0<

& Chon dap AN (A). ... ..o
Cau 40. Cho phuong trinh ma? — 2(m — 2)x + m — 3 = 0. Khdng dinh nao sau day sai?
(A)Néu m > 4 thi phuong trinh v6 nghiém.
m—2—y4-m  m-2+4-—m

Néu m < 4 vam # 0 thi phwong trinh ¢6 nghiém z = , T
m m

(C)Néu m = 0 thi phuong trinh ¢6 nghiém z = %
@Néu m = 4 thi phwong trinh c6 nghiém kép x = 2
@ Loi giai.
® Véim =0, ta c6 phuong trinh: 4z —3 =0 &z = %
® V6im # 0, ta c6 phuong trinh bac hai ma? —2(m—2)z+m -3 =0c6 A’ = (m—2)2—m(m—3) = —m+4.
e A’ <0< m > 4: Phuong trinh v6 nghiém.

-2
e A’ =0 < m = 4: Phuong trinh c6 nghiém kép = = m==_
m

e A’ >0 < m < 4: Phuong trinh c6 hai nghiém phan biét x = L x =

&, Chon dép an @ ................................................................................................................
Cau 41. Vé6i gia tri ndo ctia m thi phwong trinh ma? + 2(m — 2)x + m — 3 = 0 ¢6 hai nghiém phan biét?

®m§4. B)m < 4. ©m<4vém7£0. @m#o
@ Loi giai.
Phuong trinh maz? 4+ 2(m — 2)z +m — 3 = 0 ¢6 hai nghiém phan biét khi va chi khi

m # 0 m # 0 m # 0
, & &
A" >0 —m+4>0 m < 4.

& Chon dép an @ .................................................................................................................
Cau 42. Vé6i gia tri nao ctia m thi phuong trinh (m + 1)x? — 6(m + 1)z + 2m + 3 = 0 c6 nghiém kép?
@m:g. ng. ©m:—g. @m:—l.
@ Loi giai.
Phuong trinh (m + 1)z2 — 6(m + 1)z + 2m + 3 = 0 c6 nghiém kép khi va chi khi

m # —1
m+1#0 m# —1 m# —1 6
, == 9 <~ 9 54 m=—-—— & m=—c.
A'=0 I9(m+1)*—(m+1)2m+3)=0 Tm” +13m+6 =0 7
m=—1

& Chon dap AN (C).......vvviee oo
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Cau 43. Vi gia tri nao ctia m thi phwong trinh 2 (22 — 1) = 2(ma + 1) ¢6 nghiém duy nhat?
17 17
@ng. m:2hoécm:§. ©m=2 @m:O.
@ Loi giai.
Taco2(2? —1) =z(mz+1) & (m—2)z + 2 +2=0.

®@ V6i m = 2, ta c6 phuong trinh = + 2 = 0 < z = —2 (nhén).

. 1
® Vé6i m # 2, phuong trinh bac hai c6 nghiém dug nhdt & A =0 —8m+17T=0&m = g

1
Véym:2hoécm:§.

Qe Chon dAp A1 (B). ... ee ittt
Cau 44. Dé hai dé thi y = —2? — 22 + 3 va y = 22 — m ¢6 hai diém chung thi
A m = —3,5. B)m < —3,5. © m > -3,5. D)m > —3,5.
@ Loi giai.
Phuong trinh hoanh d¢ giao diém: —2%2 — 22 +3 =22 —m & 222 +2r —m —-3=0 (1).
Dé hai dé thi ¢6 hai diém chung thi phuong trinh (1) c6 hai nghiém phan biét

7
<:>A/>O<:>2m+7>0<:>m>—§:—3,5.

&, Chon dép an @ .................................................................................................................

Cau 45. Nghiém ctia phuong trinh 22 — 32 + 5 = 0 c6 thé xem la hoanh d¢ giao diém ctia hai dé thi ham s
@y:xzvéy:73x+5. y:xzvéy:fof&
@y:xzvéy:i’)x*& @y:12véy23x+5.

@ Loi giai.

Tac6a?—3x+5=0< 22 =3z —5.
& Chon dap An (C).......ooo it

Cau 46. Goi 1, 75 1a céc nghiém ctia phwong trinh 22 — 3z — 1 = 0. Ta c6 tdng x? + 23 bang
A 8. B)9. © 10. D)11.
@ Loi giai.
Tacé 23 + 23 = (x1 + 22)? — 27122 = 3% — 2(—1) = 11.
&, Chon dép an @ ................................................................................................................
Cau 47. Goi 1, 73 1a céc nghiém ctia phwong trinh 222 — 42 — 1 = 0. Khi d6 gid tri cia T' = |21 — 22| bang

@® va. ®2 © V6. D)4
@ Loi giai.
1
Tacod T? = (1 — 22)? = (z1 + 22)% —da1m9 =22 — 4 (—§> =6.Suyra T = /6.
& Chon dép an @ .................................................................................................................
Cau 48. Phuwong trinh 3(m + 4)x + 1 = 2z 4+ 2(m — 3) ¢6 nghiém duy nhét véi gia tri ctia m bang
4 3 10 4
@ Loi giai.
Tac63(m+4)x+1=2x+2(m—3) < 3m+ 10)x =2m — 7.
< 10
Phuong trinh ¢6 nghiém duy nhat khi va chi khi 3m + 10 # 0 & m # 3
& Chon dép an @ .................................................................................................................
Cau 49. Tim m dé phuong trinh (m? — 2) (z + 1) = x + 2 v6 nghiém.
&) m =0. B)m = +1. ©m = +2. D)m = +v3.
@ Loi giai.
Tac6 (m? —2) (x+ 1) =2 + 2 & (m? — 3)z = 4 — m? vd nghiém khi va chi khi
{mQ -3=0 {m - +3

9 =4 & m=+V3.
4—m*#0 m # +2

&, Chon dép an @ ................................................................................................................
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Cau 50. Tap nghi¢m ctia phuong trinh (m2 — 9) 2 + 6 — 2m = 0 trong truomg hop m? — 9 # 0 la
2 2
. . i) (2
® ® © (—— O e
@ Loi giai.
2m —6 2
Véim? — 9 # 0, ta céx = = .
Gim # 0, ta cox 0 m+3
&, Chon dép an @ ................................................................................................................
Cau 51. Hién tai tudi cha ctia An gép 3 lan tudi ctia An, 5 ndm truéc tudi cha An gép 4 1an tudi An. Héi cha An sinh
An ltic bao nhiéu tuéi?
@A) 30. (B) 25. © 35. (D)23.
@ Loi giai.
Goi  1a s6 tudi ctia An hién tai (z € N). Suy ra s6 tudi ctia cha An hién tai la 3z.
5 nam truéc tudi cha An gép 4 1an tudi An nén ta c6 phuwong trinh: 3z — 5 = 4(x — 5).
Giai phuwong trinh trén ta duge z = 15. Suy ra hién tai An 15 tudi va cha An 45 tudi.
Nhu vay cach day 15 nam, cha An sinh ra An nén ltic dé 6ng 30 tudi.
&, Chon dép an @ .................................................................................................................
Cau 52. Tap nghiém ctia phwong trinh 24 — 522 +4 =01a

A) S = {1,4}. B S5 ={1,2,-2}. ©5={-1,1,2,-2}. DS={1,2}.

@ Loi giai.

2
ze=1 =+1
Tacéx4—5x2+4:0®{ 4®r

& Chon dap AN (C).......ovoeee oo

Cau 53. Tim gi4 tri ctia m dé phwong trinh 222 — 32 + m = 0 c¢6 mot nghiém bang 1. Tim nghié¢m con lai.
@mzlvém:%. m:flvéxgzé. ©m:71véx2:f%. @mzlvém:f

@ Loi giai.

Thay = = 1 vao phuong trinh ta dugc: 2-12 = 3-14+m=0<m = 1.

DO | =

r=1

Khi d6 ta c6 phwong trinh: 222 — 3z +1 =0 < 1
T = .

2

&, Chon dép an @ .................................................................................................................
Cau 54. Tim gid tri m dé phwong trinh ma? — 32 — 5 = 0 c6 mot nghiém bang —1.
@m:4. m:—4. @m: . @m:—Q.
@ Loi giai.
Thay x = —1 vao phuong trinh ta dugc: m(—1)? —=3(=1) —=5=0&m =
& Chon dap AN (C).......ovvieei oo
Cau 55. V6i gia tri nao ctia m thi phuong trinh (m — 1)2? 4+ 3z — 1 = 0 c¢6 hai nghiém phan biét trai dau?
A m > 1. B m < 1. (©) V6i moi m. (D) Khéng ton tai m.
@ Loi giai.
Phuong trinh (m — 1)z2 4+ 3z — 1 = 0 c6 hai nghiém phén biét tréi ddu < (m — 1)(—1) <0< m > 1.
& Chon dap AN (A).......oeeee e

Cau 56. Cho phuwong trinh az* + b2? + ¢ =0 (a # 0) (1). Dat A = b* — dac, S = _—b, p==< Phuong trinh (1) vé
a a

nghiém khi va chi khi

A>0
- A>0 A >0
A A <o. B)A <0hoic{ S <0. ©{S<0' ®{P>o'
P>0
@ Loi giai.
Dat 22 =¢ (t >0).Khid6 (1) @ at? +bt +c=0 (2).
Phuong trinh (1) vo nghiém khi va chi khi (2) v nghiém hodc c6 nghiém am.
Qe Chon dAp A1 (B). .. et
Cau 57. Cho phwong trinh az* + bx? + ¢ =0 (a # 0) (1). Dat A = b — dac, S = %b, P= 2. Phuong trinh (1) c6

4 nghiém phan biét khi va chi khi
A >0 A>0 A>0

A A >o0. $>0. ©{5>0. D)5 <0.

P>0 P>0 P>0
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@ Loi giai.
Dat 22 =¢ (t >0). Khidé (1) © at?> +bt +c=0 (2).
A>0
Phuong trinh (1) c¢6 4 nghiém phéan biét khi va chi khi (2) c6 2 nghiém dwong phéan biét < < .S > 0
P >0.

Qs Chon dap AN (B). .. . vttt

Cau 58. Dé phuong trinh m?(x — 1) = 4z + 5m + 4 c6 nghiém am thi gia tri thich hop cho tham s6 m la

@m<—4haym>—2. —4<m<—2hay—1<m<2.
©m<—2haym>2. ®m<—4haym>—1.
@ Loi giai.
Tacé m?(z — 1) =4x +5m + 4 & (m? — 4)z = m? + 5m + 4.
S 5 ) e s o Mt bmtd
Phuong trinh ¢6 nghiém duy nhat < m* —4 # 0 < m # £2. Khi d6 nghi¢m cta phwong trinh la x = a4
. 2 4 —4<m< =2
Dé phuong trinh cé nghiém am thi 7t om+ 4 <0&
m? — 4 —l<m<2.
B Chon dap A0 (B). .. v ittt
Cau 59. Diéu kién cho tham s6 m dé phwong trinh (m — 1)z = m — 2 c6 nghiém am la
ABm< 1. B m=1. ©O1<m<2 Dm > 2.
@ Loi giai.
m—2

Phuong trinh (m — 1)z = m — 2 c6 nghiém duy nhét khi va chi khi m — 1 # 0 & m # 1. Khi d6 nghiém = = —T
m—

m—1>0
& Chon déap 4n © .................................................................................................................

Cau 60. Cho phuong trinh m3z = ma +m? —m. Tim céc gia tri ctia tham s6 m dé phwong trinh c6 v6 s6 nghiém.

@szhaymzl. B)m = 0haym = —1.

2 . , A A .m—2 m—2<0
bé phuong trinh cé nghiém am thi p— <0& Sl<m<2

@ m = —1haym = 1. @Hhéng c6 gid tri nao ctia m.
@ Loi giai.
Ta c6 m3x = mz +m? —m < (m3 —m)x =m? —m.
. m3—m=0 m =20
Phuong trinh c6 v6 s6 nghiém < 5
m”—m =20 m =

& Chon dép 4n @ .................................................................................................................
Cau 61. Cho phuong trinh bac hai 22 — 2(m + 6)z +m? = 0. Véi gia tri nao ctia m thi phwong trinh c6 nghiém kép
va tim nghiém kép d6?

@m:—3,l‘1:$2:3. m:—3,x1=x2:—3.

©m=3,x1:x2=3. @mZS,J)l:Z‘Q:—S.
@ Loi giai.
Phuong trinh c6 nghiém kép khi A’ = 0 < (m + 6)? —m? = 0 < 12m + 36 = 0 < m = —3. Khi dé phuong trinh
tré thanh 22 — 62 +9 =0 < 2 = 3.
& Chon dép an @ .................................................................................................................
Cau 62. Cho phuong trinh (m — 1)2% — 6(m — 1)x + 2m — 3 = 0. Véi gia tri ndo ctia m thi phuwong trinh cé nghiém
kép?

@m:g. m:fg. ©m:g. @m:—l.
@ Loi giai.
Phuong trinh (m — 1)z2 — 6(m — 1)z + 2m — 3 = 0 c6 nghiém kép khi va chi khi

m#1
m—l;«éO@ m#1 - m#£1 - 6@ 6
= — m = —.
A'=0 Om—12%—(m—-1)2m—3)=0  |7Tm®—13m+6=0 =7 7
m=1

& Chon dap An (C).......ooi it
Cau 63. Dé phuong trinh ma? + 2(m — 3)z +m — 5 = 0 v6 nghiém, véi gia tri cia m la

A m > 9. B m >9. ©m<o. D)m < 9vam 0.

@ Loi giai.
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5 .
® Vé6i m = 0, phuong trinh tré thanh -6z —5 =0 & z = ~5 Vay m = 0 khéng thoa man yéu cau bai toan.

® Phuong trinh ma? + 2(m — 3)z +m — 5 = 0 v6 nghiém khi va chi khi

m#0 m # 0 0
{N<O@{W%3F—Mm—®<0®m>.

& Chon dép an @ .................................................................................................................

b .
Cau 64. Phuong trinh o a ¢6 nghiém duy nhat khi
x

A a#0. B)a=0. (©a#0vab#0. D)a=0b=0.
@ Loi giai.
Diéu kién = # —1. Phuong trinh da cho twong dwong az +a — b = 0.
Yéu cau bai toan twong dwong phwong trinh az + a — b = 0 c6 nghiém duy nhét khac —1.
S a#0 o a#0

uy ra

PR (1) +a—b#£0 " (b0
&, Chon dép an @ .................................................................................................................
Cau 65. Véi gié tri ndo cia tham s6 a thi phwong trinh (22 — 5z + 4)y/z — a = 0 ¢6 hai nghiém phan biét?

@a<1. 1§a<4. ©a24. @khéngcéa.
@ Loi giai.
Diéu kién z > a. Ta c6

r=1
(22 —br+4)Vr—a=0% |z=4
z=a.

Dé phuong trinh c6 hai nghiém phan biét, sugra 1 < a < 4.
B Chomn dap AN (B). .. v ettt e
Cau 66. S6 nghiém ctia phwong trinh /2 — 4(2? — 3z +2) =01a

@o. ®) 1. ©2. (D)3.
@ Loi giai.
Diéu kién x > 4. Ta c6

Vo —4(z? -32+2)=0& |z =2

So sanh v6i diéu kién ta duge = 4 la nghiém cta phuong trinh.

Cau 67. Phuong trinh (22 — 3z + m)(z — 1) = 0 ¢6 3 nghiém phan biét khi

®m<% mggvém;«éz ©m<%vz‘im7é2. @ng
@ Loi giai.
Ta cé

22—3z+m=0

(2 =3z +m)(r—1) =0« L—le.

Dé phuong trinh c6 ba nghiém phan biét, suy ra phwong trinh 22 — 32 +m = 0 c6 hai nghiém phan biét khac 1. Diéu
nay twong duong vdi

A>0 9—4m >0 m<9
& & 4
1-34+m#0 m # 2 m 2.

& Chon dép 4n © .................................................................................................................
Cau 68. Phuong trinh 26 + 20032% — 2005 = 0 c6 bao nhiéu nghiém am?

A o. ®B) 1. ©2. (D).
@ Loi giai.
Dat t = 23. Khi d6 phuwong trinh tré thanh 2 + 2003t — 2005 = 0. Ta c6 ac = —2005 < 0, do d6 phwong trinh c6 hai
nghiém trai dau. Suy ra phwong trinh c6 mot nghiém am.

Qe Chon dAp A1 (B). .. ettt
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b
Cau 69. Cho phuong trinh az* +bz? +¢c=0 (1) (a # 0). Dat A = b* — 4ac, S = - P= 2. Phuong trinh (1) vo
nghi¢m khi va chi khi

A>0
. - A>0 A>0
®a<o. ® A < 0 hoiic s <o. @{S<0. @{P<O.

@ Loi giai.

Dat t = 22, ¢ > 0. Phuong trinh tré thanh at? + bt +c=0 (2).

Phuong trinh (1) vo nghiém khi phwong trinh (2) v nghiém hodc phuwong trinh (2) c6 hai nghiém am. Diéu nay
A>0

tuwong dwong véi A < 0 hodac ¢ S < 0.
P>0

Qp Chon AP A1 (B ..ottt e
Cau 70. Phuong trinh z* + (v/65 — v/3)22 4 2(8 + v/63) = 0 c6 bao nhiéu nghiém?
A 2. B) 3. © 4. D)o.
@ Loi giai.
Tacé A = (v/65 — /3)? —4-2(8 ++/63) < 0. Do d6 phuong trinh vé nghiém.
&; Chon dép an @ ................................................................................................................

Cau 71. Phwong trinh —2* — 2(v/2 — 1)22 + 2(3 — 2v/2) =0 (1) c6 bao nhiéu nghi¢m?

A 2. B) 3. © 4 (D)o.
@ Loi giai.
Dit t = 22, ¢ > 0. Phuong trinh (1) tré thanh —t2 — 2(v/2 — 1)t +2(3 — 2v/2) =0 (2). Viac = 2v/2 — 3 < O nén
phuong trinh (2) c6 hai nghiém trai ddu. Do d6 phuong trinh (1) c6 hai nghi¢m.
& Chon dép an @ .................................................................................................................
Cau 72. Phuong trinh —z* + V2 -+/322=0 (1) c6 bao nhiéu nghiém?

A 2. B) 3. © 4 D)1.
@ Loi giai.
Dat t = 22, ¢ > 0. Phwong trinh (1) tré thanh —t2 — /3t ++/2 =0 (2). Vi ac = 2v/2 — 3 < 0 nén phuong trinh (2)
c6 hai nghiém trai diu. Do d6 phwong trinh (1) c6 hai nghiém.
& Chon dap AN (A). ... ..o
Cau 73. Phuwong trinh 2* — 200522 — 13 =0 (1) c6 bao nhiéu nghiém am?

@A) 2. B) 3. ©o. D)1.
@ Loi giai.
Dat t = 22, ¢ > 0. Phuong trinh (1) tré thanh ¢2 — 2005¢ — 13 = 0 (2). Vi ac = —13 < 0 nén phuong trinh (2) c6
hai nghiém trai ddu. Do d6 phuong trinh (1) ¢6 hai nghiém gém 1 nghiém am va 1 nghiém dwong.

& Chon dép &n @ ................................................................................................................
Cau 74. Tim tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh (m? — 4)x = 3m + 6 v6 nghiém.
Am=1. B m = 2. ©m = +2. D)m = 2.
@ Loi giai.
Phuong trinh (m? — 4)x = 3m + 6 vd nghiém khi va chi khi

9 m =2
m°—4=0
: +67é0® m=-2 &m=2.
m
m # —2

B Chom dap AN (B). ..ot
Cau 75. Tim tét ca c4c gia tri thyc ctia tham s6 m dé phwong trinh maz — m = 0 v nghiém.

A m e 2. B m = {0}. (©m eR*. @mER.
@ Loi giai.
Phuong trinh ma — m = 0 v6 nghiém khi va chi khi

<m .

& Chon dap AN (A). ... .o
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Cau 76. Tim tat ca cac gia tri thuc ctia tham s6 m dé phwong trinh (m? — 5m + 6)z = m? — 3m vo nghiém.
@m:l. m:2. ©m:3. ®m26.

@ Loi giai.

Phuong trinh (m? — 5m + 6) & = m? — 3m v6 nghiém khi va chi khi

m=2

m?2—5m+6=0 m=3
& Sm=

m? —3m #0 m#0

m# 3

Qe Chon dAp A1 (B). ... ettt
Cau 77. Cho phuong trinh (m + 1)2z + 2 = (7m — 5)x + m. Tim tit ca céc gié tri thyc ctia tham s6 m dé phuong
trinh da cho v6 nghiém
@m:l. m:2;m:3. ©m:2. ®m=3.
@ Loi giai.
Phuong trinh (m + 1)2z +2 = (Tm —5)z+ m < (m?> —=5m+6)z =m —2 (1).
9 m =2
. ) o mT=5m+6=0
Phuong trinh (1) v6 nghiém khi va chi khi {m 240 S m=3 &m=3.
m # 2

&, Chon d4p an @ ................................................................................................................
Cau 78. Cho hai ham s6 y = (m + 1)2? + 3m2z + m vay = (m + 1)2% + 122 + 2. Tim tat ca c4c gid tri ctia tham s6
m dé do thi hai ham s6 da cho khong cét nhau.
A)m=2. B)m = +2. ©m=-2 D)m = 1.
@ Loi giai.
Phuong trinh hoanh do giao diém (m + 1)z? + 3m?z+m = (m+ )22 + 122+ 2 & 3m? —12)z+m—2=0
D6 thi hai ham s6 da cho khong cat nhau khi va chi khi phuwong trinh hoanh do giao diém v6 ngiém. Diéu nay twong
duong véi
m =2
Sqm=-2 &m=-2
m # 2

& Chon dap AN (C).......vvveee oo
Cau 79. Tim tat ca gié tri thyc ctia tham s6 m dé phwong trinh (2m — 4)z = m — 2 c¢6 nghiém duy nhét

@m:fl. B)m =2 ©m:7é71. @m#?
@ Loi giai.
Phuong trinh (2m — 4)x = m — 2 c6 nghiém duy nhét khi 2m — 4 # 0 < m # 2. Vag m # 2 la céc gid tri cdn tim.

3m2—-12=0
m—2%#0

& Chon dép 4n @ ................................................................................................................
Cau 80. C6 bao nhiéu gid tri nguyén cta tham sé m thudc doan [—10; 10] dé phwong trinh (m? — 9)x = 3m(m — 3)
c6 nghiém duy nhét?

A 2. B) 19. (©) 20. (D)21.
@ Loi giai.
Phuong trinh (m? — 9)x = 3m(m — 3) c6 nghiém duy nhat khi m? — 9 # 0 < m # £3.
Vim € [—10;10] va m nguyén nén m € {—10; —9;...; —4; —2; —1;0;1;2;4;...;10}. Vay c6 19 gi4 tri cin tim.

Qe Chon dAp A1 (B). ... ettt
Cau 81. Goi S la tap hop tat ca céc gid tri nguyén ctia tham s6 m thudc doan [—5; 10] dé phwong trinh (m + 1)z =
(3m? — 1)z + m — 1 c¢6 nghiém duy nhét. Téng c4c phan tir trong S bang
@) 15. (B) 16. (© 39. (D) 40.
@ Loi giai.
Phuong trinh (m + 1)x = 3m? — D)z +m — 1 & (3m? —m — 2)z + m — 1 = 0 c¢6 nghiém duy nhét khi
m# 1
3Im2-—-m-—-2+4£0s 2
m# =3
Vi m € [—5;10] va m nguyén nén m € S = {—5;—4;—3; —2; —1;0;2;3;4;...;10}. Vay c4c phan tr ciia S bang
—14+64+7+84+9+10=39.
& Chon dap AN (C).......vvviee e
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Cau 82. Tim tt ca céc gia tri thyc ciia tham s6 m dé phwong trinh (m?+m)z = m+1 cé nghiém duy nhat 2 = 1.
@m:—l. m;«éO. ©m7é—1. @m:l.

@ Loi giai.

Phuong trinh cé nghiém z = 1,suyra (m? +m)-1=m+1=m = £1.

® Vé6i m = 1, phuong trinh tré thanh 22 = 2 < 2 = 1 l1a nghiém duy nhét, do d6 m = 1 thoa man.

® Vé6i m = —1, phuong trinh tré thanh 0z = 0, phwong trinh vé s6 nghiém, do d6 m = —1 khéng thod man.

& Chon dép an @ ................................................................................................................

Cau 83. Cho hai ham s6 y = (m + 1)%x — 2 vay = (3m + 7)x + m. Tim tat ca céc gid tri cia tham s6 m dé do thi
hai ham s6 da cho cét nhau.

@m#z m7é—3. ©m7é—2,m7é3. @m:—2,m:3.
@ Loi giai.
Phuong trinh hoanh do giao diém (m + 1)%z —2= 3m + 7T)z + m < (m?> —m — 6)x = m + 2
D4 thi hai ham s6 da cho cét nhau khi va chi khi phwong trinh hoanh do giao diém c6é ngiém duy nhat. Diéu nay
twong duong véi
m?—m—-6+#0<s {m;ﬁ—Q
m # 3.

& Chon dap A0 (C).......oooeee oo

Cau 84. Tim tét ca c4c gia tri thuc cta tham s6 m dé phwong trinh (m? — 1)a = m — 1 ¢6 nghiém ding véi moi
z cR.

Am=1. B)m = +1. ©m=-1. D)m = 0.
@ Loi giai.
Phuong trinh (m? — 1)z = m — 1 c¢6 nghiém diting v6i moi z € R khi va chi khi

m2—1=0 m=+1
& < m = 1.
m—1=0 m=1

& Chon déap 4n @ .................................................................................................................
Cau 85. Cho phuong trinh m?x + 6 = 4z + 3m. Tim tat ca cac gid tri thuc ctia tham s6 m dé phuwong trinh da cho
c6 nghiém.

A m =2 B m # -2 ©m+#—-2,m+2 @mER.
@ Loi giai.
Phuong trinh m2z + 6 = 4z + 3m < (m? — 4)x = 3m — 6.
m?—4=0 {

Phuong trinh (m? — 4)z = 3m — 6 v6 nghiém khi va chi khi &
3m—6#0

Do dé phuong trinh c¢6 nghiém khi m # —2.

Qe Chon dap A1 (B). .. v o eneite it

Cau 86. Cho phuong trinh (m? —3m+2)x +m? — 5m+4 = 0. Tim tit ca c4c gi4 tri thuc cta tham s6 m dé phuong
trinh da cho nghiém ding véi moi z € R.
A m=—-2. B)m = —5. ©m=1. @Khéng ton tai.
@ Loi giai.
Phuong trinh (m? — 3m + 2)x + m? — 5m + 4 = 0 c6 nghiém ding v6i moi # € R khi va chi khi

m=1

m?>—3m+2=0 m=2
9 & S m=1.

m“—bm+4=0 m=1

m =

& Chon dap AN (C).......vvveeee e


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

Cau 87. Cho phuong trinh (m? — m)z = m? — 3m. Tim tat ca c4c gia tri thirc ctia tham sé m dé phwong trinh da
cho c6 nghiém.

@m:O. mzl. ©m7é0,m7é3. @m;ﬁl.

@ Loi giai.

m =0
2 _ —
m”-—m=20 m=1
Phuong trinh (m2 me)x:mz — 3m v0 nghiém khi va chi khi 5 & S m=1
m-—3m+2#0 m # 0
m# 3

Do d6 phuong trinh c¢6 nghiém khi m # 1.

& Chon dép an @ ................................................................................................................

Cau 88. Cho hai ham s6 y = (m + 1)z + 1 vay = (3m? — 1)x + m. Tim tat ca cac gia tri thyc ctia tham sé m dé do
thi hai ham s6 da cho trung nhau.

@mzl,m:—; m;«él,m;«é—; ©m:1. @m:—;
@ Loi giai.
Phuong trinh hoanh d¢ giao diém (m + 1)z +1= 3m? — )z +m < 3m?2 —m —2)r = —m+1
D6 thi hai ham s6 da cho trung nhau khi va chi khi phwong trinh hoanh do giao diém c6 vé s6 nghiém. Diéu nay
twong duong véi
m=1
{3m2 -m—-2=0 2
& m=—= & m=1.
-m+1=0 3

m=1

& Chon dap AN (C).......oveeee oo

Cau 89. Cé bao nhiéu gié tri nguyén ctia tham sé m thudc doan [—10;10] dé phwong trinh 22 — z +m = 0 vo
nghiém?

) 10. ®)9. (©) 20. (D)21.

@ Loi giai.
1
Phuong trinh 22 — 2 +m = 0 v nghiém khiva chikhiA <0 & 1 —-4m < 0 & m > Z.V‘lm € [-10;10] va m

nguyén nén m € {1;2;...;10}. Vay c6 10 gia tri can tim.

& Chon dadp AN (A). ... .ot
Cau 90. Phuong trinh 2(22 — 1) = x(ma + 1) c6 nghiém duy nhét khi
@m:g. m:2;m:1§7. ©m:2. @m:—l.
@ Loi giai.
Tacé2(z? —1) =az(mr+1) & (m—2)22 +2+2=0.

® Vé6i m = 2, phuong trinh tré thanh = + 2 = 0 & 2 = —2, phwong trinh c6 nghiém duy nhét.

. 1
® Vé6i m # 2, phuong trinh c6 nghiém duy nhit khi vachikhi A =0& 17-8m =0 m = g

17 R
Vagm =2, m = 3 la hai gié trj can tim.
Qe Chon dap AN (B). .. .. oeiei e
Cau 91. Goi S la tap hop tit ca céc gia tri thuc ctia tham s6 m dé phwong trinh (m — 2)2? — 22 +1 — 2m = 0 ¢6
nghiém duy nhét. Téng céc phan tir trong S bang
5 7 9
@ 5. @ 3. © 5. @ 5.
@ Loi giai.
TH1. m —2 = 0 & m = 2. Khi d6 phuwong trinh tr¢ thanh —2z — 3 = 0. Phuong trinh nay c¢6 duy nhat mot nghiém.
Vay nhén m = 2.

TH2. m—2#0& m#2Tacd A’ =1~ (m—2)(1 —2m) =2m? — 5m + 3.
m=1

Phuong trinh c6 nghiém duy nhét khi A =0 < 3
m=—.

[\V]
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3 2 R .9
Vay S = {2; 1; 5} Tong céc phan tr trong .S bang 5
& Chon dép an @ ................................................................................................................

Cau 92. C6 bao nhiéu gia tri nguyén ctia tham sé m thuc doan [—5; 5] dé phwong trinh ma? —2(m+2)z+m—1 =0
c6 hai nghiém phan biét?

@ s. ®)6. ©o9. D) 10.

@ Loi giai.

TH1. m = 0. Phuong trinh dé cho tré thanh —42 — 1 = 0. Phwong trinh nay c6 duy nhit mot nghiém. Vay loai
m = 0.

TH2. m #0.Tacd A’ = (m +2)2 —m(m — 1) = 5m + 4.
4
Phuong trinh c6 hai nghiém phan bié¢tkhi A >0 & -3m+4>0&m > —

Vi m € [—5;5] nén ta nhan m € {0; 1;2; 3;4; 5}. Vay c6 6 gid tri m thoéa man.
Qp Chom dap A0 (B). ... ettt
Cau 93. Phuong trinh (m? + 2) 22 + (m — 2)x — 3 = 0 ¢6 hai nghiém phan biét khi

A0<m<2 ®B)m > 2. ©meR D)m < 2.
@ Loi giai.
Tacém?®+2>0,Ym € R.Tatinh A = (m — 2)? — 4(m? + 2)(—3) = 13m? — 4m + 28 > —0,Vm € R.
Vay phuong trinh da cho ¢6 hai nghiém phéan biét vi moi m € R.
& Chon dadp AN (C).......vvvieee oo
Cau 94. Tim gi4 tri thyuc ctia tham s6 m dé duong thang d: y = 22 + m tiép xdc véi parabol (P): y = (m — 1)z? +
2mz 4+ 3m — 1.

@m:l. m:—l. ©m:0. @m:Q.
@ Loi giai.
Phuong trinh hoanh dé giao diém cua d va (P)

20 4+m=(m—1)2*+2mz+3m—1< (m—1)2* +2(m — Dz +2m —1=0. (*
d tiép xtdc (P) khi phwong trinh (x) c6 nghiém kép

{m—l;é() {m#l {m;«él
= =

< m=0.
A'=0 (m—1?2—(m-1)2m-1)=0  |-m2+m=0

Cau 95. Goi S la tap hop tat ca cac gié tri nguyén ctia tham sé m thudc doan [—20; 20] dé phuwong trinh 22 — 2max +
144 = 0 c6 nghiém. Téng cac phén tir trong S béng
A 21. B) 18. ©1 D)o.
@ Loi giai.
Phuong trinh da cho c6 nghiém khi

, , m <12
AN>0sm*—-144>0&
m > 12.
Vi m nguyén va m € [—20;20] nén ta nhan m € {—20; —19; ..., —12;12;13; ...; 20}. Vay téng c4c phan ti trong S
béng 0.
& Chon dap &0 (D) ...t
Cau 96. Tim tat ca gid tri thuc ciia tham s6 m dé hai dé thi ham s y = —22 — 22 + 3 vay = 22 — m c6 diém
chung.
7 7 7 7

@ Loi giai.
Phuong trinh hoanh d¢ giao diém cia dva (P): —2? —2x+3 =22 —m & 222+ 22 —m — 3 =0. (%)

N 2 7
Hai dé thi c6 diém chung khi phuong trinh (%) ¢6 nghiém & A’ >0 12 —2(—-m —3) >0 < m > —3

&, Chon dép an @ ................................................................................................................
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Cau 97. C6 bao nhiéu gia tri nguyén ctia tham sé m thudc doan [—10; 10] dé phwong trinh maz? — mz + 1 = 0 ¢6
nghiém.
A 17. B) 18. (©) 20. (D)21.
@ Loi giai.
Phuong trinh da cho c6 nghi¢m khi
m <0

A>0em?—4m>0<
m > 4.

Vim € Zvam € [—10;10] nén m € {—10;—9;...;0;4;5;...; 10}. Vay c6 tt ca 18 gia trj cia tham s6 m théa man
yéu cdu bai toan.
Qs Chon dAp AN (B). .. . vttt
Cau 98. Tim tat ca céc gid tri thyc ctia tham s6 m dé phuwong trinh 322 — (m + 2)x +m — 1 = 0 c6 mot nghiém gép
doi nghiém con lai.
5 1 2 3
@ Loi giai.
Goi 21, 72 1 hai nghiém ctia phwong trinh da cho. Phwong trinh cé hai nghiém sao cho mét nghiém gip déi nghiém
A>0 (1)
con lai khi
I = 21‘2 (2)
e m+2)?-4-3(m—1)>0&m#4

m+ 2
r1 + a9 = T (3)
Véi m # 4, theo dinh Ij Vi-ét, ta c6 m— 1
T1Tg = T (4)
m+ 2
T2 = —g—
Twr (2) va (3) suy ra 2m +2)
T =——".
2 2 29 1 5
Thay vao (4), ta duoc (m;l— ) = mg— . Giai phwong trinh nay ta dwoc m = B hodacm = 7.

Vaym € {2;7}.
& Chon dép an @ .................................................................................................................

Cau 99. Tim tat ca céc gid tri thyc ctia tham s6 m dé phwong trinh 322 — 2(m + 1)x + 3m — 5 = 0 c6 mot nghiém
gip ba nghiém con lai.
@mz?. B)m =3. ©m:3;m:7. @me@.
@ Loi giai.
Goi 21, 2 12 hai nghiém ctia phuong trinh da cho. Phuong trinh ¢6 hai nghiém sao cho mét nghiém gp ba nghiém

o (A'>0 (1)
con lai khi
T = 3.132 (2)
(1)< (m+1)2=30Bm —5) >0« m?—Tm+ 16 > 0 (luén ding Vm € R).
2(m+1)
I =+ X9 = ———— (3)
Theo dinh Ii Vi-ét, ta c6 3
3m — 5
T1xg = 3 (4)
m+1
T2 = e
T (2) va (3) suy ra ma 1
Tr, = 722
1 Im —95
Thay vao (4) ta dugc <m;_2 ) = m3 . Giai phuong trinh nay ta dugc m = 3 hoac m = 7.

& Chon déap 4n @ .................................................................................................................
Cau 100. Tim tat ca cac gia tri thyc ctia tham s6 m dé phuong trinh (z — 1) (22 — 4ma — 4) = 0 ¢6 ba nghiém phan
biét?
3 3
@mER. m#@. ©m7é1 @m%—z.
@ Loi giai.
z=1

Phuong trinh (z — 1) (22 —4mz —4) =0 <
¢ ( ) ) 22 —dmr —4=0 (%)
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Phuong trinh da cho c6 ba nghiém phan biét khi (x) c¢6 hai nghiém phéan biét khac 1

A0 (2m)*+4>0
= = S mFE ——.
{12—4m—45£0 m#—% *7

& Chon dép an @ ................................................................................................................
Cau 101. Phuwong trinh az? + bz + ¢ = 0(a # 0) c6 hai nghiém phan biét cing d4u khi va chi khi
A>0 A>0 A>0 A>0
®{P>O' {P>O' ©{S>O' ®{S<O'
@ Loi giai.
& Chon dép an @ .................................................................................................................
Cau 102. Phuong trinh az? + bz + ¢ = 0(a # 0) c6 hai nghiém am phan biét khi va chi khi

A0 A>0 A>0 A0
@{ . P>0. ©<{P>o0. @{ .
P>0 S>0
S>0 S <0
@ Loi giai.

&, Chon dép an @ .................................................................................................................
Cau 103. Phwong trinh az? + bz + ¢ = 0(a # 0) c6 hai nghiém trai diu khi va chi khi

@{A>O {A>O ©P<o. D)P > 0.

S <0’ S>0
@ Loi giai.

&, Chon dép an @ .................................................................................................................
Cau 104. Phuong trinh 22 — ma + 1 = 0 c6 hai nghiém am phan biét khi
@m<—2. ®B)m > 2. ©m2—2. @m;é()
@ Loi giai.
Phuong trinh 22 — maz + 1 = 0 ¢6 hai nghiém am phan biét khi
A>0 (-m)*—4-1-1>0 )
m~—4>0 m < —2 hay m > 2
S<0 & (m<0 <
m <0 m <0
P>0 1 > 0 (luén ding)
& Chon dép an @ .................................................................................................................
Cau 105. C6 bao nhiéu gia tri nguyén cta tham s6 m thudc [—5;5] dé phuwong trinh 22 + 4mz + m? = 0 c6 hai
nghiém am phén biét?
A 5. B 6. © 10. D)11.
@ Loi giai.
Phuong trinh 22 + 4ma 4+ m? = 0 c6 hai nghiém am phan biét khi

ESm< —2.

A >0 (2m)? —1-m? >0 3m? >0
m#0

S<0 ¢ —4m <0 S<im>0 @{ 0<¢m>&
m

P>0 m? >0 m#0

Vim € [—5;5] nén c6 5 gia tri nguyén ctia m théa man dé bai.
& Chon dap AN (A). ... .oeeeee e

Cau 106. Tap hop tat ca cac gia tri thyc ctia tham s6 m dé phwong trinh ma? 4+ 2 + m = 0 c6 hai nghiém am phan
biét?

@m € (—%;O). me (—%,%) @me (0;2). @me (O;%).

@ Loi giai.

Phuong trinh ma? + 2 + m = 0 c6 hai nghiém am phan biét khi
a#0 m # 0 m # 0
A>O<:> 1_14.m-m>0<:> 1<m<1<:>0<m<1
S <0 - —<0 2 2 2
P>0 " m>0

1> 0 (luén ding)
&, Chon dép an @ ................................................................................................................
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Cau 107. Goi S la tap tét ca cac gid tri nguyén ctia tham s6 m thudc doan [—2; 6] dé phuwong trinh 22 +4ma +m? = 0
c6 hai nghiém dwong phan biét. Téng c4c phan ti trong S bang

A -3. B) 2. ©18. (D)21.
@ Loi giai.
Phuong trinh 22 + 4ma 4+ m? = 0 c6 hai nghiém dwong phan biét khi

A >0 (2m)?> —=1-m? >0 3m? >0

S>0 & ¢ —4m>0 S em<0 @{m#0®m<0.

m <0

P>0 m2 >0 m#0
Vim € [—2;6] nén S = {—2; —1}. Vay tdng céc phan tir trong S la —3.
& Chon dép an @ .................................................................................................................
Cau 108. Tap hop tat ca cac gid tri thuc ctia tham s6 m dé phwong trinh 2 — 2(m + 1)z +m? — 1 = 0 ¢6 hai nghiém
duwong phan biét la

A m e (~1;1). B)m € (1;+00). ©me <f%;0). @me (—o0; —1).
@ Loi giai.
Phuong trinh 22 — 2(m + 1)z +m? — 1 = 0 c6 hai nghiém dwong phan biét khi

A>0 (m+1)?-1-(-1)>0 (m —1)% +1 > 0 (luon diing)

S>0 &<¢2(m—1)>0 S<im>1 S m > 1.

P>0 m?—1>0 m < —1lhaym > 1

Qe Chon dAp A1 (B). .. . ettt
Cau 109. Phuwong trinh (m — 1)2? + 3z — 1 = 0 c6 hai nghiém tréi dau khi

A m > 1. B m < 1. ©m>1 D)m < 1.
@ Loi giai.
Phuong trinh (m — 1)22 4+ 3z — 1 = 0 ¢6 hai nghiém trai ddu khi ac < 0 < (m —1)(=1) <0< m > 1.
& Chon dép an @ .................................................................................................................
Cau 110. Gia st phwong trinh 22 — (2m + 1)z + m? 4+ 2 = 0 (m la tham s6) c¢6 hai nghiém 1a x1; z5. Tinh gia tri biéu
thitc P = 3z129 — 5(x1 + x2) theo m.

A P=3m>—10m+6. ®P=3m2+10m—-5 ©P=3m>—10m+1. ([D)P=3m2+10m+1.
@ Loi giai.
T1+ T2 =2m+1
T1Xo = m2+2
Khi dé P = 3z129 — 5(z1 +22) = 3(m?2 +2) —5(2m +1) =3m? +6 — 10m — 5 = 3m? — 10m + 1
& Chon dap AN (C).......vvveeee e

Theo Vi-ét ta c6 {

< 4
Cau 111. S6é nghiém ciia phwong trinh 2023 (1 — x)3 = % trén khoang (0;1) la
@) 6. ®)3. ©2 D)1.
@ Loi giai.
Phuong trinh twong duong véi

5+V5

1 1\* 1 =70
zd(l—z)dzﬁ«b[l’( fx)]‘sz(g) sSz(l—2)= <i>fx2+x—5:0<i> 5_ 8
T= 5

Vay s6 nghiém trén khoang (0;1) 1a 2.
& Chon déap 4n @ .................................................................................................................

Cau 112. Gia str phwong trinh 22 — 3z — m = 0 (m la tham s6) c6 hai nghiém la x;; xo. Tinh gia tri ctia biéu thitc
P =231 —xg) +23(1 — x1).
Q) P=—-m+09. B) P =5m +9. ©P=m+9. D) P = —5m+9.

@ Loi giai.
T1+x2=3

Theo Vi-ét ta c6 { ! ? .
T1Xg = —M

Tacé P=23(1 —a2) +23(1 — 21) = 2% — 2320 + 23 — 2321 = 23 + 2% — 2129(21 + 22)

= (21 +12)% — 22179 — T122(21 +22) =32 —2-(—m) — (—m)-3=5m+9.

Qe Chon dAp A1 (B). ... et
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Cau 113. Gia sir phuong trinh 222 —4az —1 = 0 c6 hai nghiém la 21 ; x5. Tinh gi4 tri ctia biéu thitc T = \xl — Ta|.

@T:4a23+2 T: /74a2+2. © \/CL2+8 @ \/CI,2

@ Loi giai.
T+ T2 = 2a
Theo dinh ljj Viete ta c6 -1

T1Xg = 7

TaCéT:\/(1'1—1'2)2:\/82—4P:\/(2@)2—4'_71: 4a? + 2.

Qe Chon dAp A1 (B). ... ettt
Cau 114. Cho phuong trinh 22 + pz + ¢ = 0 trong dé p > 0, ¢ > 0. Néu hiéu c4c nghiém ctia phwong trinh béang 1.
Khi dé6 p béing
A Vig+ 1. ®) Vig—1. © —vAg+ 1. Dg+ 1.
@ Loi giai.
Gia st hai nghiém ctia phuwong trinh z1; xs.
T+ To = —
The Vi-ét tacé { ? b
1T = (.
Khidétacd |z; — 22| =1 (21 —22)° =1 22 — 20100 + 23 = 1 & (27 + 29)% —dwy20 = 1
S (-p)P-dqg=1aop’=49+1<p=/Ag+1(vip>0,q>0).
&, Chon dép an @ .................................................................................................................

Cau 115. Néu m # 0 va n # 0 la cac nghiém ctia phwrong trinh 22 + ma + n = 0 thi tdng m + n bang

@—; ® -1 @% D)1.

@ Loi giai.
= — e 1 AY 0
Theo Vi-ét ta c6 {m+" mo {m (vin # 0)
mn=n

Qp Chom dAp A0 (B). .. ettt

Cau 116. Giéa tri nao ctia m thi phwong trinh 22 — ma + 1 — 3m = 0 c6 hai nghiém trai dau?

@m>%. m<%. ©m>2. ®m<2.
@ Loi giai.

. 1
Phuong trinh 22 — ma + 1 — 3m = 0 c6 hai nghiém tréi dau khiac <0< 1 —3m < 0 < m > 3

&, Chon dép an @ .................................................................................................................

Cau 117. Tim tham sb thuc m dé phuong trinh (m — 1)2% — 2(m — 2)z +m — 3 = 0 ¢6 hai nghiém trai dau?
@m<1. m>2. ©m>3. ®1<m<3.

@ Loi giai.

Phuong trinh (m — 1)z2 — 2(m — 2)z + m — 3 = 0 ¢6 hai nghiém trdi ddukhiac < 0 < (m—1)(m—-3) <0 & 1<

m < 3.

&, Chon dép an @ ................................................................................................................
Cau 118. Phuong trinh 22 — 2(m — 1)z +m — 3 = 0 ¢6 hai nghiém déi nhau khi va chi khi
@m<3. m<1. ©m:1. ®1<m<3.
@ Loi giai.
Phuong trinh 2 — 2(m — 1)z + m — 3 = 0 c6 hai nghiém déi nhau khi va chi khi
{A/>O {(m—l)Q—(m—3)>0©{m2—3m+4>0(lu6ndﬁng)©

m=1.
S=0 2(m—1)=0 m =

& Chon dap AN (C).......vvviee e
Cau 119. Phwong trinh 22 + 2 + m = 0 v6 nghiém khi va chi khi
3 3 1 5
A m>-=. B m < 1. ©m> -. D)m > —-.
4 4 4 4
@ Loi giai.

1
Phuongtrinhx2+x+m:OvénghiémkhivéchikhiA<0<ﬁ>174m<0<i>m>Z.

&, Chon dép an @ .................................................................................................................
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5 HE PHUONG TRINH

O

@O (A) CAC DANG TOAN VA Vi DU

.
o

o @ Vi DU

C

O

2e—y+1=0 (1)

Vidu 1. Giai hé phuong trinh
% ) -P 5 {4x2—y2+2xy+5y:0. (2)

@ Loi giai.
Tir (1) suy ra y = 2x + 1 thay vao phuong trinh (2) ta dwoc

X DC To

42 — (22 + 1)+ 2222+ 1) +522+ 1) =0 42> +8r +4 =0z = —1.

Véiz=—1=y=—L
Vay hé Phuwong trinh c¢6 nghiém la (—1; —1).

z+y=1 (1)

Vi du 2. Giai hé phwong trinh
= - phons {x3—y3=3<x—y>. (2)

@ Loi giai.
T (1) suy ra y = 1 —  thay vao (2) ta dugc

r=—1
xr =

~

-THPT VIET NAM - DU AN Ti

- (1-2)-3r—-1+2)e22°-32>-3r+2=0%

xr=

o= N

Voiz=-1=y=2.
Voiz=2=y=-1.
1

1
) Voiz==-=y=-.

2 2 -
Q Vay phuong trinh c6 cac nghiém la (—1;2), (2; —1), (—; —).
T 2’2
i
I:—E <2> BAI TAP TU REN LUYEN
= Bai 1. Giai cac h¢ phuong trinh sau
\< @ rT+2y=>5 @ 20 +y=1
Q 22 4+ 2y% — 2zy = 5. 2?2 —bry 4yt ="1.
E @ 2?4y =4z @ z4+y+2=0
O 2z +y =5. 2’ +y? —ay=13.
% r+2y=4 r+2y=4

2?2 4+3y2 =7 2?4 3y? —xy + 20 — 5y = 4.

@ Loi giai.

Du AN TEX DC ToAN 10 - MARIE
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® {x+2y=5

z? 4+ 2% — 2zy = 5.

Tacbz+2y=5=2=5-2y. (¥
Thay (*) vao phuong trinh con lai duoc

(5—2y)* +2y*> —2(5 - 2y)y =5 < 10y* — 30y +20 = 0 <

Voiy=1=z=23.
Voiy=2=2z=1
Vay hé phuong trinh ¢6 nghiém la (3;1), (1;2).

® {Qx—l-y:l

2? —bzy+y* ="7.
Tacé2x+y=1<« y=1— 2z, thay vao phuong trinh con lai ta dugc

r=1
2?2 —5x(1—22) +(1-22)* =7 1522 — 92 - 6=0 < 9
Véiz=1=y=-1
V(’Jix——g:> .
ST 29
Vay hé phuong trinh ¢6 nghiém la (1; —1), (—g; 5)
22 +y =4
® _
20 +y =5.
Tac6 2z +y =5 & y =5 — 2z, thay vao phuon trinh con lai cta hé ta duoc
P45 -2r=4dr o2’ -6r+5=0s
Voix=1=y=23.
Véix =5=y=-b.
Vay hé phuong trinh c¢6 nghiém la (1;3),(5; —5).
r+y+2=0
z? + 9% -y =13.
Tacox+y+2=0<« y=—2— z, thay vao phuong trinh da con lai ta dugc
2 (2-2)?—2(2-2)=13322+62-9=0& B 3
x=-3.

Voix =1=y=-3.
Voiz=-3=y=1
Vay hé phuong trinh ¢6 nghiém la (1; —3), (—3;1).

r+2y=4
22 +32 =7
Ta cé x + 2y = 4 & = = 4 — 2y, thay vao phuong trinh con lai ctia hé ta duoc
y=1
(4—20)2 43> =TTy  —16y+9=0 9
y=r:.
7

Voiy=1=z =2
Véi —gim—g
vEr TR T

10 9
Vay hé phuong trinh ¢6 nghiém la (2; 1), (7, ?>
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r+2y=4
@ {x2+3y2—$y+2$—5y=4.
Ta cé x + 2y = 4 & = = 4 — 2y, thay vao phuong trinh con lai ctia hé ta duoc
y=1
(4—2y)2 +3°> —(4—-29)y+2(4—2y) -5y =49y —29y +20 =0 < 20
y=3-
9

Voiy=1=z=2

20 4
Véiy = 9 == 9
, 4 20
Vay hé phuong trinh c6 nghiém 1a (2;1), (—5; 3)

© Dang 1. H¢ phuong trinh déi xtimg loai 1

@ PHUONG PHAP GIAI TOAN

A ) =0 ) = )
Dinh nghia. Hé phuong trinh doi xitng loai 1 ¢6 dang {f((m 2 véi {f(:z: y) =1,2)
x .

9(z,y) =0 9(z,y) = g(y, )
Cach giai:
S=z+ N
Dit { St (diéu kién hé c6 nghiém S? > 4P).
P=uxy

Thé S, P vao hé.
Khi dlo x, y la nghiém ctia phwong trinh X2 — SX + P = 0.

Maét s6 biéu thitrc d6i xitng thuong gap
@ 2?2 +y? = (z+y)?—22y=5%-2P.
@ *+y* =z +y)(2®—ay+y°) = (z+y) [(z +y)? —3wy] = S(5? —3P) = 53 - 3PS.

@ ot 4yt = (a2 +47)" — 2%y = (5 — 2P)" — 2P2,

&> viny

T+y+ay=>5
& Vi du 1. Giai hé phuong trinh { 9 v 9 v
z°+y° =5.
@ Loi giai.
r+y+azy=>5
Hé phuong trinh da cho twong duong véi )
(x +y)* —2zy = 5.
S=x+ .
Dat Y (diéu kién c6 nghiém S? > 4P).
P=uxy

Khi d6 hé phwong trinh tré thanh
S+P=5 P=5-5
2 =9 Q2
S“—2P=5 S*—-2(5-95)=5
P=5-5

P=5-8
9 s S=3
S°+25—-15=0

S=-5
S=3
{ (Nhan)
P=2

T | (s==5
{ . (Loai)

P =10.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

& | D an TgX DC Toan 10 - Marie Curie

S=3 —
Voi P9 khi dé z, y 1a nghiém ctia phwong trinh X2 —3X +2 =0 < ¥
Vay hé phuong trinh da cho c¢6 nghiém la (1;2), (2;1).
r+y+zy=11
& Vi du 2. Giai hé phwong trinh 9 Y 2y
Yy + xy” = 30.
@ Loi giai.
+y+ry=11
Hé phuong trinh da cho twong duong véi rryTy
xy(z +y) = 30.
S=z+ ;
Dat ey (diéu kién c6 nghiém S? > 4P).
P=uxy
Rhi dé h¢ phuong trinh tré thanh
S+P=11 S=11-P
S-P =30 (11-P)P =30
S=11-P
S=11-P
= 9 = P=6
—P°+11P-30=0
P=5

S=5
{ . (nhan)

{S ~° (aban)

P=6
(S=6
1

P=5

S=5 X =
Vi { khi dé z, y 1a nghiém ctia phuong trinh X? —5X +6 = 0 < {X

Vo

Vay hé phuong trinh c6 céc nghiém la (3;2), (2;3), (1;5), (5;1).

X =
khi d6 z, y la nghiém ctia phwong trinh X2 — 6X +5 =0 < {

X=5

z+y=1

& Vi du 3. Giai hé phwong trinh
5 p g x3+y3:z2+y2-

@ Loi giai.
r+y=1
Hé phuong trinh da cho twong duwong véi

S=uz+ .

Dat Y (diéu kién c6 nghiém S? > 4P).
P=uxy

Khi dé h¢ phuong trinh tré thanh

S=1
=4
$3 —38P=258%-2P

S=1
& (nhén)
P=0.
S =
P=0
Vay hé phuong trinh ¢6 nghiém la (0;1), (1;0).

1
Voi { khi dé z, y la nghiém ctia phuong trinh X? — X =0 < {

(z+9)° —3(z +y)zy = (z +y)* — 2zy

S=1
1-3P=1-2P

X =1

:172+y2:5

4

& Vidu 4. Giai hé phwong trinh
) P & zt 4+ 9t — 2%y? =13

@ Loi giai.
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(x+y)? —20y=5

(2 + y2)2 —3(zy)* = 13.
S=x+ .

Dat { Ty (diéu kién c6 nghiém S? > 4P).

P=uxy
Khi d6 hé phuwong trinh tré thanh

Hé phuong trinh da cho twong duwong véi {

5*—2P =5 S*?—2P =5
=
(52 )2 —3P? =13 52 —3P? =13
$?=5+2P P2
=5+
5% =9
& P=2 <
P=-2
[
S*=1
[ [P=2
S=3
P=2
S=-3
=
P=-2
S=1
P=-2
L |S=-1
S = X =1
P khi dé z, y la nghiém ctia phuong trinh X? —3X +2 =0 < P
S: % Khi d6 . y 1a nghiém cita phuong trinh X2 13X +2=0 |~
p_> i d6 z, y la nghiém ctia phwong trin +3X+2=0%& — o
S=1 =-1
P khi dé x, y 1a nghiém ctia phuong trinh X? - X —2 =0«
S = =
P khi dé z, y 1a nghiém ctia phwong trinh X2 + X —2 =0 <
y h¢ phuong trinh ¢6 cdc nghiém la (1;2), (2;1), (—1; —2), (—=2; —1), (=1;2), (2; —1), (1; =2), (—=2;1).

<3> BAI TAP TU REN LUYEN

Bai 1. Giai cac hé phuwong trinh sau

zy+x+y=>5 r+ay+y=11

2+ +r+y=38. 2 +y? +3(x +y) = 28.
C)$+y=2 C>x?+f=13

zt oyt = 34. 3(x+y)+2ry+9=0.

@ Loi giai.

zy+r+y=>95
4y taty=38

R R B o fryt+r+y=5
Hé phuong trinh da cho twong duwong véi )
(z+y) —2zy+z+y=28.
S=zx+4+y . .
Dat (diéu kién c6 nghiém S? > 4P).
P=uxy

Khi d6 hé phuwong trinh tré thanh

S+P=5 P=5-8
=
S?2—-2P+S=38 $2+35-18=0
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S=3
P=5-5 {
P=2

& S=3 <&
S=-6 .
S=-6 (loai)
P =11.
S=3 i 9 =
Véi P9 khi d6 z, y la nghiém cta phuong trinh X -3X +2=0« x

Vay hé phuong trinh ¢6 nghiém la (1;2), (2;1).
r+zy+y=11
2+ +3(x +y) = 28.

r+y+azy=11

Hé phuong trinh da cho twong dwong véi )
(x+y)* — 22y +3(x+y) =28

S:x—i—y(

P=uxy
Khi d6 hé phuwong trinh tré thanh

S+P=11 P=11-5
=
5?2 —2P +35 =28 52 4+55-50=0

S=5
P=11-S5
P=6
& {5:5 &

S=-10
S=-10 {
P =21

Dat diéu kién c6 nghiém S? > 4P).

5

Vai {P _6 khi d6 z, y 1a nghiém ctia phuong trinh X2 —5X +6 = 0 < {

X =2.
X =-3

S=-10
Véi {P khi dé z, y la nghiém ctia phuong trinh X2 + 10X +21 =0 & {X _

=21
Vay hé phuong trinh c¢6 nghiém la (3;2),(2; 3), (—3; =7), (—7; —3).
r+y=2
® {x4 +y* =34
rT+y=2
Hé phuong trinh da cho twong duong véi 9
(1‘2 + yz) — 22%y% = 34.
S=x+y (

P=uxy
Rhi d6 h¢ phuong trinh tré thanh

Dat diéu kién c6 nghiém S? > 4P).

S=2 S =2
<
(52 —2P)* —2P? (4—2P)% —2P? =34
S =2

S=2
; s P=-1
2P —-16P—-18=0
P=9
{S_Z
P=-1
=
S =2
(loai)
P =9
S=2 X=1+2
Véi khi d6 z, y la nghiém ctia phuong trinh X2 —2X —1 =0«
pP=-1 X=1-vV2.
Vay hé phuong trinh c6 nghiém la (1 — v/2;1 +v/2), (1 ++v/2;1 — /2).
@ 2?4+ 9y? =13
3(r+y)+2zy+9=0.

(x+y)? — 22y =13

Hé phwong trinh da cho twone duone véi
P & & & {3(m+y)+2xy+9:0.
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S=z+ R
Dit Ty (diéu kién c6 nghiém S? > 4P).
P=xy
Rhi d6 h¢ phuong trinh tré thanh
5*—2P =13 - 5?+35-4=0
354+2P+9=0 —2P=9+3S
S=1
S=1
_ P=-6
& R — 4
9+3S
P = 3
-2 P=_.
2

S=1 X =
Vai {P _ g khi d6 z, y la nghiém ctia phwong trinh X2 — X — 6 =0 < {X B

— —2.
S =—4 5 X:—4+2\/10
Vi khi d6 «, y 1a nghiém cta phuong trinh X2 +4X + = =0 <
p_ § Y g p g 2 4 V10
2 X = f.
—4 10 —4 —+/10 —4 —+/10 —4 10
Vay hé phuong trinh c6 nghiém la ( —;\/», 5 ), ( 2\/>; 2\/»), (3;-2), (=2;3).
n Thiéu toan b noi dung dang 3,4 dén hét vi du 1 (ké ca bai tap twong ty trang 124) %
3 2 2 3
z° —6zx7y + 9xy” —4y” =0 1
& Vidu 1. Giai h¢ phuwong trinh 5 2y v Y ()
=5y —x—7=0. (2)

@ Loi giai.

Nhan xét. Phuong trinh (1) chita céc biéu thirc 23, 622y, 9212, 4y> 1a nhirng biéu thtrc ¢6 cling bac ba. Ta goi phwong
trinh dang nay la phuwong trinh dang cép(bac 3). Néu y # 0, chia hai vé ctia phwong trinh (1) cho 3 (hogc néu x # 0,
chia hai vé cho x3).

22 =0

2

vO nghiém.
z°—z—-7=0

® Xéty = 0 hé da cho tro thanh {

@ Xét y # 0, chia hai vé cho 33 ta dugc

X
Z =1
T 3 T 2 y =y
He(=) —6(-) +9-—-4=0¢ | &
Yy Yy y g} =4y.
(0

@ Vi z = y thé vao (2) ta duogc

ey’ -5’ —y—T7=0s —4y? —y — 7 = 0 vo nghiém.

@ Véi x = 4y thé vao (2) duoc

y=1=z=4
(e 16y —5y° —dy—T=0c 11y  — 4y -7T=0< 7 28
y=——=x=——.
11 11
28
x=4 ="
Vay hé¢ c6 2 nghiém 1 hay -
y= _
Y= .
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@ BAI TAP TUGNG TU

Bai 1. Giai cdc hé phuong trinh

2 2
® 2?2 — By +6y2 =0 (1) ® Y (ol A (1)
X
4a? + 2xy + 6z — 27 = 0. (2) Y

r—y+ay=3. (2)

22 — 2t =1 (1) @ 3 — 2y =2+ 4y
223 —y® =2y — x. (2) 1322 — 41y + 212 = 9.

@ Loi giai.

1) Ta xét cac trudng hgp sau

22
=0
® Véiy = 0 he da cho tré thanh v6 nghiém.
42 + 62+ 27 =0

® Véi y # 0. Phuong trinh (1) la dang cép (bac 2). Chia hai vé ctia (1) cho y? ta dugc

X
, @
—9
(1)@2(5) —5<5)+6:0@ v |t
Y z xr = 3y.
y

e Vé6i 2 = 2y thé vao phuong trinh (2) ta dugc

3
y:fQé:z::fZ%
162 +4y° + 12y — 271 =0 20> + 12y — 27T =0 = 9 9
TR
e V¢i z = 3y, thay vao phuong trinh (2) ta ¢
—3—315 —9—-915
U VI
36y2 + 6y +18y — 27T =0 42y° + 18y — 27 =0 <

_ —3+3V15 . —9+ 915
N 14 N 14

Hé phuong trinh c6 4 nghiém la

(_3._§).<?.3). 9VI5 9 3VI5 33 [ 9 9VI5 3 3VI5
Y AT A N VR VA VR V) A N VO VI VIR VI &

2) Diéu kién zy > 0.

1) < \/%\/»9 —+—+479

2 2y
+ 2 =527 —bry +2y° =0 (%)
Y x

Phuong trinh (*) la dang cap (bac 2). Chia ca hai vé cta (*) cho y? # 0 ta dugc

T 1
2 v 9 =2z
2(5) 5P 4o=0s|Y 2o
Yy ( T _ o T =2y.
Y
® V6i y = 2z thé vao phuong trinh (2) ta dugc
r=—-1=y=
r—2r+2° =32 —z-3=0% 3
rT==-—=y=3
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® Véi z = 2y, thay vao phuong trinh (2) ta c6

y=1=>x=
2y—y+2°=3222+y—-3=0< 3
y:—§:>x=—3

3 3
Vay hé phuong trinh c6 4 nghiém la (—3; —5); (—1;=2); (5, 3); (2;1).

Cach khac. H¢ phuong trinh con c6 dang déi xting loai 1.
3) Phuong trinh (1) va (2) khong la déng cip, nhung thé (1) vao (2) ta dugc:
(2) & 22° —y® = 2y — z) (29 — 2%) & 2° + 227y + 22y® — 5y° = 0. (*)
22 =—1
23 = —x

® Néu y # 0. Phuong trinh (%) la déng c4p (bac 3). Chia ca hai vé ctia (*) cho y? ta dugc

3 2
(3) +2(5) +2<§)—5:0©£:1®x:y
y y y v

Thay vao phuwong trinh (1) ta dwoc

® Néu y = 0 thi hé da cho twong duong { vo nghiém.

y=1=z=1

27 —yi=1e
vy y=—-1=x=-1.

Vay hé phuong trinh ¢6 2 nghiém la (—1; —1) va (1;1).
4) Xét céc truong hop sau

3
) o —x=0
® Néu y = 0 hé da cho twong dwong {13 9 0 v6 nghiém.
72 = —

® Néu y # 0. Phuong trinh (1) va (2) khong la déng cAp. Nhan hai vé ctia phuong trinh (1) cho —9 rdi thé (2)
vao (1) ta dugc:

(2) & -9(2° —2y°) = (z +4y) (132° — 4lzy + 21y°)
& 222% + 112%y — 1432y% + 66> =0 (%)

Phuong trinh (*) la ddng cép bac ba. Chia hai vé cta () cho y® ta dugc

T_
Y =2z
z\3 2\ 2 T T 1 Y
22— ) +11{—-) =143 -] +66=0& |—==- & |z=2y
y y y y 2 v =3y
EZQ '
Y

e Vi y = 2z, thay vao phuong trinh (2) ta dwgc
132% — 8222 + 8422 = —9 & 152% = —9 v6 nghiém.
e V6i x = —3y thay vao (2) ta duoc
117y% + 123y2 + 21y = —9 < 261y = —9 vd nghiém.
e V6i x = 2y thay vao phuong trinh (2) ta dugc

=—-1l=z=-2
527 —82y% 4212 = -9 >y —1 & |”
y=1=>z=2

Vay hé phuong trinh da cho c6 hai nghiém la (2;1) va (—2; —1).
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zy+z+1="Ty

& Vidu 1. Giai hé phwong trinh
) P & 22y? + oy + 1 = 1392

@ Loi giai.

z+1=0
@ Xét y = 0. Hé tré thanh { —0 vo nghiém.

® Xéty # 0. Chia hai vé ctia phwrong trinh dau cho y va chia hai vé ctia phuwrong trinh sau cho 2 ta dugc hé twong

z 1
T+ —+-=7
duong yx yl (D)
1’2+*+*2:13
y vy

® Dit 4n phu.

Cach 1. He (I) viét lai thanh e
$2+$*+*2:13
Yy vy

u =

@ Dat (a).

ut+uw+v="7 utvt+uw="7
, hé (I) tré thanh

2 2 < 2
v = u’ +uv+v° =13 (u+v)" —uv =13

= 8

Day la hé déi xtimg loai 1. Dat S = u+v, P = u - v.
S+P="7 (1)
(a) trd thanh ¢ .
S2-P=13 (2)
Lay (1) cong (2) theo tirng vé ta dugc
S=-5=P=12

S?4+8=2052+45-200=0<
+ + {S:4$P:&

Rhi d6 u va v la nghiém ctia phwong trinh

X? 45X + 12 = 0 (v0 nghiém) hodc X? —4X +3 =0 & {X—

o Ju=1__ [u=3
Vay 3 hoac

v = v=1.
_ 1
? r=1
- =3 1
Sugra | 7 = | T3
z=3 =3
1
— =1 yzl.
L\Y
r=1 r =3
Vay hé c6 hai nghiém 1 va )
y=1L

Céach 2. Tacé (1)

y:§1
((E-‘r*)*f'g:?
Y Y
At 1\ 2 (%)
(:v-ﬁ-f -
Y

) T _ 3
y

1
U=z+ — —
utv="7 3
® Dit Y () tr&s thanh ) ( )

u®—v =13 (4)

v =

< |8

® Lay (3) cong voi (4) theo tirng vé ta dugc:

u=-5=>0v=12

WCtu=20cuv+u—-20=0<&
u=4=v=23.
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T+ —=-5
+1=-5 5
Truong hop 1. y & {xy Y (5)
T _ x =12y. (6)
Y

Thé 2 = 12y vao (5) ta dugc 12y + 1 = —5y < 12y + 5y + 1 = 0 vd nghiém.

1
r+—=4

zy+1=4 7
Truong hop 2. ¢ y @{ Y Y (7

23 T = 3y. (8)
Y
y=1=z=3
Thé 2 = 3y vao phuong trinh (7) tadwoc 3y + 1 =4y 3y — 4y +1 =0 1 .
= — = = .
Y 3 T
r=1 r =3
Vay hé c6 hai nghiém 1 va
yzf y:]..
3
<5> BAI TAP TUGNG TU
Bai 1. Giai h¢ phuong trinh
zy+zrz—1=3y @ 2+ day+1 =4y
22y —x = 2y°. y(x +y)? = 22% + Ty + 2.
202 fa— L9 zx+y+1)-3=0
® Y s 5
y— P — 2% = 2. (x +y) 7?+170.
@ Loi giai.
(@ Diéu kién y # 0.
z 1 1 T
rT+——-=3 r——)+—-—=3
Hé phuong trinh < ¢ vou & 4 4 (I).
T T T 1
] Yy Y Y Y
u=x— —
u+v=3
Dit Y Heé (I) tr& thanh
_Z u-v=2.
v =2
Yy
Nén u va v la nghiém ctia phwong trinh X? —3X +2=0< X =1, X =2.
u=1 U =2
Suy ra hoac .
v =2 v=1
1 1
r——-—=1 T—— =2
Suy ra " Y hodc Y
Z=2 2 =1
Y Y
y =
1 1 1 {x 2
r—-= z——-=1 2y—~—=1 2% —y—1= -
Giai he Yy & Yy & @{y_Q‘y & 1
r=—1
1 {y:l—\/i
rT——-—=2 _ 2
y— - =2 —9y—1=0 r=1-v2
Giai h¢ § Yy & Yy @{y Y &
=1 = T=Yy y=1+v2
z=1+2.
r=-1
r=2 [2=1-V2 [2=1+V2
Vay hé¢ da cho c6 nghi¢m 4 nghiém la 1;{ ; ; .
y=-5 W=1 ly=1-v2 ly=1+V2
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(2) Diéu kién y # 0.

2 +1
+r+y=4
Hé phuong trinh < Y ) (I)
e +1
(x+y)—2 ; =7
_x2—|—1
Dat oy
v=x+Y
u=29
+v=4 v=-5
Heé (I) tro thanh
v? —2u—7 U =
v =3.
~5—y)?+1
- u79 ¢=9 P ry+26=0 _
Véi Y & 9 vO nghiém.
r=-5-y eIy
y=2
— )2 +1
Véi e Y & Y & _q & _ s
v r+y=3 r=3—vy v y y=
r=—2.
T=-2 r=1
Vay h¢ phwong trinh c6 2 nghiém la va
y=>5 Yy =2.
(3) Diéu kién y # 0.
1
20—~ —-2=0
Hé phuong trinh < 9 Y
sS4z -2=0
Yy Yy
u=x
Dat 1
v=—
Y
[u=—-1;v=—1
u=1lLv=1
w4+ u—v—2=0
H¢ da cho trg thanh { o, _Zl=v3 _V3-1
20°4+v—u—2=0 U= 9 U= )
V31 -1-+3
frd Y = —
L 2 2
1 V3 V3 o1
., R . ) =1 (z=1 |Jo=—-"FZ |z =-——=
Ttr d6 suy ra hé phuong trinh da cho c6 4 nghiém la B 1; o 2 2 ; 2 2.
v= v= y=1++3 y=1-+3

3
r+y+1——==0
(@) Hé phuong trinh < 5x (I
(x+y)2—ﬁ+120

u=x+y
Dat 1 .Heé(I) trd thanh
U_; 1 1
u+1—3v:0 U= —;0=—
5 5 & 2 2
u* =5 +1=0 w=2v=1
1 1
Véi & & 3.
1 1 1 =_2
V== - == Yy 2
2 x 2
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r=1
Vay hé phuong trinh ¢6 2 nghiém la { L ;
y=

CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Cho mot tam gidc vudng. Khi ta ting mdi canh géc vudng lén 2cm thi dién tich tam gi4c tang 1én 17cm?. Néu
gidm céc canh géc vuong di 3cm va 1cm thi dién tich tam giac giam di 11cm?. Tinh dién tich tam giac ban dau.
@ 50cm?. 25cm?. © 50\/5ch. @ 50v/2cm?.
@ Loi giai.
Goi do dai hai canh géc vudng 1an lugt la zcm, yem, > y (z > 3, y > 1). Dién tich cia tam giac la % Theo bai ra
(z+2)(y+2) =y _

o . 2 9 17 x =10
ta c6 h¢ phuong trinh & .
-3)y-1 2y _ |, y=5.
2 2

Vay do dai hai canh ctia tam gidc 1a 5cm va 10cm. Suy ra dién tich ctia tam gidc ban dau la % = 25cm?.
B Chom dap A0 (B). .. e ettt

2 24 s 12 wrx . 3
Cau 2. Hai voi nudc cung chay vao bé thi sau = gio sé day be. Moi gio lwgng nudce ciia voi mot chay duoc bang 3

lan lwgng nuéc cta voi thir hai. héi voi thit hai chay riéng mot minh thi bao lau sé day bé?

@A) 12 gio. 10 gio. (©) 8 gio. (D)3 gio.
@ Loi giai.
Goi thoi gian voi thir nhét va thi hai chay rieng mot minh day bé 1an lwgt 1a = gio va y gio. Mdi gior voi thi nhét va

thit hai chay duoc lan luot la - bé va ” bé. Theo bai ra ta c6 hé phuong trinh

1 31

r 2y z =8
;4 1 yl ‘:’{ —12
H(i, b
5 \z y

Vay voi tht hai chay mét minh thi sau 12 gi¢s sé day bé.

& Chon dap AN (A). ... .ot
Cau 3. Tim do dai hai canh géc vudng ctia mot tam gidc vudng, biét rang: khi ta ting méi canh 1én 2 cm thi dién tich
tang 17 cm?; khi ta giam chiéu dai ctia canh nay la 3 cm va canh kia 1 cm thi dién tich giam 11cm?.
@5cmvz‘110cm. 4cmvé7cm. ©2cmv€13cm. ®5cmvé6cm.
@ Loi giai.
Goi do dai hai canh géc vudng lan lwot la z cm, y cm, z > y (x > 3, y > 1). Dién tich cta tam giéc la % Theo bai ra
(z+2)(y+2) ay _

ta c6 h¢ phuong trinh & .
(x—3)(y—1)_@:_11 y = b.
2
Vay d¢ dai hai canh cta tam giac la 5 cm va 10 cm.
& Chon dap AN (A). ... .oeeiee e
r+y=>95 ?+yt=1
Cau 4. Ta dat thi hé phuong trinh 3 3 thanh
xy =P oy +xy® =2
® S+pP=1 S?—2pP=1 © S?4+2P=1 ®) S?—2P=1
pP=2 P=2 ' P=2 ' S =2 '
@ Loi giai.
Lo [Pyt =1 2?4y’ =1 (x+y)?>—22y=1
Viét lai 3 3 ) ) .
Yy +xy’ =2 xy(z® 4+ y°) =2 xy =2
+y=S5 49?2 =1 S? 2P =1
Khi dat Ty thi hé¢ phuong trinh § Y 3 thanh
xy =P >y +xy” =2 P =2

Qe Chon dAp A1 (B). ... ettt
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r+2y=m-—1

Cau 5. Cho hé phuong trinh { . Vi gia tri nao caa m thi hé phuong trinh cé nghiém (z; y) sao cho

20 —y=3m+3
22 + 92 nhé nhét?

@m:—% m:f% ©m:%. @m:—l.

@ Loi giai.

™m+5
z+2y=m-—1 2z + 4y = 2m — 2 ="
= = .
20 —y=3m+3 20 —y=3m+3 y—_m_5
5
2
5 o (Tm+5)*+ (m+5)? , 16 ( 4> 18 _ 18
= -9 Zmy2=2 2) 2522
74y % m*= + 5m+ m+5 25 = 95

< 4
Vay 22 + 32 nho nhét khi m = —E
& Chon dap A0 (A). ... ..o

R r—4y =5
Cau 6. Nghiém cta hé phuong trinh la
20 —by =17

@ (~1;-1). (151). © (1;-1). D) (-1;1).

@ Loi giai.

r=1
Nghiém ctia hé da cho la )
y=-L
& Chon dap An (C).......ooi i
r—2y=1
Cau 7. Hé phuong trinh v6 nghiém khi
204+ my = —1

@khﬁngcc’)m. B m=—4. ©m:—%. @m;ﬁ—él.

@ Loi giai.

1 =2 1
Hé v6 nghiém khi va chi khi 3= # - Sm=—4
m | —
Qe Chon dAp A1 (B). ... ettt
2m 2
f]_ + = =
Cau 8. Nghiém cta h¢ phuong trinh z 46 trong truong hop m # 0 la
1 5
r—1 Y

@) (1;0). (m+1;2). © (L 1). D) (3;m).

m’ 2
@ Loi giai.

2m 2_3
Diéu kién x # 1, y # 0. He dwoc viét lai ;Ll 26/ (I)
— =4.
x—1 y
. 1 1
Ditu=——,v=—-véiu#£0,v#0.
z—1 Y
2m-u+2v =3 1
He (I) & ().
m-u—+6v=4 (2)

S e

. 1 r=m-+1
Khi m # 0 dung phuwong phép coéng dai s6 ta tim dugc u = —, v = 3 Suy ra
y =

By Chom dap AN (B). ... ettt

mr+y=m-—3
dr +my = -2

A)m = +2. ®) m = —2. ©m=—2. ®{m7é2

@ Loi giai.

Cau 9. Hé phuong trinh { c6 vo sb nghiém khi

. 1 -3
Hécévésﬁnghiém@mz—:L@mzz
4 m -2

& Chon dap AN (C).......vvviee oo
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< ar +y = a? .
Cau 10. Tim a dé h¢ phuong trinh vO nghi¢m.
z+ay=1

@a:—l. azlhoéca:—l. ©a:1. @khéngcéa.

@ Loi giai.

Hé v6 nghiém < % = #Tea=-L
a
& Chon dép 4n @ .................................................................................................................
B 2 mr+y+m=0
Cau 11. Tim tham so m dé hé phuong trinh v0 nghi¢m
r+my+m=20

@m:—l. m:l. ©m:0. @m;ﬁl.

@ Loi giai.
Hé phuong trinh da cho vo nghiém < % = #
&, Chon dép an @ .................................................................................................................
20 +3y+4=0
Cau 12. Hé phuong trinh < 3z +y —1 =0 c6 nghiém duy nhét khi
2mx 4+ 5y —m =20

@m:?. m:10. @m:—lo. @m:—l?)—o.
@ Loi giai.

R . x
Tir hai phwong trinh dau c6 chung nghiém duy nhat la { 5
y=-

2 < =1
Dé hé c6 nghiém duy nhat thi phwong trinh 2max + 5y — m = 0 phai cé nghiém { 5
y=—
< 2m—10—-m =0 m = 10.
B Chomn dap A0 (B). .. v et
zy+r+y=11
Céau 13. H¢ phuong trinh ¢ 5
7y + xy” = 30
(A) c6 2 nghiém (2;3) va (1;5). c6 2 nghiém (2;1) va (3;5).
(©) ¢6 1 nghiém Ia (5;6). (D)c6 4 nghiem (2;3), (3;2), (1;5), (5; 1).
@ Loi giai.
biat S =z +y, P = xy véi S? — 2P > 0. Hé da cho tré thanh
S+P=11
. P —30 . Vay S va P la nghiém ctia phuong trinh X2 — 11X +30=0< X =5; X = 6.
_[S=5__ (S=6
Vay hoac .
P=6 P=5

S=5 +y=5
@ Véi =t
=6 zy =6

Suy ra (2;y) = (2;3) hodc (z;y) = (3;2).

, nén z, y la nghiém ctia phuong trinh t> — 5t +6 =0 <t = 2; t = 3.

S=6 +y=6
@ Véi N
=5 Ty =95

Suy ra (z;y) = (1;5) hodc (z;y) = (5;1).

, nén z, y la nghiém ctia phuong trinh t> — 6t +5=0<t=1;t = 5.

Vay hé phuong trinh da cho ¢6 4 nghiém la (2;3), (3;2), (1;5), (5;1).
& Chon dép an @ ................................................................................................................

oyt =1 — .
Cau 14. Hé phuong trinh c6 ding 1 nghiém khi va chi khi
y=x+m
A m = V3. B m = 2.
@m:\@vém:f\@. @mtflgg.

@ Loi giai.
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{:chryQ:l o x2+(x+m)2:1® 2202 4+ 2em +m? — 1 =0
y=x+m y=x+m y=2x+m.
Dé hé phuong trinh ban dau c6 diing mot nghiém thi phwong trinh 222 + 22m + m? — 1 = 0 ¢6 diing mot nghiém

SAN =m?-2m*>+2=0<m=+V2.

& Chon dép an @ .................................................................................................................
1

Cau 15. Hé phuong trinh f ¢6 bao nhiéu cdp nghiém (z,y) ma x # y?
y

@1 ®)2. © 3. D)4.

@ Loi giai.

- - 1
2
1 1
— =Y+ 1 = zy + 52° 2 —y* =0 r=-y ¥y=73
T & , & , & |z =y (loai) )
~ =z+ 5y 1 =2y +5y 1=2zy+ 5z 1=4x :1::—1
Y 2
e
LY =35
Vay hé¢ phuong trinh ¢6 hai cap nghiém.
Qp Chon AP A1 (B .. ettt e
A £ 2 3z —my =1
Cau 16. Tim diéu kién ctia tham s6 m dé h¢ phuong trinh ¢6 ding mot nghiém.
—mr+3y=m-—4
@myé?;hagm#f?). m7é3v€1m7£73. ©m7é3. @m#—i’).
@ Loi giai.
Ta c6 dinh thttc ctia hé phuong trinh D = 9 — m2.
Dé hé phuong trinh trén c6 diing mot nghiém thi D # 0 < m # £3.
Qe Chon dap A1 (B). .. v o ineit it
rz-y+r+y=11
Cau 17. He phuong trinh ¢ 9
z?y +zy” =30
(A) c6 2 nghiém (2;3) va (1;5). ¢6 2 nghiém (2;1) va (3;5).
(©) ¢6 1 nghiém Ia (5;6). (D)c6 4 nghiém (2;3), (3;2), (1;5), (5; 1).
@ Loi giai.

Dat S = z +y, P = zy, didu kién S? > 4P. Khi d6 hé phwong trinh twong duong

S=5
S+P=11 P=6
SP =30

S=5 r+y=>5
TH 1. & <
P=6 zy =06 z(b—z)=6

S=6 r+y==~6
TH 2. & &
P=5 xy =5 z(6—xz)=5

&, Chon dép an @ ................................................................................................................

2?42 =1
Cau 18. Hé phuong trinh c6 ding 1 nghi¢m khi va chi khi
y=x+m
A m= 2. ®m=—v2.
@m:\/ivém:—\/i @mtflyg.

@ Loi giai.
Hé phuong trinh da cho twong duwong véi
{x2+(x+m)2:1 {y=x+m
=

y=xz+m 222 4+ 2max +m? —1=0.
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Hé da cho c6 nghiém duy nhét khi va chi khi 222 + 2maz +m? — 1 = 0 c6 nghiém duy nhét

m =2
m=—V2.

& Chon dap A0 (C)..... ..o

S s o fle=t+y=0
Cau 19. Hé phuong trinh c6 nghiém la
20 —y =5

@x:73;y:2. z:2;y:71. ©x:4;y:73. @x:—ll;y:?).

@ Loi giai.

AN=0sm?>-2m>+2=0s

—2x4+5>0
, : y=2r-5 —2rx4+5>0
j— = :x_
{|x l+y=0 _ J¥ N r—1=2x-5 & |[z=4y=3
20 —y=5 |t —1]=—-22+5
y=2x-5 r=2y=-L
r—1=-2x+5

Vagz =2,y = —1.

& Chon dap an (B).......ooi it
mzr+3y=2m—1
r+(m+2)y=m+3

m# 1 m# 1

1. —3. . .
@m;ﬁ ®mz ©{m7é3 ®{m7£3

@ Loi giai.

Ta c6 dinh thitc cta hé phwong trinh D = m(m + 2) — 3.

Cau 20. Hé phuong trinh { c6 nghiém duy nhét véi gia tri ctia m la

m# 1

m# =3

Q Chondépén@ ................................................................................................................
mx + (m+4)y =2
m(z+y) =1-y

Dé hé phuong trinh trén c6 ding mot nghiém thi D # 0 < m? +2m — 3 # 0 & {

Cau 21. Véi gia tri nao cta tham s6 m thi hé phuong trinh { vO nghiém

m=1 m=2 mz—1
®m=0 { - ©| ®) 2.
m = mzi m=3

@ Loi giai.
{mx+(m+4)y:2 ma + (m +4)y = 2
m(x+y)=1-y < mx + (m+ 1)y = 1.
Ta c6 dinh thic ctia hé phuong trinh D = m(m 4+ 1) —m(m +4) = -3m, D, =2(m+1) —m —4 =m — 2,
Dy, =m—2m = —m.

2 D:0 m:o
Dé hé phuong trinh trén cé vo nghi¢m thi{ 5 5 (:){ 9 9
D;+ D, #0 D; + D, #0.
Vay m = 0 théa bai toan.
& Chon dap A0 (A). ... ..o
2 3
—+-=13
Cau 22. Hé phuong trinh g ‘g c6 nghiém la
—+ - =12
r oy
1 1 1 1 1 1
= - = ——. = - = —. = — = = —. O h-A .
@J; 53y 3 OF; 5 Y=3 ©x 5 V=3 @vong iém
@ Loi giai.
1 1 <
Dat d = —, b = —. Khi d6 h¢ viét lai
T Y
1
2a +3b =13 a=2 =3
4 4
3a+2b=12 b=3 1
Yy = 3

Qe Chon dAp A1 (B). ... ettt
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n 2 ar +y = a? .
Cau 23. Tim a dé h¢ phuong trinh vO nghi¢m.
z+ay=1

@azl. azlhoéca:—l. @a:—l. @kh(“)ngcéa.
@ Loi giai.
Ta c6 dinh thtc cta hé phuong trinh D = a? — 1, D, = a® — 1, D, = a — a®.
. D=0 a==
Dé hé phuong trinh trén c6 vo nghi¢m thi 9 9 & 5 5 Sa=-—1
D+ D, #0 D; + D, #0
Vay m = 0 thoéa bai toan.

& Chon dap An (C).......ooi it

1
Cau 24. Nghiém ctia hé phuong trinh p +-+-=1 la

Ty +yz +zx =27
A (1;1;1). (1;2:1). © (2;2:1). (D) (3;3;3).
@ Loi giai.
Hé twong duong véi

zytyz+zr=ayz S Qry+yz+ze=27
vy +yz+zw =27 xyz = 27.

Khi d6 x, y, z la ba nghiém ctia phwrong trinh X3 —9X + 27X —27=0< X = 3.
Khi d6 nghiém ctia hé phwong trinh da cho la (3; 3; 3).
& Chon dép an @ ................................................................................................................

7
TH+y+ry = By
Cau 25. Hé phuong trinh 5 c6 nghiém la
x2y + a:y2 = 5
1 1
@) (3;2); (-2;1). (0; 1); (1;0). © (0;2); (2;0). (D) (2; 5) ; (5;2).
@ Loi giai.
Dat S = z +y, P = zy, didu kién S? > 4P. Khi d6 hé phwong trinh twong duong
S=1
loai).
S+ P= Z = § ( : )
2 2
5 7 5
SP = — S ==
2 2
P=1.
1
5 5 r=—,y=2
= — = — — 7y
Khids " YT 260V 277 o T
xy=1 202 —5r+2=0 x:?yzi.
& Chon dép 4n @ ................................................................................................................
) r+y+zy=>5 ]
Céau 26. H¢ phuong trinh ¢ 9 ¢6 nghiém la
4y tary="7
) (2;3) hoic (3;2). (1;2) hoac (2; 1).
(©) (—2; —3) hoic (—3; —2). (D) (~1;—2) hoac (—2; —1).

@ Loi giai.
Hé phuong trinh twong dwong véi
{ r+y+ay=>5
(z+y)?—azy="T

Dat S = x +y, P = xy, diéu kién S? > 4P. Khi d6 hé phuong trinh twong duong
P=9 loa
S+P=5 P=5-5 §=—4 ™
= <~
§?—pP=7 S+ 8-12=0 §=3
P=2.
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Khids |© V%o Y S
xy =2 x(3—xz)=2 = =1
Vay hé phuong trinh ¢6 nghiém (1;2), (2;1).

Qe Chon dap AN (B). .. . oeiii e

r+y+zy=11
Céau 27. H¢ phuong trinh ¢ ) c6 nghiém la
x+y°+3(x+y) =28
@) (3:2); (233). (=3;=7); (=T: =3).
(C) vé nghiém. ()(&2)( 2:3); (=3; =7); (—=7; —3).
@ Loi giai.

Diat S =z +y, P = xy, diéu kién S? > 4P. Khi d6 hé phuong trinh twong duong

v6 nghiém.

S+P=11 P=11-S
=
52 —2P+35 =28 5?2 4+554+50=0

& Chon dap AN (C).......ovoeee e

23 =32+ 8y
Cau 28. Hé phuwong trinh c6 nghiém la (z;y) véixz £ 0vay #£0la
y® =3y + 8z
W) (—VIL —VIT); (VIT; VII). (0; v/I1); (VT 0).
© (—V1L;0). (D) (V1T;0).
@ Loi giai.
2% = 3z + 8y 23—y =5y —x) (x—y)(2® +y* +ay+5) =0 r=y r=y=1+11
3 3.3 <3 s <4 3 =
y® =3y + 8z x° =31+ 8y 2° =37z + 8y xz° = 1lx r=y=—V11.
viz? + 9%+ 2y +5 > 0 v6i moi z,y)
& Chon dép an @ .................................................................................................................
z? =5z — 2y
Cau 29. Hay chi ra cac cap nghi¢m khéac 0 cta h¢ phuwong trinh sy
y =Y — 2.
@ (3:3) ®) (2;2); (3;1); (~3:6).
© (1;1); (2:2); (3;3). D) (—2:—2); (1;-2); (~6;3).
@ Loi giai.
T=1y r=y=0
z? =5z — 2y 22—y =Tz —y) z? =3z r=y=3
9 = 9 <~ 54
y° =by— 2z x° =5r—2y r+y="7 y=7-=w . .
vO nghi¢m.
2? =5z —2(7 — 1) 2 —Tr+14=0
Vay nghiém ctia hé phuwong trinh 1a (3; 3).
& Chon dép an @ .................................................................................................................
o +y=6 : .
Céau 30. Hé phuong trinh co bao nhiéu nghiém?
v +z=6
A e. B) 4. ©2. D)o.
@ Loi giai.
=y
xQ—yz—(x—y):O 224+2x-6=0 r=9y=-3
9 = =
z°4+y==6 y=1—-=x . N r=y=2.
0 v6 nghiém
¥ —xr+5=
Vay hé phuong trinh da cho c6 2 cdp nghiém.
&, Chon dép an @ .................................................................................................................
2 _
r°=3r—vy
Cau 31. Hé phuong trinh { _ ¢6 bao nhiéu cap nghiém (z;y)?
y =9y —T
@)1 ®) 2. ©3. (D)4.

@ Loi giai.
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=y

> =3z —y a2 —y? =4(x —y) 2 =2 T =

9 =4 9 =4 =4

Yy =3y—=x *=3r—y r+y=4 z=y=0
2?2 =3z — (4—1x)

Vay hé phuong trinh da cho c6 2 cdp nghiém.
& Chon dép an @ .................................................................................................................

Cau 32. Cho hé phuong trinh { ++yy_ ! 2 thmg dinh nao sau day la dang?
@ Hé phuong trinh c6 nghiém véi moi m.
Hé phuong trinh c6 nghiém khi va chi khi |m| > v/8.
© Heé phuong trinh c¢6 nghiém duy nhét khi va chi |m| > 2.
@Hé phuong trinh luén v6 nghiém.
@ Loi giai.
Hé phuong trinh twong duong

y=4—=x
222 — 8z 4+ 16 — m? = 0.

c6 A" =16 —2 (16 — m?) = 2m? — 16.
Hé phuong trinh c6 nghiém khi va chi khi phwrong trinh 222 —82+16—m? = 0 ¢6 nghiém 2m?—16 > 0 < |m| > V/8.

B Chomn dap AN (B). .. vttt

322 — day + 2% =17 2 <
Céau 33. Cho hé phuwong trinh 16 . Hé thitc bi€u dién x theo y rt ra tir hé phwong trinh la
y* —a? =
2 _
@x—ih y—;— x:uhayx:y?—’_g.
1 3
@x:yThagx:%. @x——yhayx 5y
@ Loi giai.
Nhén chéo hai phuong trinh ta dwoc 16 (32% — 4y + 2y?) = 17 (y? — 2%) & 6522 — 64ay + 15y = 0. (1)

Vi khi y = 0 khong khong thda man hé phuong trinh nén ta chia hai vé (1) cho y? va dat t = ’ duoc
Y

5
t= —
6512 — 64t +15 =0 | 37
t==.
5
5 3
Khidéz = —yh = —y.
idéz=oyhayr=_y
&, Chon dép an @ ................................................................................................................
R A Lo fmrt+y=3 I ] . T N
Cau 34. Cho h¢ phuong trinh . C4c gia tri thich hgp ctia tham s6 m dé hé phuong trinh cé nghiém
r+my=2m+1

nguyén la
@mzo,m:—l mzl;mz?;mz&
©m=0;m22. @mzl;m=—3;m:4.
@ Loi giai.
Ta c6 dinh thitc ctia hé phwong trinh D = m2—1,D,=3m—-2m—-1=m—1, D, = 2m? +m — 3.
Dé hé phuong trinh trén c6 nghiém thi D # 0 < m # +1.

D, 1
r= — = —-
e D m+1
Rhi dé _Dy_2m+3_2 1
YD D T Tyl T m+1
. m+1=1
Khi dé dé h¢ c6 nghiém nguyén thi m + 1 la wdc cia 1, hay 41 1<:)m:07m:—2.
m =—
Vay m = 0, m = —2 thda bai toan.

&; Chon dép an @ .................................................................................................................
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22 4y + 3wy = 12
2z +y)? —y? =14
2 2 1 V2
® (152), (V2: V). en.EE ©(5e). (%) @) <3;\/§).
@ Loi giai.
{2z2+y2+3zy:12 22° 4 y* 4 3wy = 12
20 +y)* —y* = 14 {2x2 + 9% 4 doy = 14.

Cau 35. Cho hé phuong trinh { . Cac cap nghiém dwong ctia hé phuong trinh la

c oo g a+3b=12 a=06
bat a = 22° 4 y*, b = zy, ta duge <

=
a+4b=14 b=2.
202 +142 =6 xy =2 Ty =2
Khi d6 Y e ’ voit =2,
ry =2 2z + y° = 3zy 2t°=3t+1=0 Y
r=y=1
S t=1 2 =2 r=y=-1
uy ra & &
Y t:% 212 =2 xzﬁ,y:\@

& Chon dap A0 (A). ..o

3 — 3z =19° -3y

Céau 36. Hé phuwong trinh { ¢6 bao nhiéu nghiém?

25 448 =27
@s. ®) 2. ©s. D)4.
@ Loi giai.
r=y
2, .2 _ 6 .6 _
{a:3—3a::y3—3y - (—y)a”+y +a:y*3)—0© 74t =27
2% 4+ 95 =27
rT=Y 27
TH 1. Sr=y=+{—.
{x6+x6:27 Y 2
2 2 _ 2 2 3
" +y +axy=3 =927
THo {C T T (2% + 47+ ay) = (22 + 2 + ay)® = 28 + 45, (1)
r+y =27 25 % =27
@ Néu y = 0 thi hé tré thanh
0=2a%-3x

Khi dé h¢ c6 hai cdp nghiém (ﬁ, O); <—\/§; O).

® Néu y # 0, ta chia hai vé (1) cho %, dat t = L Khi d6 ta duoc
Yy

t =
t=0 1 —3—\/6

t(3t'+ 6t + Tt +6t+3) =0« , 1 1 o [t+7=—3 (loai)
3<t +*2)+6(t+¥)+7=0 ) 316

t+f:;(loai)

1
(vi t+t’ ZQ).

Suyrat =0 < x = 0. H¢ trd thanh

Khi d6 hé c6 hai cap nghiém (0; \/§), <O; f\/§>
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Vay hé c6 6 cap nghiém.
& Chon dap An (C).......oooi it

2r+\y—-1=1

2u+vr—-1=1
@1 v nghiém. ©2. D)3.

@ Loi giai.

Diéu kién xac dinh z > 1,y > 1.

Khi d6 22 4+ +/y — 1 > 2 nén phuong trinh 22 + /y — 1 = 1 v0 nghiém. Do d6 hé phuwong trinh vé nghiém.

Qe Chon dap AN (B). .. . oeiti e

r+y=m+1

22y +y*r =2m? —m—3

Cau 37. Hé phuong trinh { ¢6 bao nhiéu cdp nghiém (x;y)?

Cau 38. Cho hé phuong trinh { va cidc ménh dé

(I) Hé c6 vo6 s6 nghiém khi m = —1.
(II) He c6 nghiém khi m > g
(IIT) Hé c6 nghiém véi moi m.
Cac ménh dé nao ding?
(A) Chi (1). Chi (I1). (C) Chi (1), (D) Chi (I) va (I1I).

@ Loi giai.
Khi dé h¢ phuong trinh da cho twong duong véi

r+y=m+1
zy(m+1) = (2m —3)(m+1).
r+y=0 .
® Khi m = —1 thi hé tré thanh 0=0 < o = —y. Khi d6 hé ¢6 v6 so0 nghiém, v6i tdp nghiém S =
zy-0=
{(z; —z)|z € R}.
® Khim # —1. Hé da cho tré thanh
r+y=m+1
zy = (2m — 3)

c6 nghiém khi (z +y)? > 4oy & (m+1)2 > 4(2m —3) & m? —6m+13 > 0 < (m —3)2 +4 > 0 ludn ding
vGoi moi m # —1.
Do d6 hé c6 nghiém véi moi m.
& Chon déap 4n @ ................................................................................................................
r+y=2a+1

. Gi4 tri thich hop ctia tham s6 a sao cho hé c6 nghiém (z;
P =243 i op ¢ ¢6 nghi¢m (2;y)

Cau 39. Cho hé phuong trinh {

va tich x - y nhé nhét la

@azl. a:—l. ©a:2. @a:fQ.
@ Loi giai.
Hé twong duong véi

cy=2a+1 r+y=2a+1
= 2 _
(x+y)2—2$y:a2—2a+3 xy:3a+726a2.
Dé hé phuong trinh tén c6 nghiém thi
—4 —+/26 —4 4 /26
(x+y)224xy<:>(2a+1)226a2+12a—4®2a2+8a—5§0®#gag%.
3a? + 6a — 2 —4 — /26 —4+ /26 <
Ta cé zy = (Hfa = f(a) v6i — <a< % c6 bang bién thién nhu sau
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. T4—V26 1 —44+/26
== —=F
f(—4—2\/26> f(—4+2\/26>
5
2

Vay ry dat gia tri nho nhat khi a = —1.
B Chon dap AN (B). .. v vttt
20 —y=2-—a

. Tim tham s6 a dé téng binh phuong hai nghiém ctia hé phuong
r+2y=a+1

Cau 40. Cho h¢ phuwong trinh {

trinh dat gia tri nhé nhét.
1 1
@a:L a:—l. ©a:§ @a:—§
@ Loi giai.
2 —y=2—a r=1—-a
=
r+2y=a+1 Y =a.
1y 1
Khi d6 22 + y? = 1—a2+a2=2a2—2a+1:< 2a—*> + = >
y’=(1-a) : fl % 3 2
Khi d6 x? + y? dat gié tri nhd nhét bang = khi v/2a — — = =_.
i d6 x* + y~ dat gia tri nhé nha ang 5 iv2a 7 0&a 3

& Chon dap AN (C).......ovoeee oo
mz — (m+ 1)y =3m

Cau 41. Tim tham s6 m dé hé phwong trinh { x — 2my = m + 2 c6 nghiém.
r+2y=4
5 5 2 2
@ Loi giai.
mx — (m+ 1)y =3m mx — (m+ 1)y =3m

r—2my=m-+2 Ser=4-2y
x+2y=4 (24 2m)y=2—m.

TH 1. Néu 2 + 2m = 0 thi hé tr¢ thanh

—r=-3

=4 — 2y vo6 nghiém.

TH 2. 2 + 2m # 0 thi hé tré thanh

5m + 2
r=4—-2 =
Y < m+1
2—m 9 _
y= _
2+2m Y 2+ 2m
=1
5m2 + 2 2 m
suy ra - ilm—(m—i—l)'2+27;1n=3m(:)5m2—3m—220<:> 2
5
Vayglatrgmcantlmlam:lvam:fg.

&, Chon dép an @ ................................................................................................................
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20 42y —y* =0

2

. Céc cép nghiém (x;y) sao cho z,y déu la cac sb
2 —xy—y  +3x+Ty+3=0 i nghitm (z:y) Y

Cau 42. Cho hé phuong trinh {

nguyeén la

(A (2; -2); (3; -3). (—2;2); (=3;3). © (1;-1); (3; -3). (D) (~1;1); (—4;4).
@ Loi giai.
Hé da cho twong duong véi

{xz—yQZ—xQ—my {332—92:—932—539

22y —2® +3x+ Ty +3 =0 2z — Ty =—a>+3z+3 (1)
Viz,y € Znén 2z — 7 # 0. Khi d6 ta suy ra tir (1)

—22+4+3x+3 —4x? 4+ 122 + 12
e e N W i e S S PR Y

cZ
20— 17 20— 17 20— 17

Do d6 2z — 71a wéc ciia 5 va b ¢6 cac wde la {£1; £5} nén

y=38
y=—

TH 1. 2171¢>x4¢32+4yy20é{ thoa bai toan.

TH 2. 2x—7:—1<:>x:3:>18+3y—y220:>{y 3th(’)abélitoéln.
Y

y=2 T
thoa bai toan.

TH 3. 2%—7:—5<:>$:1:>2+y_y2:oz>{

=12
TH 4. 2x—7:5<:>x:6=>72+69—y2=0:>{y 6th6abéitoén.
Y

Vay hé phuong trinh c6 tap céc nghi¢m nguyén {(4; —4); (4;8); (3; =3); (3;6); (15 —1); (1;2); (6; —6); (6;12) }.
& Chon dap AN (C).......ooviee e

. . TP [t eyt .
Cau 43. Néu (z;y) 1a nghiém ctia hé phwong trinh A 5 . Thi 2y bang bao nhiéu?
y —day =
@) 4. B) —4.
© 1 @ khong ton tai gid tri zy.

@ Loi giai.
2?2 —day+y? =1 oy =y —2
_ =2 2
y—dzy =2 z° —dzy +y° = 1.

) v6 nghiém.
- =1

0=
TH 1. Néu y = 0 thi hé (*) trd thanh {

TH 2. Néu y # 0 thi (*) tr¢ thanh

-2
g=2"7 y—2 y—2
4y r="— r=2—=
) & 4y & 4y
(v —2) +2—y+yi=1 16y* — 16y° + 17y°> —4dy+4=0 42 — 2y)° + 1242 2)2=0
ST y+y’= Yy Y Yy —dy+4= (49> —2y)" +120° + (y — 2)* =
4u? =2y =0
v6 nghiém vi (4y2—2y)2+12y2+(y—2)2:0<:> y=20 khong xay ra.
y:
Vay khéng ton tai gia tri zy thoéa bai toan.
& Chon dép én@ ................................................................................................................
R T+y=2 .
Cau 44. Hé phuong trinh —_— c6 nghiém (x; y) v6i < 0 khi va chi khi
x—y=>5a—

®a<0. a>0. ©a<g. ®a>g.

@ Loi giai.
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z—y=>51—2 < y 4 —5a

{x+y=2 )

Dé hé phuong trinh ¢6 nghiém z < 0 thia < 0.
& Chon dap an @ .................................................................................................................

\/12 — Vy (12 —z2) =12
Cau 45. Cho cac sb thuc z, y thoa {x y+ vyl %) . Khi dé z + y béng

23— 8r—1=2y—2
™2 1. ©e. D)o.
@ Loi giai.
Didu kign 42 SV S12
iéu kién
) —2V3<x<2V3.
Vé6i hai s6 thuc a, b bét kyj ta c6 > ab *)
Ap dung (*) ta dugc
2 _
€A /12 _ y S %—'_12
12 — 22
ot < 2ty
R x>0
Suyra /12 — y + 1/y (12 — 22) < 12, do d6 tir phwong trinh dau cia hé ta dugc TS Thay vao phuong
y=12—-zx

trinh duéi cia hé ta duoc

23 —8r—1 =210 — 22 < 2%~ 8r—3+2 (1 —v10— a;Q) =0< (z—3) [av2 +3x+1+ _2Aetd) =0. (1)

14+ v10 — 22
2(x +3)
Doz >0=22+3zx+1+ ——2— >0,khidé
1+ /10 — 22

(1) & 2 =3 =y =3 thoa man diéu kién.

Vay nghiém ctia hé phwong trinh 1a (z;y) = (3;3). Do d6 = + y = 6.
& Chon dap én @ .................................................................................................................

Dy AN TEX DC ToAN 10 - MARIE CURIE
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[ 7 CHUONG IV

BAT DANG THUC - BAT PHUONG
TRINH

MENH DE

(A) TOM TAT LY THUYET

Dinh nghia: Cic ménh dé a < b, a > b, a < b, a > b dugc goi la bat déng thirc.
Tinh chat:

@D VeeR tacha<beat+c<b+c(hodca<bea—c<b-—o)
(2 Ve>0,tacéa < b& ac < be

(3 Ve< 0,tacéa < b+ ac> be.

a<b . .
@ Lgootes b + d (chi ding vé6i dau +, khong ding véi dau —).
c

0<a<bd . <
® Dcecg ™ %< bd (chi ding véi ddu x, khéng ding véi dau :).
c

® Ya > 0,tacéa < b< a® < b* (v6i n nguyén duwong).

@ Va,b e R tacé a < b a® ! < b*F! (v6i n nguyén duong).
Va > 0,tacéa < b /a< Vb

(9 Va,be R, tacéa < b Ja < Vb.

Ya,b > 0, ta co vVab < GTM, déu "=" xay ra khi va chi khi a = b (bt ddng thitc Cauchy).

1
@Va>0,tacéa+—22.
a

BAI TAP TU LUYEN
Bai 1. Chirng minh c4c bét dang thitc sau
@ 2(1—-a)®>>1-2a%VaeR.
@ (1+a%) (1+0?) > (1+ab)? Va,b e R.
(3 a% +b(13b+a) > 3b(a +b), Va,b € R.
@ 222+ +1>22(1 —y),Vz,y €R.
(B) 2% +4y? +322 4+ 14 > 22 + 12y + 62, Va,y,2 € R.

x Y
> 2 Vr>y>0.
@I—F:z:*l—i—y rey=

@ (ax +by)* < (a® +b%) (2® +y?),Va,b,z,y € R.

207
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Cho z, y 1a hai s6 thuc théa 42 + y = 1. Chirng minh rang 422 + y? > 0, 2.

b
©® =+ —— > a+b Va,b> 0.

Vb a

i <+va+1—+va—1Va>1.
Vva

@ Loi giai.

@D 2(1-a)?>1-2d®> & (2a—1)2>0,Ya €R.

@ (1+a2) (1+b2) > (1+ab)? & 1+a?+b*+a%? >1+2ab+a?h? & (a—b)? >0,Va,beR.

(3 a? +b(13b+a) > 3b(a +b) < a® — 2ab+ 10b®> > 0 < (a — b)? +9b> > 0,Va,b € R.

@ 202+ > +1>22(1—y) & (2 +y2 +2ay) + (2* 22+ 1) 2 0= (z+y)* + (z - 1)2 >0, Va,y € R.
B 22 +4y? +3224+14>22+ 12y + 62 (2 —1)2+ 2y —3)2 +3(z —1)2+1>0,Vr,y,z € R.

X Yy
> — & (1 > y(1 S x>y Ve >y > 0.
@1+a:*1+y r(l+y)>y(l+z)sr>y Ve>y>

@ (ax +by)? < (a2 + b2) (:c2 + y2) & a’z? 4 2abzy + b%y? < a?2? + a®y? + b22? + b?y?
& a?y? + b%22? — 2abzy > 0 < (ay — bx)? > 0,Va,b,z,y € R.

—0,2.

(va-vb)" (Vb-va)
Vb va -

sSvVa+1++va—1<2/a.

| =

Sir dung cau 7, ta cé (4 + 1) (42?2 + %) > (4o +y)? =1 = 42 + > >

@\[+\f_\f+\f<:><\/2f+f> (;62\/5+\/5)20@

2
<Vvatl-va @f Jarltva—1

Bét déng thirc trén dung nho 4p dung 7, ta dugc

(\/a+1+\/a71>2§(a+1+a71)(1+1):4a:>\/a+1+\/a7122\/5.

Déng thirc khong xay ra dwoc, ta c6 diéu phai chirng minh.

Bai 2. Chirng minh c4c bét dang thitc sau

®a2b+ab2§a3—|—b3,Va,b20. ®a4+b42ab(a2+b2),Va,b20.
2 | 12 3, 13
@4 (a® + 1) > (a+b)* Va,b > 0. @(“;b) (“ ;b ) <Y b0,

® 2 (a® 4 b°) > (a® +b?) (a® +b?), Va,b > 0.
@ Loi giai.
@ a?b+ab® < a® +b® < ab(a+b) < (a+b) (a* — ab+b*) < (a+b)(a — b)?
@ a*+b* > ab (a® +b*) & (a* —a®b) + (b* — ab®) > 0 & (a—b)*(a® + ab+b?) >0, Va,b € R.
b 302

2
Bat dang thtic trén ding do a? + ab + b = <a+§) + 20 Va,b € R.

@ 4(a®+ %) > (a+b)* = 4(a® + ) > a® 4 b63 + 3ab(a + b) < a® + b* > ab(a + b).
Ding theo cau 1.
@ (a+b> (a2+b2> S ad + v N a® +a?b+ ab® + b3 < a’ + v
2 2 - 2 4 - 2
Dung theo cau 1.

< a?b + ab? < a® + b3,

5 2 (a5 + b5) > (a2 + b2) (a3 + b3) & a® +b° > a®b? + a?b® < a3(a? — b?) — b3(a? — b?) > 0.
Bét déng thirc trén ding véi moi a, b > 0 vi a? — b? va a® — b cung dau.
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Bai 3. Chirng minh céc bét ddng thitc sau
®a2+ab+b220,Va,b€R.
@a?+v*+1>ab+a+bVabeR
®a?+b?+4>ab+2(a+b),Va,beR.

@ a® 4+ b + % > ab+ be + ca,Va,b,c € R.
@ (a+b+c¢)? <3(a®+b*+¢?),Va,b,c € R

®a?+b2+c*+3>2(a+b+c)Va,b,ceR

@ Loi giai.

bQ
+3—20,va,beR.

a+ - 1

b 2
®a2—|—ab+b220<:)< 2)
@ a?+b0*+c? >ab+bc+cae2(a?+ b2+ c?) >2(ab+be+ca) & (a—b)? + (b—c)? + (c—a)? > 0.
(3) Twong ty cau 2 véi c = 1.

@ T cau 2, ta c6
3@+ +P)>a®+ b0+ +2(ab+be+ca) = (a+b+c)’

(5) Twong ty cau 2 véi c = 2.

® >+ +c*+3>20a+b+c)e (a—1)2+(b—1)?+(c—1)? >0,Va,b,c e R

Bai 4. Chirng minh c4c bét déng thirc sau

@ (a + b)(1 + 4ab) > 4ab, Ya,b > 0. @) (2a + 1)(6 + ab)(b + 3) > 48ab, Ya, b > 0.
a b c L \
1+—-)(14+-)(14+—) >8,Va,b, . Sio> Nab> 0.
®(+b)(+6)(+a)*8 a,byc>0 @a+b a+bVa >0
a b C a b C>
a byre ay (b e\ |
®<b c>(a+b)+(c+a > 8,Va,b,c > 0
@ Loi giai.

(1) Ap dung bt dng thirc Cauchy, ta c6
a+b>2Vab>0 ; 1+ 4dab>2vV4ab=4Vab> 0.
Nhan hai bat déng thitc trén theo vé, suy ra
(a +b)(1 + 4ab) > 8Vab > 4V ab.
(2) Ap dung bt dang thirc Cauchy, ta c6
20+1>2v2a>0 ; 6+ab>2V6ab>0 ; b-+3>2V3b>0.
Nhan ba bt ddng thitc trén theo vé ta dugc

(2a + 1)(6 + ab) (b + 3) > 2v/2a - 2V/6ab - 2v/3b = 48ab.

(3) Ap dung bt déng thitc Cauchy, ta c6

b b
1+922\/§20; 1+722\/i20; 1+522\/§20.
b b c c a a

Nhan ba bét dang thitc trén theo vé ta duwoc

(+5) (-2 (4 ) =2/f 2 EafE s

& (a+0b)? > 4ab < (a—b)% > 0.

a
14+ =
er

1 1
4>
@a+ “a+b

(5) Tuong ty cau 3.
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Bai 5. Chirng minh c4c bét ddng thirc sau

®a+b+222(\/&+ﬁ),Va,b20. @ a+b+c>Vab+ Vbe ++/ca, Ya,b,c > 0.
®a+b+1>vab++/a+vhVab>0 e b e Ll vabeso
“ =va “ » Vs 8 = S be ca ab—a b ¢ BhC ’
a+b b+c cHa . a a a+c
> . Néu — < 1 thi — 5i .
® . + a + 5 >6,Ya,b,c>0 ®) eub< t1b<b+c,v01a,b,c>0

@ Loi giai.
@a+b+222(\/6+\/5)@(\/5—1)24-(\/5—1)220.
(2 Ap dung bt dang thitc Cauchy, ta dugc
a+b>2Vab ; b+e>2Vbe ; c+a>2y/ca.
Cong cac bat déng thirc trén theo vé, ta dugc
2a + 2b + 2¢ > 2V/ab + 2v/be + 2v/ca = a + b + ¢ > Vab + Vbe + yea.
(3 Ap dung cau 2 véi c = 1.

(@) Ap dung bit dang thirc Cauchy, ta c6

a by e b 2 b e /b e 2 ¢ a_,fc a2
bc  ca — bc ca ¢ ' ca ab~ ca ab a ' ab bc ~ ab bc b’
Cong cac bat déng thirc trén theo vé, ta dugc

2a+2b+20>2+2+2:>a b c>1+1+1
be ca ab“"a b ¢ "be ca abTa b ¢

a+b b+c cHa (a b) (b c) c a

soo (04 0) 4 (24 9) 4 (S+9) 26

®c+a+b_ b+a+c+b+a+c_
Bét dang thitc trén ding do viéc cong ba bat déng thirc sau

a b a b b ¢ b ¢ c a c
24> n/2. =2 ¢ Z42>n/2.2=2 - Z4Z>9./2.2 =9,
b+a_2 b a 2 c+b_2 c b 2 a+c_2 2

a

ole

g< a-+c
b b+c

®

@a(b—l—c)<b(c+a)(:>ac<bc<:>a<b<:)%<l.

(C) CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Trong cac tinh chét sau, tinh chét nao sai?

a<b O<a<bd a b
= <b+d. = - < -
®{c<d ate + {O<c<d c d
0<a<bd O0<a<bd
@ = ac < bd. @ = ac < bd.
O<e<d O<e<d
@ Loi giai.
0<2<3 a 3 b
Ta c6 hung - =2 > = = =.
© aC°{0<1<5n”ngc 574

® Theo tinh chét cta bat déng thirc thi cdc ménh dé con lai la dung.

Qe Chon dAp A1 (B). ... ettt
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Cau 2. Tim ménh dé dung trong cdc ménh dé sau.

1 1
@a<b=>g>g. a<b:>ac<bc.
a<b O0<a<bd
@ = ac < bd. @ = ac < bd.
c<d O<e<d
@ Loi giai.

. 1 1
() Ménhdéa<b¢f>5saikhia:f3,b:2.
a
® Ménhdéa<b=ac<bcsaikhia=2b=3vac=—2.
a<b
(O] = ac<bdsaikhia=c=-3,b=d=—-2.
c<d

® Theo tinh chét ctia bat déng thirc thi ménh dé con lai la ding.

& Chon dap A0 (D) ... ..o

Cau 3. Ménh dé nao sau day sai?

<
@{a<b:>a+c<b+d. {ab:>ac<bd.
c

c<d <d
a<b
© >d$a—c<b—d. @acgbcﬁagb,véic>0.
c
@ Loi giai.

C[a<b
@Ménhdé{ <d:>ac<bdsaikhia:b:1vi~1c:d:2.
c

; <b
= a — ¢ < b— dnén ménh dé {a>d:>ac<bdlédl’mg.
c

b b
® Taco {a< :>{a<

c> —c< —d

® Theo tinh chét ctia bat déng thitc thi cdc ménh dé con lai la ding.

Qe Chon dAp A1 (B). ...ttt

Cau 4. Cho ba sb a, b, ¢ théa man dong thoia +b—c > 0;a+c—b > 0;b+c—a > 0. Dé basb a, b, c 1a ba canh
ctia mot tam giac thi can thém diéu kién gi?

@Cﬁncécéa,b,czo. Céncc’)céa,b,c>0.
(C) Chi cAn mot trong ba s6 a,b, ¢ duong. @ Khong can thém diéu kién gi.
@ Loi giai.

Néua,b,c>0théamana+b>c>;a+c> b b+ c> athia,b, clabacanh ciia mot tam gi4c.
& Chon dAp AN (B)... ...\

Cau 5. Néu a > b va ¢ > d thi bat ddng thitc nao sau day luon ding?

@ac>bd. a—c<b—d. ©a—|—c>b+d. ®g>g.
@ Loi giai.

@ Bét déng thicc ac > bd sai khia =3,b= —2,c=2vad = —5.

® Bitdéng thitca —c <b—dsaikhia =5b=—2,c=2vad= 3.

A as b
(O] Bﬁtdéngthl’rc%>gsaikhia:S,b:—5,c:2véd:—1.

® Theo tinh chét ctia bat déng thic thi ménh dé con lai 1a ding.

& Chon dap AN (C).......vvviee oo
Cau 6. Cho bét déng thtrc |a — b| < |a| + |b|. Dau déng thrc xay ra khi va chi khi?
@a:b. abgO. ©ab20. @ab:O.
@ Loi giai.
Theo tinh chét ctia bat ddng thirc tri tuyét déi thi ddu “=" xay ra khi a(—b) > 0 < ab < 0.

Qe Chon dAp A1 (B). ...ttt
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Cau 7. Gid tri nhé nhét cta biéu thitc f(z) = 22 + 3|z| véiz € R 1a
9 3 3

@ _1. _5. © O. @ 5.
@ Loi giai.
Ta c6 f(z) = 22 + 3|z| > 0 véi moi z € R. Dau “=" xay ra khi va chi khi x = 0.
Vay mi]% f(z) =0khiz = 0.

[AS

&, Chon dép an @ .................................................................................................................
Cau 8. Cho biéu thirc f(z) = v/1 — 22. Két luan nao sau day ding?

(A)Ham sb f(x) chi c6 gid tri 16n nhét, khong c6 gié tri nhé nhat.

Ham s6 f(z) chi c6 gia tri nho nhét, khong c6 gia tri 16n nhét.

(C)Ham s6 f(x) c6 gia tri I6n nhat va gid tri nho nhAt.

@Hém s6 f(z) khong c6 gid tri lén nhét va khong c6 gia tri nho nhét.
@ Loi giai.
Téap xéc dinh 2 = [-1;1].
Tacéd f(z) =vV1—22>0, VeeRva f(x)=0& ==L
Talaico f(z) =vV1—22<1 VzeRvaf(z)=1<2=0.

Vay mi =0 va =1.
4y min f(z) = 0 va max f(z)

& Chon dap An (C).......oooi it
Cau 9. Cho ham s6 f(z) =

(A)Ham sb f
(B)Ham s f
(OHam s f
(D)Ham s6 f
@ Loi giai.
Tacé\/mzl, VeeRvaval+l=1<2z=0.
Do d6 f(z) = \/% <1, VzeR Sugra mﬂgxf(x) =1

Gia st ton tai zo # 0 sao cho rrﬁén f(x) = f(zo).

————. Ménh dé nao sau day la diung?
VRS v e
x) 6 gia tri lén nhat bang 1 va gia tri nhé nhét bang 0.

x) ¢6 gid tri l6n nhét bang 2 va gia tri nho nhét bang 1.

—~ o~~~

)

x) c6 gia tri lén nhat bang 1 va khong gia tri nhé nhét.
)
)

x) khong c6 gia tri lén nhét va gia tri nhé nhat.

THI. Néuzg > 0, xét 21 = 29+ 1 > 9 > 0,tacé /27 +1 > /22 + 1 nén f(z1) < f(x0). Didu nay vo Ij vi

min /(@) = f(ao).

TH2. Néuzg < 0, xét 21 = 29 — 1 < 79 < 0,tacé /27 +1 > /22 + 1 nén f(z1) < f(x0). Diéu nay vo Ij vi

mﬂén f(x) = f(zo).

Do d6 ham sb f(x) khong c6 gia tri nho nhét.
Qs Chon dap AN (B). .. . vttt

Cau 10. Cho biét hai s6 a va b c6 téng bang 3. Khi dé, tich hai s6 a va b

0 9 9
(A) c6 gi4 tri nhé nhét Ia 7 ¢6 gid tri 16n nhdt la —
< 3 <
© c6 gia tri I6n nhat la 3 @ khong c6 gia tri 16n nhat.
@ Loi giai.

) s b\ 9 3
® Néu a > 0 va b > 0 thi theo bat ding thirc Co-si ta c6 ab < (a + ) =7 Dau “=" xdyrakhia = b = 5

B 9
Do d6 tich ab c6 gia tri 16n nhat la T
® Néu ab < 0 thi tich ab c6 gia tri I6n nhét la 0 khi @ = 0 hoic b = 0.

0 9
Vay tich ab c6 gia tri 16n nhat la T

Qp Chon AP A1 (B ..ttt

Cau 11. Tim ménh dé dung trong cdc ménh dé sau.

@a<b:>ac<bc. a<b:>%>%.

©a<bvac<d= ac<bd D)a < b= ac < be, (¢ > 0).
@ Loi giai.
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® Ménh dé a < b= ac < besai khi ¢ < 0.
N 1 1
(O] Ménhdéa<bé7>gsaikhia:().
a

® Ménhdéa<bvaic<d=ac<bdsaikhia=-3,b=2,c=—-4vad=1.

® Theo tinh chét ctia bat déng thirc thi ménh dé con lai la ding.

& Chon dé4p 4n @
Cau 12. Ménh dé nao sau day ding?

@{a>b:>ac>bd. {a>b>0:>ac>bd.
c>d >

c>d>0
a>b a>b a b
=a—c>b—d. = - < -.
©{c>d e ®{c>d ¢~ d
@ Loi giai.
L [a>0
®© Meénh dé = ac>bdsaikhia=1,b=-1,c=-2, d=-3.
c>d
la>Db
® Meénh dé >d:>a—c>b—dsaikhia:c:5véb:4véd:3.
c

a>b

® Ménhdé{
c>d

=2 <ésaikhid:0.
c d
® Theo tinh chét ctia bat déng thic thi ménh dé con lai 1a ding.

Qs Chon dap AN (B). .. . vttt

Cau 13. Ménh dé nao sau day sai?

a<b 0<a<d
= <b+d. = ac < bd.
®{c<d are * {O<c<d ac
a<b 0<a<bd a b
=a—c<b-—d = - < -.
©{c<d a-c ®{0<c<d d c
@ Loi giai.
. la<b
© Meénh dé = a—c<b—dsaikhid=b=2vac=—-5vaa=1.
c<d
b . [0<a<b b
@VéiO<c<d,tacég<7¢>ac<bdnénménhdé ¢ é2<7dl’1ng.
d ¢ 0<e<d ~d ¢

® Theo tinh chét ctia bat déng thitc thi cdc ménh dé con lai la ding.

& Chon dép an @

Cau 14. Tim ménh dé ding trong cdc ménh dé sau?

1 1
@a<b:>5>a. a<b:ac<bc.
© < e <bd Da>b=a+ec>b+
ac ' a a+c c.
c<d
@ Loi giai.

A 1 1
@ Ménhdéa<b:>a>gsaikhia:—2, b=2.

® Ménh dé a < b = ac < be sai khi ¢ < 0.

c <

L la<d
® Ménh dé d:>ac<bdsaikhia:c:—3,b:d:2.

® Theo tinh chét ctia bat déng thirc thi ménh dé con lai la ding.


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
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a<b a<b
@{C<d:>a+c<b+d. {ng:>ac<bd.
a<b
@{ >d:>a—c<b—d. @acgbc:agb, (v6i ¢ > 0).
c
@ Loi giai.
la<b
® Meénh dé = ac < bdsaikhib=c=0.
c<d
a<b

a<b a<b <
@ Taco >d<:> = a — ¢ < b— d nén ménh dé
C

—c< —d

C>d:>a—c<b—dd1'1ng.

® Theo tinh chét ctia bat déng thitc thi cac ménh dé con lai 1a ding.

& Chon dap an (B). ... .vvieieii e

Cau 16. Cho a, b, ¢, d v6i a > b va ¢ > d. Bat ddng thirc nao sau day ding?

@a+c>b+d. a—c>b—d. ©ac>bd. ®a2>b2.

@ Loi giai.
® Ménhdéa—c>b—dsaikhia=c=5, b=4, d=3.
© Meénh dé ac > bd sai khia = d = 0.
® Meénh dé a? > b? sai khia < 0.

® Theo tinh chét ctia bat déng thirc thi ménh dé con lai 1a ding.

&; Chon dép an @ ..........................................................
. . 3
Cau 17. Tim gi4 tri nhé nhét ctia ham sé y = 22 + — voiz # 0.
x

@A) 2v/3. V3. (©) 2v3.
@ Loi giai.
Ap dung bat déng thirc Co-si, ta c6

3 3 < 3
y:x2+—222\/;102-—2:2\/§véri:r#O.Déu“:”xéyrakhixz:—Q@x:i%.
x x x

AU ity — 23,
Vay miny V3
& Chon déap 4n @ ..........................................................

< . z 8
Cau 18. Tim gia tri nhé nhat ctia ham s6 y = 5 + —voiz > 0.

@) 4. (B)8. ©2.
@ Loi giai.
Ap dung bat déng thitc Co-si, ta c6

8 [x 8 . 8
yZE—F*ZQ L. :4V(’Jix#O.Déu“:”xéyrakhi%:f®x24.
x x

v 2 2
ay min y = 4.
aYy (0;+Oo)y

& Chon dép an (Ao

Cau 19. Cho z va y théa man 22 + 32 = 4. Tim gi4 tri nhé nhét va gia tri 16n nhéit ctia T = = + y.

(A) -8 vas. B) —2va 2. © —2v2 va 2v2. (D)—v2 va V2.

@ Loi giai.
Ap dung béat dang thirc Co-si cho céc cap sb 22 va 2; y? va 2, ta cé

22 +2>2V222 = 2V/2|z|
Y2 42> 2292 = 22yl
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Suyra 2v2(|z| +|y)) < 2? +y? +4=8< |z| + |y| < 2V2

Talaicé |z +y| < |z| + |y| <2v2 = —2v2 <z +y < 2v/2. Ddu “="xagrakhi z = y = —v/2 hodc z = y = V2.
Vay gia tri nho nhat va gi tri 16n nhét ctia T = = + y 1an luot la —2v/2 va 2/2.

&, Chon dép an @ .................................................................................................................

Cau 20. Néu a > b va ¢ > d thi bat ddng thirc nao sau day luong ding?

@ac>bd. a—c>b—d. ©a—d>b—c. —ac > —bd.

@ Loi giai.
® Bét déng thtrc ac > bd sai khia = d = 0.
@ Bitdéng thitca —c >b—dsaikhia =c=5, b=4, d=3.
® Bit déng thitc —ac > —bd sai khia = d = 0.

>b R
® Taco {a>d:>a+c>b—l—d:>a—d>b—cnénménhdéa—d>b—cdﬁng.
c

& Chon dap AN (C).......vvveee oo
Cau 21. Néu m > 0 van < 0 thi bat déng thitc nado sau day luén ding?

@m>—n. n—m<0. ©—m>—n. @m—n<0.

@ Loi giai.
@ Bét déng thite m > —n saikhim =1van = —2.
@ Bét déng thitc —m > —n sai khim = 1van = —2.
® Bit déng thitc m — n < 0 sai khim = 1van = —2.

m >0

n<0

@Tacé{
n <0

-—m <0 ;
& = n —m < 0 nén m¢nh dé n — m < 0 ding.

Qe Chon dAp A1 (B). .. ettt
Cau 22. Néu a, b va c la céc s6 bat kyy va a > b thi bat ddng thirc nao sau day ding?

@ac>bc. a2<b2. ©a+c>b+c. @c—a>c—b.

@ Loi giai.
@ Bit déng thic ac > be sai khi ¢ = 0.
® Bét dang thic a® < b saikhia =3 va b= 2.
® Bitdéng thitcc —a > c—bsaikhic=0,a =3vab=2.

@ Theo tinh chét cta bat dang thitc thia > b < a+c>b+c

& Chon dép 4n © .................................................................................................................
Cau 23. Néu a > b va ¢ > d thi bat ddng thirc nao sau day luén ding?

b
®g>8' a—c>b—d. ©ac>bd. ®a+c>b+d.
c
@ Loi giai.
@ Bét déng thicc ac > bd saikhia =c= —1,b=—2vad = —3.

@ Bitdéng thttca —c >b—dsaikhia=c=1,b=—-2vad = -3.
A, 12 . a b : :
® Bit déng thirc — > 5 sai khi ¢ = 0.
c
® Theo tinh chét ctia bat déng thirc, tacé néua > bvac>dthia+c>b+ec.

& Chon dép 4n @ ................................................................................................................
Cau 24. Bét déng thirc nao sau day ding véi moi s6 thuc a?

@) 6a > 3a. (B) 3a > 6a. (©6—3a>3—6a. D)6 +a>3+a
@ Loi giai.
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® Bit déng thitc 6a > 3a < a > 0.
@ Bit déng thic 6a < 3a < a < 0.
® Bét déng thirc 6 — 3a > 3 — 6a < a > —1.

® Theo tinh chét ctia bat déng thic, tac6 6 +a >3 +a < a € R.

Cau 25. Néu a, b va ¢ la céc s6 bat kjy va a < b thi bat ddng thirc nao sau day ding?

@ac>bc. a2<b2. ©3a+20>3b+20. @ac<bc.

@ Loi giai.
@ Bit déng thtrc ac > be sai khi ¢ = 0.
® Bét dang thic a® < b? saikhia =3 va b= 2.
® Bit déng thitc ac < be sai khi ¢ = 0.

® Theo tinh chét ctia bat dang thitc thi @ < b < 3a + 2¢ < 3b + 2c.

& Chon déap 4n @ .................................................................................................................
Cau 26. Néua > b > 0, ¢ > d > 0 thi bat déng thirc ndo sau day khong diing?

@ac>bc. a—c>b—d. ©a2>b2. ®a0>bd.
@ Loi giai.
© Batdéng thitca —c >b—dsaikhia=c=3, b=2, d=1

® Theo tinh chét cta bat dang thirc thi cac bét déng thirc con lai la ding.

Cau 27. Néua > b > 0, ¢ > d > 0 thi bat ddng thitrc nao sau day khong dung?

(A) ac > bd. B a+c>b+d ©%>%' ®%>g.

@ Loi giai.
< 4o b
© Bétdéngthl'rc%> Esaikhia:c:& b=2 d=1
. d
® Tir gia thiét, ta c6 % > — & ac > bd.
c

® Theo tinh chét ctia bat déng thirc thi cac bat déng thirc con lai 1a cac bat déng thirc ding.

& Chon dap An (C).......oooi it
Cau 28. Sép xép ba s6 v/6 4+ v/13; v/19; v/3 + /16 theo thit ty tir bé dén 16n thi thit ty diing la

@) V1% V3 + V16; V6 + V13, B) V3 + V16; V19 V6 + V13 .
(© V1% V6 + V13, V3 + V16 . D) V6 + v/13; V3 + V/16; v/19.
@ Loi giai.

St dung mdy tinh Casio ta c6 thi ty la V19; V3 4+ V16; V6 + V13.
&, Chon dép an @ .................................................................................................................

Cau 29. Néu a + 2¢ > b + 2c thi bat déng thirc nao sau day ding?

@—3a> —3b. a2 > b2 ©2a>2b‘ ®a<b.

@ Loi giai.
® Tac6a+2c>b+2ce=a>be 2a > 2b.

® Thaya =2, b = 1,c¢ = 0 thi cac bét déng thirc con lai 1a cdc ménh dé sai.
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Cau 30. Choa, b, ¢ > 0vaa+ b+ c=1.Gia tri nhé nhét cta P = (1+E) (1-!-

@) 64. 60. ©s.

@ Loi giai.
1 1 1 11 1 1 1 1 1
P=<1+5)(1+—>(1+Z)=1+E+—+—+—+—+—+—

b b ¢ ab bc ca abc
Ap dung BDT Cauchy cho cac sé dwong trén ta c6

abcg(a+b+ ) > 27.
abc

1 1 1

-4 -+ - >3\/ =9.
a+b+ \/

1 1 1

= —+—az 3 > 3v/272 = 27.

bt ea = Ylaber
1

SuyraPZ1+9+27—|—27:64.Déubéngxéyrakhivéchikhia:b:c:§

Dy AN TEX DC ToAN 10 - MARIE CURIE

1

)0

D) 16.

b

1y s
E) bang
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™= CHUONG I

VEC-TO

VEC-TO

u THIEU NOI DUNG Lf THUYET DEN HET CAU 10 TU LUAN

(A) BAI TAP TU LUAN

Bai 11. Cho hinh vuéng ABCD canh la a. Tinh AB + AC + AD|.

@ Loi giai.
Theo quy tdc hinh binh hanh suy ra AB + AD = AC. B c
Tac |AB + AC + AD| = |2AC| = 24C = 2av2. =

A D

Bai 12. Cho hinh binh hanh ABC'D tam O. Hay biéu dién cac véc-to ﬂf, ﬁ, C—D), D—fi theo hai véc-to A—O), B—O)

@ Loi giai.
Ta c6 B C
@ AC = 240.
@ BC =BO+0C = BO + 40.
@ CD=CO0+ 0D = —A0 + BO.
@ DA = DO+ 04 =-A0 - BO. A D
Bai 13. Cho AABC déu canh a, truc tam H. Tinh do6 dai cia cac véc-to fﬂ, ﬁ, HC.
@ Loi giai.
Vi AABC déu canh a, truc tdim H nén HA = HB = HC va AH = %AM voi M la A
trung diém ctia BC.
Xét AABM vudng tai M
:>AM2:ABz—BM2:a2—a£:%jAM:aT\/g:AH:QT\/g.
Vi [ = [ = 1 = =57 |
B M c

Bai 14. Cho hinh vuéng ABCD canh a, tdam O. Tinh d¢ dai ctia cac véc-to AB + ;fli AB + ;1_5, AB — AD.
@ Loi giai.

221
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Vi ABCD la hinh vudng canh a nén AC = BD = av/2. B I c
Ta c6

© ’A_B)—kA_D»’:‘A_C)’:AC:a\/ﬁ.

(@)
® ‘AB n AO‘ =2 ’AI‘ = 2AI véi I 1a trung diém ciia BC.
a®>  5a?
ViAABIvut“mgtaiBnénAIQ:ABQJrBIZ:aQ+Z:T " D

:AI:(ZQ£:>’@+@’:aﬁ.

@ ’E—E’:‘ER”:DB:W?

Bai 15. Cho AABC’ noi tiép duong tron tam O. Goi H la tryc tam ciia AABC, B’ 1a diém débi xtrng véi B qua O.
Chirng minh réng AH = B'C.

@ Loi giai.

Goi AM, C'N la hai duong cao cta tam giac ABC.
Tac6 AM L BC va B'C L BC (vi BB’ la duwong kinh cta

duong tron (O)) = AM || B'C. (1) A
Tuwong tw CN L AC va B’A L BA (vi BB’ la duong kinh cta
duong tron (O)) = CN || B'A. (2)
T (2 ( ) v (2) suy ra tit gidc AHC B’ 1a hinh binh hanh B’
- AH = B'C. " o
d
BU
Bai 16. Tit gidac ABCD 1a hinh gi néu c6 AB = DC.
@ Loi giai.
Vi AB = DC nén AB, C'D la song song va bing nhau. B c

Khi dé t& gidc ABCD la hinh binh hanh.

Bai 17. Cho ’6’ + 3‘ = 0. So sanh vé do dai, phwong va huéng cta hai véc-to @ va b
@ Loi giai.
V‘l‘a—!—b‘—Onena—l—b—H

Khi dé6 @, b déi nhau hay @, b la cung do dai va nguwgc hudng.

Bai 18. Cho hai véc-to @ va b la hai véc-to khéc véc-to khong. Khi nao c6 déng xay ra?
@ ‘ T+ b ‘ 7|+ ‘_b".
@ ]3+ 3] - ]3— 3(.

@ Loi giai.
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@ |@+ 75| =@+ |b| < AC = AB + BC. A

Khi d6 A, B, C thing hang va B nim giita A, C nén @, b ciing huéna. A D

@ ‘ZL’JrT;‘:‘ZL’f_b)’@AC:BD.

Khi d6 @, b c6 do dai bing nhau.

Bai 19. Cho AABC. Vé D déi xtrng véi A qua B, E dbi xtimg v6i B qua C va F d6i ximg v6i C qua A. Goi G la giao
diém gitra trung tuyén AM cta AABC véi trung tugén DN cia ADEF. Goi I, K 1an luot la trung diém ctia GA va
G D. Chirng minh

@) AB = NM.
@) MK = N1.
@ Loi giai.
(1) Tam giac CEF c6 AN la duong trung binh nén
AN | CE

1

Mat khac BM = %BC = %CE va BM = CFE nén

AN = BM va AN || BM.
Suy ra ABM N la hinh binh hanh G
= AB=NM.

(2 Tam gidc ADG c6 IK la duong trung binh nén
1
IK | ADvalK = §AD = AB.

Mat khac ABM N la hinh binh hanh nén suy ra
MN =IKvaMN | IK.
Khi d6 M NIK la hinh binh hanh hay MK = N 1.

)

Bai 20. Cho AABC va M 1a mot diém khong thudc cac canh cta tam giac. Goi D, E, F 1an luot 1a trung diém cta
AB, BC, C’A;YE dié&P déi xtimg véi M qua D, diém Q déi xtiing véi P qua E, diém N déi xitng v6i Q qua F.
Chitng minh M A = AN.

@ Loi giai.

Tt gidc CQBP c6 hai duong chéo BC, PQ cét nhau tai trung diém F nén
CQ@BP la hinh binh hanh = BP || CQ va BP = CQ. (1)
Tt gidc CQAN c6 hai duong chéo AC, NQ cét nhau tai trung diém F nén
CQAN la hinh binh hanh = AN || CQ va AN = CQ. (2)
Tt gidc AM BP c6 hai duong chéo AB, M P cét nhau tai trung diém D
nén AM BP la hinh binh hanh = BP || AM va BP = AM. (3)

T (1), (2), (3) sugra MA = AN.

Bai 21. Cho hai tam gidc ABC va AEF c6 cling trong tdm G. Chirng minh BE = FC.
@ Loi giai.
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Goi M 1a trung diém cia BC = GB + GC = 2GM. A
Vi hai tam gidc 4 ABC va AEF' c6 cung trong tam G nén
GA+GB+GC=0vaGA+GE+GF=0. E

Suyra GB + GC = GE + GF < 2GM = GE + GF.

Do dé M la trung diém cta EF.

Vay t gidc BEC'F ¢6 hai duong chéo BC, EF ¢ cét nhau tai trung

diém M nén BECF la hinh binh hanh hay BE = FC. c

F

Bai 22. Cho hinh binh hanh ABC'D. Ggi M, N lan lugt la trung diém ctia BC va C'D. Goi E, F 1an luot la giao diém
cia AM, AN v6i BD. Chitng minh BE = F'D.

@ Loi giai.
Goi O 1a tam hinh binh hanh ABCD. Tam giac ABC c¢6 AM, BO la duong trung tuyén B M c
. 2
cat nhau tai F' nén F' la trong tdm ANABC = BFE = §BO' (1)
Tam gidc ADC c¢6 AN, DO la duong trung tuyén cét nhau tai £ nén E la trong tam
2 N
ANADC = DF = §DO' (2)
Vi BO = DOnAe_n»tlr (1), (2 )suyraBE FD.
Mét khac BE, F'D cung huéng nén BE = FD 4 D

Bai 23. Cho hinh cht nhat ABCD, ké AH L BD. Goi M, N lan luot la trung diém cia DH va BC.Ké BK | AM
va cit AH tai E. Chirng minh rang MN = EB.

@ Loi giai.
Tam gidc ABM c6 AE, BE la duong cao nén F la tryc tdm tam gidc ABM. B N c
Suyra ME L ABma BN 1L ABnén ME || BN || AD. (1)
Khi d6 M E la duong trung binh cia AADH vi M 1a trung diém cta DH.
1
Suyra ME = §AD:BN. (2) >
T (1), (2) suy ra t& gidc BN M E la hinh binh hanh. E
Vay MN = EB. e
A D
CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1 (0H1Y1-1). Véc-to 1a mot doan thing

@ C6 hudng. C6 hudng duong va hudng am.

(C) C6 hai dau muit. (D) Théa man ba tinh chét trén.
@ Loi giai.
Véc-to la mot doan théng c6 huwéng.
& Chon dap AN (A). ... .oeeeee e
Cau 2 (0H1Y2-4). Hai véc-to c¢6 ciing do dai va ngugc huéng goi la

(A) Hai véc-to bing nhau. Hai véc-to d6i nhau.

@ Hai véc-to cing hudng. @ Hai véc-to cling phuong.
@ Loi giai.
Hai véc-to c¢6 cing do dai va nguwgc huéng goi la hai véc-to d6i nhau.
Qe Chon dAp A1 (B). ... ettt
Cau 3 (OH1Y2-4). Hai véc-to d6i nhau khi va chi khi

(A) Cing huéng va c¢6 do dai bang nhau. Song song va c6 do dai bang nhau.

(C) Cung phuong va c6 do dai bing nhau. @ Nguwoc huéng va cé do dai bang nhau.

@ Loi giai.
Hai véc-to d6i nhau khi va chi khi ching ngugc huéng va cung do dai.
&, Chon dép an @ ................................................................................................................
Cau 4 (OH1Y1-3). Hai véc-to bdng nhau khi va chi khi
@ Cung hudng va cung do dai. Cung phuong.
© Cung hudng. @Cc’) cung do dai.
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@ Loi giai.
Hai véc-to bing nhau khi va chi khi ching cting huéng va cung do dai.
& Chon dap A1 (A). ... ..o
Cau 5 (OH1B1-2). Cho 3 diém phan biét A, B, C. Khi d6 khang dinh nao sau day sai?
@ A, B, C thang hang khi va chi khi ABva AC cung phuong.
A, B, C thing hang khi va chi khi ABva BC cung phuong.
@ A, B, C thing hang khi va chi khi AC va BC cung phuong.
(D)A, B, C thang hang khi va chi khi AC = BC.
@ Loi giai. e
A, B, C thing hang khi va chi khi cac véc-to AB, AC, BC déi mot cing phuong.
& Chon dép én @ ................................................................................................................
Cau 6 (OH1B1-2). Ménh dé nao sau day diang?
@ C6 duy nhat mot véc-to cung phwrong véi moi véc-to.
Cé it nhéat hai véc-to cing phuwong véi moi véc-to.
@ C6 vo sb véc-to cling phuwong véi moi véc-to.
@Khéng c6 véc-to cung phuwong véi moi véc-to.
@ Loi giai.
C6 v6 sb véc-to cing phuong véi moi véc-to mot véc-to cho trudce.
& Chon dap An (C).......ooi it
Cau 7 (OH1B1-2). Khéng dinh nao sau day dung?
(A) Hai véc-to @, b béng nhau, ki hiéu @ = b, néu ching cting huéng va cung do dai.
(B)Hai véc-to @, b béng nhau, ki hiéu @ = b, néu chiing cting phwong va cting do dai.
(C)Hai véc-to AB, CD béng nhau khi va chi khi tt gidc ABCD Ia hinh binh hanh.
@Hai véc-to @, b bang nhau khi va chi khi chiing ciing do dai.
@ Loi giai.
Hai véc-to @, b béng nhau, ki hiéu @ = b, néu chiing cting huéng va ciing do dai.
& Chon déap 4n @ .................................................................................................................
Cau 8 (OH1Y1-3). Phat biéu nao sau day ding?
(A) Hai véc-to khong bing nhau thi d dai cuing chting khéng bang nhau.
Hai véc-to khong bang nhau thi do dai ciing chiing khéng ciing phuwong.
@ Hai véc-to bing nhau thi cé gia trung nhau hoéc song song nhau.
@Hai véc-to c¢6 do dai khong bang nhau thi khong ciing huéng.
@ Loi giai.
Hai véc-to bing nhau thi cling phwong nén chiing c6 gia triing nhau hoic song song nhau.
&, Chon dép an @ .................................................................................................................
Cau 9 (OH1B1-2). Khéng dinh nao sau day dung?
@ Hai véc-to cuing phwong v6i mot véc-to thir ba thi cing phwrong.
Hai véc-to cung phuwong véi mot véc-to thir ba khéac 0 thi cung phuong.
@ Véc-to khong la véc-to khong c6 gia.
@Diéu kién da dé hai véc-to bang nhau la chiing c6 do dai bang nhau.
@ Loi giai. R
Hai véc-to cling phuwong véi mot véc-to thir ba khac 0 thi cling phwong.

Qp Chom AP A1 (B). ..ottt

- 2 . N n 7
Cau 10 (OH1B1-2). Cho hai véc-to khong ciing phwong @ va b. Khing dinh nao sau day diang?
-
@ Khéng c6 véc-to ndo cing phuong véi cé hai véc-to @ va b.
oA Az N N e 2 .z —> 7
C6 v s0 véc-to nao cung phwong véi ca hai véc-to @ va b.
7 A , N N T .z - 7
@ C6 mot véc-to nao cung phuong véi ca hai véc-to @ va b.
—
@C(’) hai véc-to nao cung phwong véi ca hai véc-to @ va b.
@ Loi giai.
— —
Vi hai véc-to khong cing phwong @ va b nén khong c6 véc-to nao cing phwong véi ca hai véc-to @ va b.

& Chon dép an @ .................................................................................................................
Cau 11. Cho vecto @ # 0. Ménh d& nao sau day ding?
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(A) C6 vo sb vecto T ma @ = . C6 duy nhat mot @ ma v =
(C) C6 duy nhat mot 7 ma @ = —a. @Hhéng covecto ¥ ndoma v = @.
@ Loi giai.
C6 vo s6 vecto ¥ ma @ = @.
& Chon dép 4n @ .................................................................................................................
Cau 12. Ménh dé nao sau day ding?
@ Hai vecto cting phuwong v6i mét vecto thit ba thi cing phuong.

o8}

Hai vecto cung phuong véi moét vecto thir ba khac 0 thi cung phuong.
@ Hai vecto cing phirong véi mot vecto thit ba thi cing huéng.
@Hai vecto ngugc hudng v6i mot vecto thit ba thi cing huéng.
@ Loi giai. .
Hai vecto ciing phuong véi mot vecto thit ba khac 0 thi cing phuong.
Hai vecto ciing phuong v6i mot vecto thi ba thi cé 'tllé cuing hwéng, cé thé ngwoc huéng,
Hai vecto ngugc hudng véi mot vecto thi ba khac 0 thi cung hudng.
Qs Chon dAp AN (B). .. . vttt
Cau 13. Chon khéng dinh ding trong cac khéng dinh sau.
@ Hai vecto ciing phuwong thi bing nhau.
Hai vecto nguoc huéng thi c6 d6 dai khong bang nhau.
@ Hai vecto ciing phuong va cung do dai thi bdng nhau.
@Hai vecto ciing hudéng va cung do dai thi bang nhau.
@ Loi giai.
Hai vecto ciing huéng va cuing do dai thi bing nhau.
&, Chon dép an @ ................................................................................................................
Cau 14. Cho hinh binh hanh ABC D, trong cac khing dinh sau, hay tim khéng dinh sai?
® A = CB. ® |45 - |8 © 4B = be. ® 8] - |3
@ Loi giai.
Do AD va C'B ngugc huéng nén khong béng nhau. D C

& Chon dap AN (A). ... ..o
Cau 15. Chon khéng dinh ding trong cac khang dinh sau.
(A) Vecto 1a mot duong thing ¢ huéng.
Vecto l1a mot doan théng.
@ Vecto l1a mot doan théng c6 huéng.
@Vector la mot doan thang khéng phan biét diém dau va diém cubi.
@ Loi giai.
Vecto la mot doan thng c6 hudng.
& Chon dap AN (C).......oveieei oo
Cau 16. Cho vecto c6 diém dau va diém cubi trung nhau. Khing dinh nao duéi day sai?
@ Duoc goi la vecto suy bién. Duoc goi la vecto c6 phuong tuy gj.
© Dugc goi la vecto khong, ki hiéu la 0. @ La vecto c6 do dai khéng xac dinh.
@ Loi giai.
Vecto c6 diém dau va diém cubi tring nhau c6 do dai la 0.
& Chon dép én @ ................................................................................................................
Cau 17. Vecto c6 diém dau D va diém cudi E dugc ki hiéu nhu thé nao la ding?
Q) DE. B) ED. © ‘Bﬁ‘ (D) DE.
@ Loi giai. .
Vecto c6 diém dau D va diém cudi E dugc ki hiéu DE.
&, Chon dép an @ ................................................................................................................
Cau 18. Cho hinh vuéng ABC D, khing dinh nao sau day ding?
® 05D ® 17| - 57
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@ AB =CD. @@ va AC cung huéng.
@ Loi giai.
Do ABCD la hinh vuéng nén AB = BC, suy ra ’A—B)‘ = ’B—C’)’ D C

A B

Cau 19. Cho tam giac ABC c6 thé xac dinh dugc bao nhiéu vecto (khéc vecto khong) cé diém dau va diém cubi la
dinh A, B, C?

A2 B) 3. © 4 (D).
@ Loi giai. R
Co | thﬂé(ﬂnlﬁ}uoc 6 vecto (khéac vecto khong) c6 diém dau va diém cubi la dinh A, B, C la cac vecto AB, BA,
AC, CA, BC, CB.
&, Chon dép an @ ................................................................................................................

Cau 20. Cho tam giéc déu ABC. Ménh dé nao sau day sai?

® AF = BT, ®) iC £ BT
@ ‘XE‘ = ‘E@‘ @E@ khong cung phuong BC.
@ Loi giai. o
C6 AB va BC la 2 vecto khong cting phwong nén AC' # BC. C

A B

Cau 21. Khéng dinh nao duwéi day ding?
@ Hai vecto ciing phuong thi cing huédng. Hai vecto cung hudng thi cing phuwong.
@ Hai vecto cung phuong thi cé gia song song nhau. @ Hai vecto cuing huéng thi cé gid song song nhau.
@ Loi giai.
Hai vecto cung hudng thi cting phwong.
Hai vecto cuing phuong thi cing huéng hoédc ngugc hudng.
Hai vecto cuing phuong thi c6 gid song song nhau hoac triing nhau.

Qp Chon AP A1 (B). .. e ettt e e
Cau 22. Cho ba diém A, B, C khong thdng hang, M la diém bét ki. Ménh dé nao sau day la diung?

(A)VM, MA = MB. (B)3M, MA=MB = MC.
(© VM, MA + MB + MC. (D)3M, MA = MB.
@ Loi giai.

Do 3 diém A, B, C khéng thing hang nén véi M 1a diém bat ki ta c6 MA # MB # MC.
& Chon dap AN (C).......oveeee oo

Cau 23. Cho hai diém phan biét A, B. S6 vecto (khéc 0) c6 diém dau va diém cuéi lay tir céc diém A, B la

@) 2. B)6. ©13. (D)12.
@ Loi giai. L
C6 2 vecto c6 diém dau va diém cubi lay tir cac diém A, B la AB va BA.
Cau 24. Cho tam giédc déu ABC, canh a. Ménh dé nao sau day dung?

®iC=a ® [10| - B

@ ‘A_B>’ = a. @E cung hudng vai BC.
@ Loi giai.
C6|AB| = 4B =a. o
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&, Chon dép an @ .................................................................................................................
Cau 25. Goi C la trung diém ctia doan AB. Hay chon khéng dinh ding trong céc khéng dinh sau.

@ CA=CB. AB va AC cung huéng.
@ ABvaCB nguoc huéng. @ ‘E‘ = OB.
@ Loi giai.
C6 AB va AC cung hudng. a C B

Qe Chon dAp A1 (B). ... ettt
Cau 26. Khéng dinh nao duéi day diang?

(A) Hai vecto @ va b goi la bing nhau, ki hiéu @ = b, néu chting cting phuong va cting do dai.

Hai vecto AB, CD goi la bing nhau khi va chi khi t& gid&c ABCD Ia hinh binh hanh.

@ Hai vecto AB, CD goi la bang nhau khi va chi khi ttr gidc ABC'D la hinh vuéng.

(D)Hai vecto @ va b goi 1a bing nhau, ki hidu @ = b, néu chiing ciing huéng va ciing do dai.
@ Loi giai.
Hai vecto @ va b goi 1a bing nhau, ki hiéu @ = b, néu chiing cting hwéng va ciing do dai.
&, Chon dép an @ ................................................................................................................
Cau 27. Cho tt gidc ABCD. Cé thé xéc dinh dugc bao nhiéu vecto (khac 0) 6 diém dau va diém cuéi la cac diém
A, B,C, D?

A 4. B) 8. © 10. D)12.
@ Loi giai.
C_é)thé_xiic - dinh duoc 12 vecto (khac 6) c6 diém dau va diém cubi la cac diém A, B, C, D 1a cac vecto A—B: A—C: E,
BC, BD, CD va cac vecto dbi ctia chiing.

&, Chon dép an @ ................................................................................................................

Cau 28. Chon khéng dinh ding nhét trong c4c khéng dinh sau
@ Vecto l1a mot doan théng c6é dinh huéng.
Vecto khong la vecto c6 diém dau va diém cubi tring nhau.
(C) Hai vecto bing nhau néu chiing c6 cing hwéng va cing dé dai.
@Cé 3 phuong 4n trén déu dung.
@ Loi giai.
Vecto la mot doan théng c6 dinh huéng.
Vecto khéng la vecto ¢6 diém dau va diém cubi trung nhau.
Hai vecto bdng nhau néu ching c6 cling huéng va cting do dai.
& Chon dép an @ ................................................................................................................
Cau 29. Cho ba diém A, B, C phan biét. Khi d6
(A) Diéu kién can va di dé A, B, C thang hang la AC ciing phuong véi AB.
Diéu kién dit dé A, B, C thang hang la CA ciing phuong véi AB.
(C) Diéu kién can dé A, B, C thang hang la CA ciing phuong véi AD.
@Diéu kién cAn va dit & A, B, C théng hang 1a AB = AC.
@ Loi giai. R N
Diéu kién can va di dé A, B, C thdng hang la AC ciing phuong véi AB.
& Chon dap AN (A).......oeeeee e
Cau 30. Cho doan thang AB, I la trung diém ctia AB. Khi d6

@B—j:ﬁ B_I)cimghu'c'mgA_B}. ©’B_I>’:2‘I_A>’ @’B_f’:‘ﬁ)
@ Loi giai.
Do I la trung diém AB nén I A = I B, suy ra ‘B_jz‘ = ‘ﬂ)‘ " 7 B

&, Chon dép an @ ................................................................................................................
Cau 31. Cho tam gidc déu ABC. Ménh dé sau day la sai?

(A) AC + BC. (B) AB = BC.

@ ‘A_B” = ’B_C:‘ @A—C) khong cung phuong BC.
@ Loi giai.
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Do AB va AC khong cuing phuwong nén AB # BC. C

B Chomn dap AN (B). .. e ittt
Cau 32. Cho hinh binh hanh ABCD. Céc vecto dbi cta vecto AD Ia

(& 4D, BC. ®) BB, AC. © DA, OB, ©) 1B, CF.
@ Loi giai. . . .
Cac vecto déi ctia vecto AD la vecto DA va vecto CB. D C
A B

& Chon dép an @ .................................................................................................................
Cau 33. Cho lyc gidc déu ABCDEF tam O. Ba vecto bang vecto BAl

(A OF, DE, OC. (B) CA, OF, DE. (© OF, DE, CO. (D)OF, ED, OC.
@ Loi giai. e
Céc vecto bing vecto BA la DE, OF, CO. E D
F C
A B

& Chon dap An (C).......ooi it
Cau 34. Khéng dinh nao duéi day la sai?

(A)Mbi vecto déu c6 mot dé dai, d6 1a khoang céch gitta diém dau va diém cubi ciia vecto do.

Do dai cta vecto @ duoc ki hiéu 1a | ).

©|Pa| - Pa
(D)|AB| = AB = BA
@ Loi giai.

‘F@‘ khac ZBZj do vecto la mot doan thang dinh huéng con dé dai vecto la do dai doan thang néi diém dau va diém

cudi vecto doé.

& Chon dép 4n @ .................................................................................................................
Cau 35. Cho céc khéng dinh sau

(@) Tt gidc ABCD la hinh binh hanh khi va chi khi AB = CD.

@) Tt gidc ABCD la hinh binh hanh khi va chi khi AD = CB

(3) Néu AB = DC thi tt gidc ABCD la hinh binh hanh.

@) Néu AD = CB thi 4 diém A, B, C, D theo thtt ty Ia 4 dinh ciia hinh binh hanh.

Hoi c6 bao nhiéu khang dinh sai?

@1 ®)2. © 3. D)4.

@ Loi giai.
(@) Tt gidc ABCD la hinh binh hanh khi va chi khi AB = DC.
() Tt gidc ABCD la hinh binh hanh khi va chi khi AD = BC.
(3) Néu AB = DC thi tit gidc ABCD la hinh binh hanh (dting).
@) Néu AD = BC thi 4 diém A, B, C, D theo thtt ty Ia 4 dinh ciia hinh binh hanh.
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Vay khéng dinh 1, 2, 4 sai.
&, Chon dép an @ .................................................................................................................

Cau 36. Cau nao sai trong céc cau sau day?
7 —>
(A) Vecto déi ctia @ # 0 la vecto nguoc huéng véi @ va c6 cing do dai véi vecto @.
L — —
Vecto doi cia 0 la vecto 0.
A NI IS A ~ Nz iR Ae T A LR AR TN AT AN
@ Néu M N la mot vecto da cho thi véi diem O bat ky ta luén c6 thé viet M N = OM — ON.
@Hiéu ciia hai vecto 1a téng ctia vecto thir nhét véi vecto d6i ctia vecto thit hai.
@ Loi giai.
A TTNF TN A ~ S e iR Ry T A LR AL ATN AN AT
Néu M N la mot vecto da cho thi véi diem O bat kjj ta ludén c6 the viet MN = ON — OM.
& Chon dép 4n © .................................................................................................................

Cau 37. Cho ba diém M, N, P théng hang, trong d6 diém N nam giita hai diém M va P. Khi d6 c4c cip vecto nao
cung huéng?

(A) MP va PN. (B) MN va PN. (©NMvaNP. (D) MN va MP.
@ Loi giai.
Cap vecto M N va MPla cung hudéng. M N P
& Chon dap A0 (D) ... ..o
Cau 38. Cho luc gidc déu ABCDEF tam O. Cac vecto déi cia vecto OD la
()04, 00, 57, 0B ® 04, 00, 7, 0B, D
© 04 DO 2T CB.DA ©)D0, 27, 08 B¢
@ Loi giai. I
Céc vecto déi cta vecto OD la DO, OA, CB, EF. E D
F C
A B
& Chon dap AN (A). ... ..o
Cau 39. Cho hinh binh hanh ABGE. Déng thitc nao sau day ding?
® Fi- 5C. ®iC - BE, © A - BE ©Fi-cE
@ Loi giai.
Do BA va GE cung huéng va BA = GE nén BA =GE. E aq
A B

& Chon déap 4n @ ................................................................................................................

Cau 40. S6 vecto (khéc 0) c6 diém dau va diém cubi lay tir 7 diém phan biét cho truéc (3 diém bét ki khong théng
hang) la

A 42. B) 3. ©o. (D)27.
@ Loi giai.
S6 vecto (khéc 0) c6 diém dau va diém cuéi lay tir 7 diém phan biét cho truée (3 diém bét ki khéng théng hang) la
2. C2 = 42 vecto.

& Chon dap AN (A). ... ..o

Cau 41. Cho t& giac ABCD. Goi M, N, P, Q lan luot la trung diém ctia AB, BC, CD, DA. Trong céac khang dinh
sau, hay tim khéng dinh sai?

® 3N - QP ® 3G - NP, ©|Pd|-|wR[.  ®©|ww|-|ac]
@ Loi giai.
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C6 M, N lan luot la trung diém ctia AB va BC. Suy ra M N la duwong trung C
1 — —
binh trong AABC. Vay MN = ZAC hay ‘MN| ” |ch.

&, Chon d4p an @ ................................................................................................................

Dy AN TEX DC ToAN 10 - MARIE CURIE
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@ TONG VA HIEU CUA HAI VECTO

(A) TOM TAT LY THUYET
@ TONG CUA HAI VECTO

e Qui tic ba diém: Véi ba diém bat ki A, B, C ta cé CB=CA+ AB.

e Quy téc ba diém con dugc goi la hé thitc Charles diing dé cong cac vecto lién tiép, c6 thé mé rong cho truong hop
nhiéu vecto nhu sau:

A1 Ay = A1 Ag + AAs+ -+ A1 A

— — - (AB=DC
e Quy téc hinh binh hanh: Cho ABCD la hinh binh hanh thi AC = AB + AD va {E B
A D
e Chi j: Quy téc hinh binh hanh diung dé cong céc vecto chung goc.
o C4c tinh chét:
o T+b="b+7. o (Z+0)+2=a+(0+2). o T+0=0+a=71.

@ HIEU CUA HAI VECTO
o Vecto dbi ciia vecto @, ki hiéu la —@.
e Téng ciia vecto @ véi vecto déi —@ la vecto 0. Nghiala @ + (—@) = 0.
e Véiba diém A, B, C bit K, ta luon c6 AB = CB — CA.
Luru §j. Vecto déi ciia vecto AB la —AB = BAViAB+BA=0.

CAC DANG TOAN VA Vi DU

@© Dang 1. Chitng minh déng thitc vecto

Ta sir dung céc quy tic sau.
@ Quy téc ba diém: AB = AC + CB, chen diém C.
® Quy téc ba diém (phép trir vecto): AB = CB — CA, hiéu hai vecto ciing gbc.
® Quy téc hinh binh hanh: Véi hinh binh hanh ABCD, ta luén c6 AC = AB + AD.
Chu y: Vé mat thyc hanh, ta c6 thé Iya chon mot trong céc huéng sau dé thuc hién bién doi.
® Huoéng 1: Bién dbi mot vé thanh vé con lai (Vé trdi (VT) = Vé phai (VP) hodc nguoc lai).

o Néu xuét phét tir vé phitc tap, ta can thirc hién don gian biéu thirc.

o Néu xuét phét tir vé don gian, ta cn thirc hién viéc phan tich vecto.
® Huoéng 2: Bién dbi twong duong déang thitrc can chirtng minh vé mot dang thic da biét 1a luén ding.

® Hudng 3: Bién déi déng thirc da biét Ia luon ding thanh déng thirc cin chitng minh.
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& Vidu 1. Cho tt gidc ABCD. Chting minh réng AB + CD = AD + CB.

@ Loi giai.
Ta cé e
AB = AD + DB
CD=CB+BD
Khi d6
AB+CD = AD+CB+ DB+ BD
%‘f_/
0
— AD+CB.

SuyraA—B>+C—D):A—D>+C—B).

& Vi du 2. Cho hinh binh hanh ABC'D va diém M bét ki. Chirng minh MA + MC = MD + MB.

@ Loi giai.
Ta c6 N N
MA=MD+ DA
MC=MB+BC'

B C
A D
Khi dé

MA+MC = MD+ MB+ DA+ BC
N———

—

0
MD+MB (Do ABCD la hinh binh hanh) .

Suyram—l—]\TC):MD—i-MB.

& Vidu 3. Cho tt gidc ABCD. Chitng minh rang.
a) AB—AD =CB — CD.
b) AB — DC = AD — BC.

@ Loi giai.
a) Taco
AB- 4D —CE-CD
& DB - DB (lu6n dung) .

Vay AB — AD = CB - CD.

b) Taco — — — — — — — —
AB—-DC=AD+DB—-DB—-BC=AD - BC.

Vay AB - DC = AD — BC.

& Vi du 4. Cho hinh binh hanh ABCD c6 tam O. Ching minh DA — DB = OD — OC.
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@ Loi giai.

Ta c6 o
DA-DB=BA4
OD-0C =CD —~ DA-DB=0D-0C.
BA=CD  (do ABCD la hinh binh hanh)

Vay DA~ DB = 0D - OC.

© Dang 2. Tinh dé dai cia vecto téng

@® Bién dbi vecto tong, hiéu da cho thanh mét vecto duy nhéat. Tim d6 dai cta vecto dé.

@ Diing dinh nghia dyng vecto téng bang hinh vé. Tinh dé dai.

& Vidu 1. Cho tam giac ABC déu, canh béng 10. Tinh d¢ dai céc vecto AB + BCva AB — AC.

@ Loi giai.
e Tinh d6 dai vecto AB + BC.
Ta c6 A—B)—i—B—C):A—)C.Suyra ’A—B)—i—B—C’)) = ‘A_C)‘ = AC = 10.

e Tinh d6 dai vecto AB - AC.
Tacézél_B)—zél—)C’:C’_B).Suyra‘zél_B)—zél—C’)‘ = ’C’—B>‘ = CB = 10.

&ﬁdu 2;>Ch0 tam giac ABC vudng tai A, c6 canh AB = 5 va AC = 12. Tinh d¢ dai cac vecto AB + AC
va AB — AC.

@ Loi giai.

e Tinh d6 dai vecto AB - AC.
Tacézél_B)—zél—C’):C’_B).Suyra‘zél_B)—zél—)C‘ = ’C’_B>‘ =CB=+VAB?+ AC? = 13.

e Tinh do dai AB + AC.

Goi M la trung diém ctia BC, D la diém déi xting ciia A qua BC. Cf D
Khi d6 tt gidc ABDC la hinh chir nhat.
Rhidé6tacé AB + AC = AD. "
Suy ra )AB + AC” = ‘AD‘ — AD = BC = VAB? + AC? = 13.
A > B

(C) BAI TAP TU LUAN
Bai 1. Cho hinh binh hanh tdm O. Chirng minh rang.
a) DA-DB+DC =T0.
b) OA+OB+0C+0D=70.
@ Loi giai.

a) Taco

BA+CD

= 0 (do ABCD la hinh binh hanh) .

DA — DB+ DC
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b) Ta c6

OA+O0B+0C+0D = OA+0C+0B+0D
= 0 (do ABCD la hinh binh hanh) .

A

Bai 2. Cho 4 diém A, B, C, D tuy . Chitng minh réng.
a) AB+CD = AD + CB.
b) AC + BD = AD + BC.

o) AB - CD — AC — BD.

@ Loi giai.
a) Taco o
AB=AD+ DB
{Cﬁzﬁﬁﬂﬁﬁ'

Khi d6

AB+CD = AD+DB+CB+BD
— AD+CB+ DB+ BD
— AD+CH (V\ID_B’+E5=6).
Vay AB+CD = AD + CB.
b) Ta c6
AC = AD + DC
BD=BC+CD
Khi dé
AC+BD = AD+DC+BC+CD
AD+BC+DC+CD
AD + BC (\hD_C’+C_15=6’).

Vay AC + BD = AD + BC.

c) Taco
AB=AC +CB
CD=CB+BD’
Khi dé
AB-CD = AC+CB-CB-BD
— AC-BD.

Vay AB — CD = AC — BD.

Bai 3. Cho 5 diém A, B, C, D, E tuy . Chirtng minh rang.
a) AB+CD+EA=CB+ED.

b) CD+ EA=CA+ ED.

@ Loi giai.

B


https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

& | D an TgX DC Toan 10 - Marie Curie

a) Taco .
AB=AD+ DB
CD=CB+BD.
EA=ED+ DA
Khi d6

AB+CD+FEA = AD+DBE+CB+BD+ED+ DA
CB+ED+AD+ DA+ DB+ BD
— CB+ED (\hﬁ+ﬂ:6’véﬁ+ﬁ5:6’).

Vay AB+CD+EA=CB+ ED.
b) Ta c6 L
CD=CA+ AD
EA=FED+ AD
Khi dé
CD+EA = CA+AD+ED+ DA
— CA+ED (ViZﬁJrD?i:U).

Vay CD + FA = CA + BD.

Bai 4. Cho 6 diém A, B, C, D, E, F. Chirng minh rang,
a) AB+CD = AD + CB.

b) AB — CD = AC + DB.

¢) AD+ BE + CF = AE + BF + CD.

d) Néu AC = BD thi AB = CD.

@ Loi giai.
a) Taco L
AB=AD+ DB
{@:@?ﬂﬁﬁ'

Khi d6

AB+CD = AD+DB+CB+BD
— AD+CB+ DB+ BD
— AD+CH (\/\117_B’+E5=6).

Vay AB +CD = AD + CB.

b) Ta c6
AB-CD = AC+CB-CD
— AC + DB.
Vay AB — CD = AC + DB.
c) Taco
AD+BE+CF = AE+ED+BF+FE+CD+DF
— AE+BEF+CD+ED+DF+FE
= AE+BF+CD+EF+FE

= AE+BF+CD <Viﬁ+ﬁ=6).
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d)
Ta cé A_C>:B—D)
& AB+BC=BC+CD
& AB=CD.

Suy ra diéu phai chitng minh.

Bai 5. Cho 7 diém A, B, C, D, E, F, G. Chitng minh rang.
a) AB+CD+ EA=CB+ ED.
b) AB+CD+EF + GA=CB+ ED + GF.
¢) AB-AF +CD - CB+EF —ED = 0.
@ Loi giai.
a) Taco
AB+CD+FEA = AC+CB+CE+ED+EA
= CB+ED+AC+CE+EA
CB+ED (\ﬁ14_c*’+c_1§+ﬁ:6’).
Vay AB+CD+ EA=CB+ ED.
b) Ta c6
AB+CD+EF+GA = AC+CB+CE+ED+EG+GF +GA
— CB+ED+GF+AC+CE+EG+GA
= CB+ED+GF+AE+EA
— CB+ED+GF (\hﬁﬂ@l’:ﬁ’).
Vay AB+CD +EF+GA=CB+ED +GE.
c) Taco
AB-AF+CD—-CB+EF-FED = FB+BD+DF
FD + DF
0.

Vay AB — AF + CD - CB+ EF —ED = 0.

Bai 6. Cho tam giadc ABC vuong tai A c6 AB = AC = 2 (cm). Tinh ‘E + /Td‘
@ Loi giai.

Goi M la trung diém cta BC, D la diém déi xtimg ctia A qua BC. c
Khi d6 t gidc ABDC la hinh vu6ng.

Rhi dé6 tac6 AB + AC = AD.

Suy ra ‘ﬁ+@‘ = ‘Xﬁ‘ = AD = BC = vVAB? + AC? = 2¢/2.

Cau 1. Cho déu canh a, trong tam G. Tinh céc gid tri ctia cac biéu thirc sau:
a) ‘XE_Z@‘. b) ‘XEJFZ(?). o) (5§+56’.

@ Loi giai.
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a) AB - AC :'C—B)):C’B:a.
b) |AB + AC :2‘[]":214[:(“/3

s N 1 A B
o) |GB+GC :2‘(;1‘ :2GI:2.§.CL2£:¥.

Cau 2. Cho hinh chir nhat ABCD ¢6 AB = 5(cm), BC = 10(cm). Tinh |AB + AC + AD|?
@ Loi giai.

‘E—i—ﬁ—i—A—D)‘:’E—i—@—i—m‘:‘ﬁ—&—A—C)':QAC:\/m:\/@:&/S

Cau 3. Cho vudng tai A c6 B = 60°, BC = 2(cm). Tim |AB|,|AC|,|AB + AC|,|AC — AB|?

@ Loi giai.

5 1

AB’:AB:BC.cos60°:2.f:1. c

%m

A_O” = AC = BC.sin60° = 2.°° = V3.
E+TC":2‘E‘:2AI:BC:2. I

Z@—XE‘:‘E@):BO:Q.

A B

Cau 4. Cho vuéng tai B c6 A = 30°, AB = a. Goi I la trung diém ctia AC . Hay tinh |A_C”|, |1?I)|, |A—B>+A—C>|, |B—C’)\‘?
@ Loi giai.

— AB 2(1\/5
‘AC’ =40= cos300 3

‘Zﬁ] — Al = %AC: “—*3/3

>

2

— AB B C
B ‘:B T
‘ Cl=BC=g5pm =2 M

Cau 5. Cho hinh thang vuong tai A va D ¢c6 AB = AD = a, C = 45°. Tinh ’C'_ﬁ’ , ‘3—15‘7

@ Loi giai.

Goi I 1a hinh chiéu cta B lén CD. a
Ta c6 ABID la hinh chit nhat va c¢6 2 canh ké bdng nhau nén la hinh vuéng. |
Suyra DI = BI = AB=AD =a. @
Lai c6 tam gidc BIC' la tam gidc vudng c6 géc C = 45° nén tam gidc BIC la tam giac
vuong can. Suyra IC = IB = a. D
‘C—D) ‘ =CD = 2a.

BD‘ = BD = a/2 dudng chéo hinh vuéng.

— — — — — —
0O

Cau 6. Cho hinh binh hanh ABCD va ACEF .
a) Dung céc diém M, N sao cho EM = BD, FN = BD.
b) Chitng minh CA = MN.

@ Loi giai.
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a) Dung céc diém M, N sao cho EM = BD,FN = BD
Ta dung cac diém M sao cho BDM E 1a hinh binh hanh.
Diém N sao cho NDBF la hinh binh hanh.

b) Ching minh CA MN
Tacé: EM = BD va FN = BD nén EM FN.
Suy ra EM N F 1a hinh binh hanh. Suy ra MN EF.
Lai c6 ACEF' 1a hinh binh hanh nén CA=EF.
Vay MN =CA

Cau 7. Cho tam gidc ABC' .

a. XéCdil’théCdiémDVéES(’iOChOZA—D):A—B)+14_C:Vf:1ﬁ:B_J4>+B_C:.

b. Chitng minh C la trung diém cta doan thang ED.

@ Loi giai.
C

a. Xac dinh céc diém D va F sao cho: AD = AB + AC va BE = BA+ BC.

Ta dung cac diém D sao cho ABDC la hinh binh hanh.

Diém E sao cho BAEC la hinh binh hanh. A B
b. ABDC la hinh binh hanh nén AB = CD.

ABCE la hinh binh hanh nén AB = EC.

Vay EC = CD nén C la trung diém ED.
Cau 8. Cho hinh binh hanh ABCD.
a. Hay xac dinh céc diém M, P sao cho AM = DB, MP = AB.
b. Chttng minh rang B la trung diém cta doan thang DP.
@ Loi giai.

D C

a) Hay xé4c dinh cac diém M, P sao cho AM = D—B)7 MP = AB.

Ta dyng cac diém M, P lan luot sao cho AM BD, AM P B la hinh binh hanh.
b) Chtirng minh réng B la trung dlem ctia dogn thdng D P. A B

AM P B 1a hinh binh hanh nén AM BP.

Theo d& AM = DB nén BP = DB. Suy ra B la trung diém cita doan thing

DP. p

Cau 9. Cho 4 diém A, B, C, D . Chitng minh réng: AB = CD & AD va BC c6 cung trung diém.

@ Loi giai.

AB = CD < ABDC la hinh binh hanh < AD va BC cét nhau tai trung diém ctia méi C D
duong.

A B

Cau 10. Cho tam gidc ABC. Bén ngoai tam gidc vé cac hinh binh hanh ABIJ, BCPQ,CARS. Chitng minh RJ +
I Q +P8=70
@ Loi giai.
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RI+IQ+PS=RA+AJ+IB+BQ+PC+CS
= (RA+CS)+ (AJ+1IB)+ (BG+PC) =T

Cau 11. Cho ba luc Z*T)’l = m, E’ = MBva 1?3) = MC cung tac dong vao mot vat tai diém M va vat ditng yén. Cho
biét cwong do cia F, Fy déu la 100 N va AMB = 60°. Tim cwong do va huéng ciia Fs.
@ Loi giai.
Goi D la diém sao cho ADBM 1a hinh binh hanh. I'la trung dlem MD. fo
VatdungyennenMA+MB+MC’— 0« MD+MC=0.
Do dé M la trung diém ctia CD.

V3

Ta c6 tam gidc AM B déunén MD = 2MI = 2-100 - 5 = 100+/3.
Vay cuong dé ctia F bang 100v/3 va F c6 huéng ngwoc hudng véi MD.

(D) CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Chon phat biéu sai?
@ Ba diém phan biét A, B, C thang hang khi va chi khi AB = k;B_C}, k #0.
Ba diém phan biét A, B, C' thing hang khi va chi khi AC = kBC, k # 0.
(C)Ba diém phan biét A, B, C théng hang khi va chi khi AB = kAC, k # 0.
(D)Ba diém phan biét A, B, C thang hang khi va chi khi AB = kAC.
@ Loi giai.
Ba diém phan biét A, B, C théng hang khi va chi khi AB = kAC Ia dap 4n sai trong truong hop £ = 0 tic bai toan
chi con hai diém A, C do A, B trung nhau.

&, Chon dép an @ ................................................................................................................

Cau 2. Diéu kién nao duéi day la diéu kién can va da dé diém O la trung diém cta doanAB.

(A)OA = OB. (B) OA = OB. (©) 40 = BO. (D)OA + OB = 0.
@ Loi giai.
O la trung diém ctia doan AB < OA+0B=0. Ie)

& Chon dép an @ ................................................................................................................
Cau 3. Cho ba diém A, B, C phan biét. Dang thtrc ndo sau day la déng thirc sai?

M AB+BC-4C. B CA+AB-BC.  (©QBA+AC-BC.  (D)AB-AC-CB.
@nglal
CA+AB=BCh khéng dinh sai do CA+ AB =CB. C

Qe Chon dap A1 (B). ... ieeit et

Cau 4. Cho hinh binh hanh ABCD véi I 1a giao diém ctia hai duong chéo. Khéng dinh nao sau day la khing dinh
sai?

®7A+IC—T. ® AT = BT, © AC - BD. ©)AB + 4D  AC.
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AC = BD la khéng dinh sai do hai vec-to nay khong cung phuong nén C
khong béng nhau. D~ :

A I B
& Chon dap AN (C).......ovvieee oo

Cau 5. Cho tam giac ABC' déu c6 do dai canh bing a. D9 dai AB + BC béng
@ a. @ 2a. © av/3. aé‘
@ Loi giai.
‘E+§7’(:]ﬁ):Acza. c

&, Chon dép an @ .................................................................................................................
Cau 6. Cho tam giacABC, trong tam la G. Phat biéu nao la ding?
(A) AB + BC = |AC)|. B) |GA| + |GB| + |GC| = 0.
(©) |AB + BC| = AC. (D)|GA+GB+GC| =o0.
@ Loi giai.
GA+GB+GC =0 = CT4’+@’+G_C”=‘6‘=0. c
G
A B
& Chon dép én @ ................................................................................................................
Cau 7. Diéu kién nao duéi day la diéu kién can va da dé diém O la trung diém ctia doan AB .
(A)OA = OB. (B) OA = OB. (©) 40 = BO. (D)OA+ OB = 0.
@ Loi giai. .
O la trung diém ctia doan AB < OA+ OB = 0. o
A «——— 5 B
&, Chon dép an @ ................................................................................................................
Cau 8. Cho hinh binh hanh ABC D. Déng thitc nao sau day dung?
(M) AB + AD = CA. (B) AB + BC = CA. (O BA+AD = AC. (D) BC + BA = BD.
@ Loi giai. .
ABCD la hinh binh hanh khi BC + BA = BD C
D ~ :
A ! B
&, Chon dép an @ ................................................................................................................

Cau 9. Cho tam gidc ABC vuong tai A c6 AB = 3; BC = 5. Tinh ‘A—B) + B—C)‘
A 3. B) 4. ©s. (D).
@ Loi giai.
Taco [4B + BC| = |AC| = ac.
Ap dung dinh I Pi-ta-go cho tam giac ABC vuéng tai A, ta dugc AC = /BC? — AB? = /52 —32 = 4.
B Chom dap A0 (B). ... e ettt

Cau 10. Cho tam giac ABC déu c6 do dai canh béing a. Khi d6 ‘A—é +BC ‘ béng
@ a. @ 2a. © av/3. aé‘
@ Loi giai.
Ta c6 ’A—B)—l—B—C)‘ = 'A—d‘ =AC =a.
& Chon dap AN (A). ... .o
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Cau 11. Cho bén diém A,B,C,D phan biét. Khi d6 AB-DC +BC — AD béng véc-to nao sau day?
®T ® 5D ©Ic. 6250
@ Loi giai.
Toc6 B - BC + BC — A — (A6 + BC) — (AB+ DT) — A~ 40— .
& Chon déap 4n @ .................................................................................................................

Cau 12. Cho tam gidc ABC. Goi M, N, P lan luot la trung diém cac canh AB,AC,BC. Khi d6 MP+NDP béng véc-to
nao sau day?

on ® PE. © AP ) V.

@ Loi giai.

Ta c6 M P va NP lan luot la cac duong trung binh cta tam giac ABC. A
Khi d6 AM PN la hinh binh hanh nén suy ra /
MP+ NP =—(PM+PN) = —PA = AP. y N
B P C
& Chon dap AN (C)..... ..o
Cau 13. Cho lyc giac déu ABCDEF va O la tam cta n6. Déng thirc nao sau day la ddng thirc sai?
(A OA+0C+0OE=70. (B) BC + FE = AD.
(© 04+ 08 +0C - BB, (D)4 + G + FE - 7.
@ Loi giai.
Ta c6 ABCDEF lalyc gidc déu nén O la trung diém ctia cac dwong chéo AD,BE,C'F B A
va cac tam giac tao béi cac duong chéo nay la céc tam gidc déu.
e ABCO la hinh thoi nén O4 + OC + OE = OB + OE = 0.
e ABCO va FODE la hinh thoi nén BC + FE = AC + OD = AD. ¢ F
e ABCO la hinh thoi nén OA + OB + OC = OB + OB = 20B = EB.
e Ta c6 OBCD la hinh thoi, khi d6 D E
AB+CD + FE = AB+ BO + AO = AO + AO = 240 # 0.
Vay déng thirc sai la AB+CD+FE = 0.
&, Chon dép an @ ................................................................................................................
Cau 14. Cho hinh vuéng ABCD canh a. Tinh ‘A_é +AC + E‘
@ 2a\/§. @ 3a. © a\/g. @ 2a.
@ Loi giai.
Ta c6 ABCD la hinh vuéng canh a nén A B
|4B + AC + AD| = |24C| = 24C = 2/4B? + AC® = 2aV2.
D C

& Chon dap AN (A). ... .o

Cau 15. Cho AABC vuéng tai A vacé AB = 3, AC = 4. Vécto CB + AB c6 o dai bang

@ V13, 2/13. ©2v3. D) V3.
@ Loi giai.
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Goi M 1a trung diém cua AC. Khi d6 ta c6 B
‘C_B’Jr@‘ = ‘f(B_C%ﬂ)‘ = ‘fQW‘ = 2BM.
Xét AABM vuong tai A c6 AM = % =2taco
BM = \/AB2 + AM?2 = /32 + 22 = /13.

Vay ‘C_B’ + ﬂ}” — 2V/13.
Qe Chon dAp A1 (B). ... ettt
Cau 16. Cho hinh vuéng ABCD c6 canh bang a. Khi d6 ’A—B) + E’ béng

@ av/2. GT\/?. @ 2a. @ a.
@ Loi giai.
Ta ¢6 ’ﬂe’%ﬁ’ - ’A_C:’:AC:\/AB?—i-BC?:a\/Q " B

& Chon dap AN (A). ..o
Cau 17. Cho hinh vuéng ABC D c¢6 canh béng a. Khi dé ’A—B> +AC ’ bang
av/b av/3 av/3
® = ® - © = ©avs.

3
@ Loi giai.
Goi M la trung diém BC. Khi d6 ta c6 A B

‘EB’+ A_c" - ‘zmj = 2AM = 2\/AB? + BM? = 2/ a2 + (g)2 — av/5.

&, Chon dép an @ ................................................................................................................
Cau 18. Cho hinh chit nhat ABCD, biét AB = 4a va AD = 3a. Khi d6 dé dai ciia AB + AD bang

@ 7a. @ 6a. © 2a+/3. @ oa.
@ Loi giai.
Ta co A B

‘E+ E‘ - ‘A_C" = AC = \/AB? + BC? = \/(4a)? + (3a)? = 5a.

& Chon dap &0 (D) ..o
Cau 19. Cho hinh chit nhat ABCD, goi O la giao diém ctia AC va BD. Phat biéu nao la ding?

&) 04 = 0B = 0C = OD. ® AC = BD.

©|04+0B+0C +0D| = 7. (D)AC — AD = AB,
@ Loi giai.
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A B
e “OA =0B = 0C = 0D 1a sai vi céc véc-to O_A:O—B:O—)C,O—D) khong cung phuong
v6i nhau.
o “AC = BD" lasai vi ching khoéng cling phuwong véi nhau. o
e Ta c6 O la trung diém cta AC va BD nén
D C

’O_A’+O_B’+O_C’+O_D" = ‘6" =0.
Phuong an “’O—fl) + OB + oC + O_D” = 07 lasai vi do dai la mot dai lwong vo
hudng, khong phai dai lugng véc-to.

e Tac6 AC — AD = DC = AB.
& Chon dép an @ ................................................................................................................
Cau 20. Cho 4 diém bét ki A,B,C,0. Dang thitc nao sau day la ding?

BA=0B - OA. OA=0B — BA.
@Lbi@i.

Tacé BC — AC + AB=BC + CA+ AB=BA+AB=T0.
& Chon dAP AN (B).... ... e

Cau 21. Cho hinh binh hanh ABC D, giao diém ctia hai duong chéo 1a O. Tim ménh dé sai trong cdch ménh dé
sau

(A)CO — OB = BA. (B) AB — BC = DB.
(© DA DB =0D - OC. ®) DA+ DB+ DC = 0.
@Laig_iqi.

TacéDA—I—D—B)—i—D—C):D_Bb—i—D—é:QD_B);Af)’.
Cau 22. Cho hinh binh hanh ABCD tam O. Khi d6 OC — OD béng

® OC + OB, ® AB. © OA - OB, ®)CB.
@Loigiai =
Tac6 OC — OD = DC = AB. A B
o
D C

Cau 23. Cho tam gidc ABC, khéng dinh nao sau la ding?
M AB+AC—BC. B AB+BC—AC.  ©AB-AC=BC.  ®)AB - BO - id.
@ Loi giai. L
Ap dung quy tic cong véc-to ta cé AB + BC = AC.
Cau 24. Cho tam giac déu ABC canh a. D6 dai ctia AB+AC I
@ ax/g. aT\/g' © a/6. @ 2a/3.
@ Loi giai.
Goi M la trung diém ctia BC, suyra AM 1 BC.

A
Khi dé ta co
—> —> — a\ 2
’AB + AC‘ - ‘QAM’ — 2AM = 2/AB? + AM? = 21/ a2 + (5) = av/5.
B M

7 e e T £: o T 2 . N A .
Cau 25. Cho @ va b la céc véc-to khac 0 véi @ la véc-to dbi cia b. Khéng dinh nao sau day sai?
— —
(A) Hai véc-to @, b ciing phwong. Hai véc-to @, b ngugc hudng.
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(C) Hai véc-to @, b cung do dai. @ Hai véc-to @, b chung diém dau.
@ Loi giai.
Hai véc-to @ va b khéc 0 la hai véc-to d6i nhau khi chiing cung do dai va ngugc huéng nhau.
& Chon dép 4n @ ................................................................................................................
Cau 26. Cho ba diém phan biét A, B, C. Déng thtrc nao sau day ding?

M CA-BA-BC. B AB+AC-BC.  (©AB+CA—CB. ()AL - BC—CA
@ Loi giai.

@ Tac6 CA— BA=CA+AB=CB.

@ Tac6 AB + AC = 2AM véi M 1a trung diém BC.

@ Tac6 AB+CA=AB - AC = CB

@ Tac6 AB—BC =-BA—BC=— (EZfB‘(?) = —2BM véi M 1a trung diém AC.

& Chon dap AN (C).......ovveee e
Cau 27. Cho AB = —CD. Khéng dinh nao sau day dung?

@ ABvaCD cung huéng. ABvaCD cung do dai.
(©) ABCD 1a hinh binh hanh, (D)AB+DC = 0.
@ Loi giai.

Tacé AB = —CD & AB = DC < ABCD la hinh binh hanh.
& Chon dap AN (C).......vvveeee oo
Céau 28. Tl’nhténgm—l-P_Cj—i-m\f)—i—JV—.P)—i—@
@ ik ® 1N, © 7k 7T
@Loigiai,.
Tacé MN + PQ + EN + NB+ QB = MN + NB+ PO+ QB + RN = MN.
Qs Chon dAp AN (B). .. . vttt
Cau 29. Cho hai diém A va B phan biét. Diéu kién dé I la trung diém AB la
(A IA=1IB. B)TA =TB. (©TA=-IB. (D) AT = BI.
@ Loi giai. . .
Diém I la trung diém AB < [A+IB= 0 & [A=—IB.
& Chon dap AN (C).......vveiee oo
Cau 30. Diéu kién nao la diéu kién can va da dé I la trung diém cta doan théng AB ?
(A IA=IB. B IA+IB=T. ©IA-IB=T. (D)TA =IB.
@ Loi giai. L .
Diém I la trung diém AB < [A+IB= 0 < [A = —IB.
Qe Chon dAp A1 (B). ... ettt
Cau 31. Cho AABC céan tai A duong cao AH. Khéng dinh nao sau day sai?

® 4B = AC. ® AC - _HF. ©|8] - |¢) ©) BC = 211,
@ Loi giai. . .
HC =-HB.
AABC cén tai A c¢6 dwong cao AH = ‘E‘ = ‘A_é‘
BC =2HC.

& Chon dép an @ .................................................................................................................
Cau 32. Goi O la tam hinh binh hanh ABCD. Dang thitc nao sau day sai?

®0i - 07 -1 0% ~0C =07 -0
B?"A'?_AD:DB (D)BC - BA=DC - DA.
01 giai.

Vé6i O la tam hinh binh hanh ABCD ta cé:
@ OA-OB=BA=CD.
@ OB-0C =CB=DA=04-0D.
@ AB-AD = DB.
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®© BC - BA=AC =DC - DA.

Qe Chon dAp A1 (B). ...ttt
Cau 33. Goi O la tdm hinh vuéng ABC D. Tinh OB — OC.

® B¢ ® DA ©0B - 0d ©) 1B
@ Loi giai.
V6i O Ia tam hinh binh hanh ABCD ta c6 OB — OC = CB = DA.
Qe Chon dAp A1 (B). ... ettt
Cau 34. Cong cac véc-to c6 cung do dai 5 va cuing gia. Khing dinh nao sau day diung?
(A) Cong 5 véc-to ta dugc két qua la 0.
Cong 4 véc-to doi mot nguoc hudng ta duge két qua la 0.
(C) Cong 121 véc-to ta dugc két quala 0.
(D)Cong 25 véc-to ta duge véc-to ¢6 do dai la Ta 0.
@ Loi giai.

2 2 —
® Céc véc-to c6 cung do dai 5 va cung gid c6 thé cung huwong nén tong chiing sé khac 0.

® Khi cong 4 véc-to d6i mot nguoc hudng ta dwoc két qua la 0.

Qs Chon dAp AN (B). .. . vttt
Cau 35. Cho bén diém A, B, C, D. Ménh dé nao sau day ding?

(M) AB + CD = AD + CB. (B)AB + BC + CD = DA.
(© AB + BC =CD + DA. (D)AB + AD = CD + CB.
@ Loi giai.

@ Tac6 AB+CD=AD+CB< AB—-AD+CD—-CB=0<DB+BD=0+40=0.
@ Tacé AB + BC +CD = AD = —DA.

® TacéA—B)—l—B—C’):C’_D>+D—A)<:)A—C’):CT4)déngthl’rcnéysai.

3
[\}
b
S
I
ol
3
b
S
Il
ol

@ Tac6 AB+ AD=CD+CB & AB+BC+AD+DC =0 < AC+AC =0
déng thirc nay sai.

& Chon dap AN (A). ... .o
Cau 36. Goi O la tam ctia hinh vudéng ABC D. Véc-to nao trong cac véc-to dudi day bang CA?
® BC + 4B, ® 04+ 0C: ©BA+ DA ©)bC - B
@ Loi giai.
Véi O 1a tam ctia hinh vuéng ABC D ta cé:
@ BC+ AB = AC.
@ -04+0C = AC.
@ BA+DA=CA

® DC - CB=DC - DA = AC.

& Chon dap An (C).......ooi it
Cau 37. Cho tam giac ABC c6 M théa man diéu kién MA +MB+ MC = 0. Xac dinh vi trf diém M

@ M la dinh cda hinh binh hanh ACBM. M la trung diém ctia doan théng AB.
@ M trung C. @ M la trong tam tam giac ABC.
@ Loi giai.

Tac6 MA+MB+MC =70 < Mla trong tdm tam gidc ABC.
&, Chon dép an @ ................................................................................................................
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P

”

P

Cau 38. Cho tam gidc déu ABC c6 canh a. Gi4 tri |A—B> —CA | béng bao nhiéu?

@ 2a. a. @ av/3. a?.
@ Loi giai.
Goi M la trung diém BC.
av'3

Tacé‘fl_B)—CTﬁl)‘:‘/l_B)—i-A_C’)‘=2‘M‘:2-T:a\/§.
QgChQﬂdépéﬂ@ .................................................................................................................

Dy AN TEX DC ToAN 10 - MARIE CURIE
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@ TiCH CUA VEC-TG V61 MOT SO

(A) TOM TAT LY THUYET
@ TiCH CUA MOT 6 BOI V61 MOT VEC-TO

Dinh nghia. Cho mét sé thyc k # 0 va mot véc-to @ # 0.

Tich k - @ 1a mot véc-to c¢6 cung huéng @ va |kd| = k|d| khi k > 0.

Tich k - @ 1a mot véc-to ¢6 nguwgc huéng @ va |kd| = |k|| | khi k < 0.

Tinh chét 1.
@ k(T+ )=k +kb. @ k(ha) = (kh)T.
@ (k+h)-d=kd+ha. ® (-1)d=-71d.
@1-d=71d. @0-3=0.

Dinh li 1 (Diéu kién dé hai vecto ciing phuong).
A A A 3. 22 . > (7 47 N <A . A 2 — e
Diéu kién can va du dé hai vecto @, b ( b # 0) cung phuong la ton tai mot so k de @ = kb.
@ TRUNG DIEM DOAN THANG VA TRONG TAM TAM GIAC

@ Ilatrung diém ciia AB < TA+ B = 0 hay TA = —IB.
@ I la trung diém AB va M la diém bét ki, ta luon c6 OMI = MA + MB.
@ G la trong tam tam gidc ABC va M la diém bit ki < 3MG = MA + MB + MC.

CAC DANG TOAN VA Vi DU

@© Dang 1. Chitng minh déng thikc véc-to

® Quy téc 3 diém: AB = AM + MB, chen diém M.

®© Quy thc 3 diém (phép trir): AD = CB — CA, hiéu hai vec-to cung gbc.

@ Quy thc hinh binh hanh: V6i hinh binh hanh ABCD luén c6 AC = AB + AD.
@ Céach thueong dung: Bién déi mot vé cho dén khi ra vé con lai.

@ Céach bac cau: Bién déi hai vé cho ra cting mot két qua.

& Vidu 1. Cho tam gidc ABC c6 3 trung tuyén la AM, BN, CP. Chirng minh

—> —> —> — — ——— 11—
O AM +BN+CP=0. @AP+BM=§AC.
@ Loi giai.
¢
—> — — 1 /— — — — — —>
@ Tac6 AM + BN +CP = 5 (AB+BA+AC+CA+BC+CB) =
0.
@ &Pléﬁng@cﬁaAEnénﬁ: PB. Khi dé ta c6 AP + BM =
PB + BM = PM. ) N M
Ma PM la duong trung binh trong tam gidc ABC suy ra PM = 521_6
— — 11—
suyra AP+ BM = §AC'
A B
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& Vidu 2. Cho tir gidc ABC'D. Goi I, J 14n luot la trung diém AC, BD. Chtrng minh réng AB+CD = 2IJ.

@ Loi giai.
Ta co D
AB+CD = AJ+JB+CJ+JD
Al +1J+JB+CI+1J+JD

— 9oIJ.

© Dang 2. Xéc dinh diém théa diéu kién cho truéc

@ Bién déi dang thic da cho vé dang AM = ¥, trong dé A la diém c6 dinh, T 1a mot vecto cb dinh.

@ Léy diém A la gbc dung véc-to bang ¥ thi diém ngon chinh la diém M can tim.

& Vidu 1. Cho tam gidc ABC. Hay xac dinh vi tri diém M théa didu kién MA + MB + 2MC = 0.

@ Loi giai.
Ta cé A
MA+MB+2MC=0 o MC+CA+MC+CB+2MC =0
& AMC+CA+CB=70
& 4J\TC’>+QC—’I>:6)(I la trung diém AB) M
o 4CM =201
& CT/I’:EC_*I).
2 C : B

© Dang 3. Chirng minh ba diém théng hang

© Dé chting minh 3 diém A, B, C thing hang, ta ching minh: AB = kAC (1).
Dé nhan dugc (1), ta lya chon mot trong hai huéng sau:
e Str dung céc quy tac bién déi véc-to.

e X4c dinh (tinh) véc-to AB va AC théng qua mot t6 hop trung gian.
Chu 5:

e Dua vao loi binh 3, ta c6 thé suy ludn duoc phat biéu sau: “Cho ba diém A, B, C. Diéu kién can va
da dé A, B, C thdng hang la: MC = oMA + (1- a)MB v6i diém M tuy j va s6 thuc o bat k™.
Déc biét khi 0 < o < 1 thi C € AB. Rét qua trén con duogc st dung dé tim diéu kién ctia tham s

k (hodc m) cho ba diém A, B, C thang ha‘mg

e Néu kh(ﬁg dé nhan thay k trong biéu thirc AB = kAC, tanén quy dong biéu thirc phan tich véc-to

AB va AC' dé tim ra s6 k.

© DE chitng minh AB || CD ta cAn chimg minh AB = kDC.
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& Vi du 1. Cho tam gidgc ABC. Ly diém M trén canh BC sao cho M B = 3MC. Phan tich AM theo cac
véc-to AB va AC.

@ Loi giai.
Ta cé C

AM = AB+BM
= E+%BTJ’(ﬁMB:3MC) M
— 3 — —>
— AB+1(BA+AC’>
= AB-[AB+ [AC

R y: By Ts]
4 4 A

B

B R 2 —
& Vidu 2. Cho tam gidc ABC. Lay diém M trén canh BC sao cho BM = gBC. Phan tich AM theo céac
véc-to A—B: A_é

@ Loi giai.
Ta c6 C

AM = AB+BM
= @+§FC’)(V1BM:§BC)
ey 2 ,—> —y
- AB+§(BA+AO>

= AB+ gAC— §AB = gAB—i- gAC.

A

B

& Vidu 3. Cho hinh binh hanh ABCD. Dat AB = a, AD = 1. Hay tinh céc véc-to sau theo @, b

@) DI véi I 1a trung diém BC. @ AG véi G Ia trong tam tam giac CDI.
@ Loi giai.
D C
G
I
A B
L, > —_— — s 11— . 11— — 1->
a) Taco DI = DC + CI = a+§C’B: a —§BC: a —56.
b) Goi M la trung diém DC, ta c6
3AG = AD+AC + Al

= AD+AD+AB+ AB + BI
—> — 1—>

= 24D +24B + ;BC
—_ —_— 14‘——7

= 24D +24B + ;AD

_ SEHE.
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Suy ra AG = gAD+§ABhagAG: §3+%b.

& Vi du 4. Cho hinh binh hanh ABCD, tam O. Goi M, N theo thit ti 1a trung diém ciia AB, CD va P la
R — 1 — R N
diém thoa man h¢ thiec OP = —gOA. Chitng minh 3 diém B, P, N thang hang.

@ Loi giai.

A B
) <o < o L =3 o= =3 _ 152 X A
Ta c6 CO la duong trung tugen cia tam giac BC'D. Hon nita OP = —gOA < OP = gOC’ suy ra P la trong tam

cua tam giac BCD.
Mit khac BN ciing la duong trung tuyén trong tam gidc BC'D nén B, P, N théng hang.

(C) BAI TAP TU LUAN

R x x — 1—
Bai 1. Cho tam gidc ABC c6 M, D lan luot la trung diém ctia AB, BC va N la diém théa AN = §NC. Goi K la
trung diém coa M N. Hay tinh céac véc-to AR , KD theo AB , A—C) .

@ Loi giai.
Taco 24K = AM + AN = 4B + ;AC = AK = {AB + LAC o
Ta cé
KD = KA+AD=-KA+ AD
- —(—AB+7AC>+7(AB+AC) D
4 6 2 N

l—s 1—
- aBylae
AP *3AC

A M B

Bai 2. Cho AABC, trén hai canh AB, AC lag hai dlem D va E sao cho AD = 2DB; CE = 3EA. Goi M, I lan lugt
1a trung diém cia DE va BC. Hay tinh vecto AM, MT theo AB, AC.
@ Loi giai.

Ta c6 A

—

1 1/2— 1— 1l— 1—
AM =5 (AD+AE) 3 (gABJrZAC) = 3AB + CAC.

E
Ta cé N N
MI=ME+ EC+CI
va —> R ey — D
MI =MD+ DB + BI.
Suy ra
C 5 B

2m:ﬁ+ﬁ@m:%ﬁ+%ﬁ:%@+%ﬁ.

Bai 3. Cho bén diém phan biét A, B, C, D thoa: 9AB + 3AC = 5AD. Chtrng minh B, C, D thang hang.
@ Loi giai.
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Ta cé

9AB + 3AC = 5AD

948 + 3AC —5AD = 0

9AB — 2AD + 3AC —3AD = 0
2(AB - AD) +3(AC-AD) =70
9DB+3DC =0

——

DB = —%D_C’.

r ¢ e

Suy ra ba diém B, C, D thang hang.
Bai 4. Cho AABC, lay diém M, N, P sao cho MB = 3]\TC’, NA +3NC = 0, PA+ PB=0.

@ Tinh ﬁ/[), ﬁ\f) theo A_B: A—C’)

(2) Chitng minh ba diém: M, N, P théng hang.

@ Loi giai.
A
P
B C M
D Ta cé:
MB=3MC < AB-AM = (AC—AM)
o 2AM = —AB + 3AC
o m:_%@’%A—c’.
NA+3NC=0 < —,W+3(A_C)—ﬂ\f):6’
&  —4AN = —3AC
N ﬂv’:%A—c’.
PA+PB=0 o —-AP+AB—-AP=0
& —9AP=—AB
& E:%ﬂa’.
Suy ra

P — mfﬁ:(g@m;@)f%@}@g@;

PN

m_ﬁzgrc’_%ré.

P = — 4B + gA_é .
(2 Tacé N 1, 3_>:>PM:2PN.
PN = —§AB + ZAC
Suy ra hai vecto PM va PN ciing phuong, nén ba diém M, N, P théng hang.
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@)5. Cho AABC c6 hai duong trung tugén BN, CP. Hay biéu thi cac vector E, B_C: CTA> theo cac vector B—N),
CP.

@ Loi giai.

Ta co A

AB = AN+ NB = %A_C)—ﬁ\fz %ﬁqép—c’_ﬁv’: iﬂ?—%c_ﬁ—ﬁv’.

Suy ra P
— 4

2—> e
AB =--CP - -BN.
3 3

Ta lai c6

AC = AP+PC =-AB- P:7<—f P—fBN)— P=—-—-BN—--CP.
C +PC 5 C 5 30 3 C 3 3C’
Khi dé

BC =AC - AB=—--BN — - P—(—f P—fBN):fBN—f P.
¢ ¢ 3 30 30 3 3 30

Bai 6 (0H1B3-4). Cho tam gidc ABC. Goi I, J ndm trén canh BC va BC kéo dai sao cho 2CT = 3BI,5JB = 2JC.
Goi G la trong tdm tam giac ABC.

@ Tinh H,A—j theo E, AC.
(2) Tinh AG theo A—B)7 AC.

@ Loi giai.
(@ Tinh ﬁ,ﬁ theo A‘E, AC.

A
@ Goi E, D lan luot la trung diém BC va AB.
Ta c6
® Tacé D
ﬁ = A_B>-‘v-§[> G
— AB+2BC
g J B I FE C
= AB+5<AC—AB)
33— 22—
= —-AB+ -AC.
5 +5
® Tacé
A] = AB+BJ
2
- AB- B
3 C
— AB- > (ic - 4B)
5— 2—
= -AB—--A
3 3 ¢
(2 Tinh AG theo A—B>7 AC.
Ta co
—_— 2—>
AG = gAE
2 1 /-— —
l— 1—
= -AB+ -AC.
6 +6
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Bai 7 (0H1B3-4_).) Cho AABC c6 G la trong tam tam gidc va [ la diém déi xting ctia B qua G . M la trung diém cta
BC. Hay tinh AI, CI, MI theo AB, AC.

@ Loi giai.
@ Tinh A7 theo AB, AC.
Ta cé A
Al = 24G- 4B

_ Mi-aB !
1/ — ——

- g-i(AB—i—AC)—AB fe
l—os 2— 1 L

= —gAB—f—gAC B Il M M C

@ Tinh C7 theo Xg, AC.
Taco

cl = AI-AC
11— 22— ——
= ——AB+-AC-A
3 -|-3 C C
l— 1—
= ——AB - -AC.
3 3
@ Tinh MT theo A‘E, AC.
Ta cé
MI = Al -AM
= ——AB+-AC—-—-(AB+ A
34B + 34C - 5 (4B + 4C)
5— 1—
= ——AB+ -AC.
6 +6

Bai 8 (0H1K3-4). Cho AABC ¢6 trong tim la G va cac duong trung tuyén AM, BP. Goi G’ 1a diém déi xiing v6i
diém G qua P. Hay biéu dién cac véc-to AG’, CG’ theo AB, AC va Chitng minh hé thitc: 5AC — 6AB = 6 MG’
@ Loi giai.
@ Biéu dién cac véc-to ACQ theo AB LAC.
Ta cé A

AG = 924G - AB

—_— — /
_ %AM—AB G
4 1 —
— g-f(AB—i—AC)—AB fe
1] |
— —fAB+§AC. 5 T T ¢

@ Biéu dién céc véc-to CG' theo AB, AC.
Ta co

CG = AG - AC
- _§E+§14_(,‘)—@
11— 1—
= _§AB_§AC'
® Ching minh hé thac: 5AC — 6AB = 6MG’
Ta cé

MG

AG — AM
— _L1AB+2AC- L (AB+a0)
3 3 2

5— 1—
= —ZAB+-AC.

6 +6 ¢
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Vay 5AC — 6AB = 6MG'.

Bai 9 (0H1K3-4). Cho hinh binh hanh ABCD. Goi M, N theo thit tu la trung diém cta cac canh BC, CD. Hay biéu
dién céc véc-to BC, CD theo cac véc-to AM, AN.
@ Loi giai.
© biéu dién cac véc-to BC theo céc véc-to i?ﬁ ,AN.
Goi E la trung diém M N suy ra AC = EAE.

Ta cé D N C
BC = AC-AB
— ZF@-(L&TJ\Z-I@) M
— 2AC —2AM
_ zg,ﬁ_gm A B

4 ,——> —> —
— g(AM+AN)—2AM
= —2AM+éﬁ.
3 3

© biéu dién cac véc-to CD theo cac véc-to AM , AN.
Ta co
CD = -AB
— (24M - AC)

s 4
—2AM + fAE

- 92AM + = (AM + AN)

4 —
- Imiyian,
341 T3

Bai 10 (OH1K3-4). Cho & gidc ABCD c6 M, N theo thi ty la trung diém ctia cdc canh AD, BC. Hay biéu dién
véc-to MN theo AB, DC va theo AC, DB.

@ Loi giai.
® Biéu dién véc-to M N theo fTE DC
Tac6 MN = MD + DC+CN__ (1) D
Mat khic MN = MA + AB + BN 2)
Tir (1) va (2) ta c6 Ta c6
— — — — — — — C
2MN = (MD+MA)+DC+AB+ (CN + BN) .
— 0+AB+DC+0
N
Vay MN = S4B + - DC.
A B
© Biéu dlen véc-to | MN V_theo AC’ DB.
Ta c6 AC = AM + MN + NC (3)
Mit khéc DB = DM + MN + NB (4)
Tir (3) va (4) ta c6 Ta c6
AC+DB = (AM +DM)+2MN + (NE + NC)
= 0+2MN+0

—— 1l 11—
Vay MN = JAC + S DB.
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Bai 11 (0H1K3-5). Cho ADEF. Dyng diém H sao cho EH = AED — 3EF va chting minh diém H ném trén DF.
@ Loi giai.
Ta c6 E
EH = 4ED — 3EF
& EF+FH=4(EF +FD) - 3EF
& FH=4FD

!
|

Vay 3 diém F, D, H théng hang hay
H nam trén DF.
T FH = AFD
F, D, H thang hang
Suyra S Ty e i
FH =4FD va D nam gitta H, F’

Bai 12 (0H1K3-5). Cho AABC ¢¢ I la trung diém cta trung tuyén AM va D la diém théa hé thic 3AD = AC. Bidu
dién véc-to BD BT theo AB AC va chirmg minh ba diém B, I, D thang hang.

@ Loi giai.
— — — 1— —
Tac6o BD = AD — AB = gAC’ — AB. (1) A
Lai c6
Bl =-(BA+ BC & Bl=- BA—i—*AC—fAB
2 2 2 2 I
& _’:7140*7/13 (2)

77 77
— 33— N . B M C
T (1) va (2) tacé BI = ZBD’ suy ra ba diéem B, I, D thang hang.

Bai 13 (OH1K3-5). Cho hinh binh hanh ABCD.
(1) Dung céc diém E, F sao cho BE = 2@, AF = 3AD.
(2) Dung diém G sao cho tir gidc AEGF la hinh binh hanh.
(3) Chitng minh 3 diém A, C, G thing hang.

@ Loi giai.
A D F
@ TacoBE*ZAB@AE*iSAB
Lai c6 AF = 3AD, do dé ta dung duogc céc diém E, F nhu hinh vé. B C
(2) Diém G dugc xéc dinh nhu hinh vé.
(3) Do AEGF la hinh binh hanh nén ta c6
E G

AE + AF = 3AB + 3AD
3 (AB + AD) = 3AC (do ABCD Ia hinh binh hanh).

AC

Suy ra 3 diém A, C, G thing hang.

Bai 14 (0H1K3-5). Cho hinh binh hanh ABC'D. Goi I la trung diém ciia AB va E la diém thoa hé thirc 37E = ID.
Chirmg minh ba diém A, C, E thdng hang.

@ Loi giai.

Ta c6 37 = ID « DI = > DF. A . 5
Do ABCD la hinh binh hanh nén

AC = AB+AD=2Al+AD E
— 94D +2DI + AD = 3AD + 3DE = 3AE.

Vay ba diém A, C, E thing hang.
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Bai 15 (OH1K3-5). Cho AABC.
(@ Dung céc diém K,LsaochoerQK_B>+3K—C’): 0, OLB+3LC =0
(2) Chitng minh ba diém A, K, L thing hang.

@ Loi giai.
A
(@ Goi H, I lan luot la trung diém cia BC, AC. Khi dé
KA+2KB+3KC=0 < KA+KC+2(KB+KC)=0 I
— —_— — - 2+>
& 2KI+4KH =0 1K =-1H.
3 K
Tir d6 dyng céac diém K, L nhu hinh vé. B H L C
(2 Taco
AK = AI+ 1K = §AC+§IH
l— 1-—
= §AC + §AB (do I H la duong trung binh trong AABC).
Lai co

AL = AB—FBL:AB—I-gBC
2— 33— 6(1l-—0 1-— 6—
= —-AB+-A :f(fAB —A )Z*AK.
5 +5 ¢ 5\3 +2 ¢ 5
Vay ba diém A, K, L thing hang.

Bai 16 (0H1K3-5). Cho AABC. Goi M la trung diém ciia canh AB, N va P 12 hai diém théa man hé thicc NA +
2NC = 0, PB —2PC = (. Ching minh ba diém M, N, P thing hang.

@ Loi giai.

—_— —_— —_ 1— —_—
Tacé MN = MA+ AN = —§AB+ %AC.
Lai c6

MP = MB+ BP= %E+2B_C’

= JAB+2(AC - AB) = 2 AB + 2AC

- 3 (—%ﬂ?’ + %A—(f) —3MN.

Vay ba diém M, N, P thdng hang.

Bai 17 (OH1K3-5). Cho AABC. Hai diém M, N duoc xéc dinh b&i 3MA + AMB = 0, NB — 3NC = 0. Chimg
minh M N di qua trong tam AABC.

@ Loi giai.
Goi G la trong tdm cta AABC. Ta c6 A

MG = MA—l—AG:—?AB—FgAH

4— 2/(1— 1— 55— 1—
= —?AB+§(§AB+§AC>——ﬁAB—i—gAC. M
G
Lai c6
3 5 B H C N
MN = MB+EV’=?A_B’+§B—C’

3-— 3/, —-— 15— 3-— 99—
= -AB+ - (AC—-AB)=—-—AB+ -AC = -Md{.
7 +2( ¢ ) 14 +2 ¢ 2 ¢

Vay M, N, G théng hang, hay M N di qua trong tm G ctia AABC.
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Bai 18 (OH1K3-5). Cho AABC.
(@ Dung céc diém D, E théa cac hé thirc AD = SE, DE = gB—C:

(2) Chitng minh ba diém A, C, F thing hang.

@ Loi giai.
A
(1) Ta dung cac diém D, E nhu hinh vé.
(2 Tacé
AE = AD+ DE = 5AB+§BC
3 /- — 33— B C
= 3 (AB+BC) = SAC.
Vay ba diém A, C, E thang hang.
D E

Bai 19 (OH1K3-5). Cho hinh binh hanh ABCD. Goi I la trung diém ctia canh BC va F la diém xac dinh boi AE =
2—» < N
§AC’. Chttng minh ba diém D, E, I thang hang.

@ Loi giai.
Ta co C I B
DI = fDB+fDC:7(DA+DC)+fDC
2 2 2 2 %
_ %m@m’%m@m@ﬁ
33— 33— 33—
= DA+ AE=DE.
D A

Vay ba diém D, E, I thang hang.

Bai 20 (0H1K3-5). Cho AABC c6 trung tuyén AD va M la trung diém AD. Diém N duoc lay trén AC sao cho
3AN = AC. Ching minh ba diém B, M, N thing hang.

@ Loi giai.
Ta co A
B - ‘BA+lBD-lBi+lme
2 2 2 4 N
= -BA+-AC—--AB=-BA+-A
5741 ¢ 4 174t ¢ M
= Z(BA+-AC)=-(BA+ AN) = "BN.
4 +3 ¢ 4< + ) 4 ///
B D "7 C

Vay ba diém B, M, N thang hang.
Bai 21. Cho AABC c6 M la trung diém BC va O la trung diém cua AM. Trén AB lay diém I, AC lay diém J sao
cho AT = ;A—B) va A = %E Chirng minh ba diém I, J, O thdng hang.
@ Loi giai.

Do AT = 24 nén T = ; AB. Tuong tw thi JC = > AC.

Ta cé

—

210 = IA+IM = ?AB+IB+BM = ?AB—i-gAB—i—iBC = ?AB—i-iBC’.

Tuwong tu,
2JO_3AC+§CB_5(AB+B )—iBC_gAB—EBC.

Suy ra 610 = —1070 hay 10 = %5%
Vay ba diém I, J, O thang hang.
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MA ND
Bai 22. Cho ttr gidc ABC'D. Goi M, N la hai diém di dong trén AB, CD sao cho —— WME - NC va hai diém I, J lan

Iwot 1a trung diém cia AD, BC.
(@ Tinh IJ theo AB va DC.
(2) Chitng minh trung diém P ctia M N ndm trén I.J.

@ Loi giai.
)21_,1’—IB+I_C’_JT4’+E+I_D’+DC=AB+D—C’.

11—

Suy ralJ = fAB—f— -DC.

l\D

— NC — — MB
b) Tir gii thiét ta c6 BM = —AM - ND vaCON =—-DN - —.

MA
Mat khac

—_— —> @ ——> —

2IP=IM +IN = IA+ AM + ID + DN = IB + IC = AM + DN.

Ma

. NC —>MB  MB, —— OMB —»
2P = BM—i—CN_—AMﬁ—DNm —M(AM DN) = SSLTP.

Suy ra I, P, J thdng hang hay P cia M N ndm trén I.J.

Bai 23. Cho AABC. Léy diém I thoa 34T = AB A4AT = 3AC va M la giao diém cta duong thang I.J va BC. Dt
BM = mMC.

(@) Chtng minh rang 121 = 9BC — 5BA.
@ Tinh H/f theo B—A: B_C:

(3) Tim gia tri ciia m.

@ Loi giai.
a) Ta c6 A
12]J-12[A+12AJ 4BA+9AC—4BA+9(BC BA)—QBC 5BA.
b) Do BM = mMC nénm # —1va BM = —~BC.
5 m+1
Suyram:§+BM:—ﬁ+Lﬁ. !
3_, mz+l
c) Do I, J, M théng hang nén IM = kIJ,k # 0
—BA+——BC=k-|-BC—-—BA|. J
Suyra = BA+ T BO k<40 12 >
2
3 12]€
Do dé m 3k.Suymm:—& B C M
m+1 4

Bai 24. Cho AABC. Goi P, Q, R la cac diém thoa céc dang thirc :
3PB+4PC = 0, AQ=2QC, kRA=RB, k# 1.
(1) Chtmg minh rang: 21PQ = 2BC + TBA.
(2) Chitng minh rang: RP = %B_A) + ;B—C)
(3 Tim k sao cho P, Q, R thang hang.

@ Loi giai.
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— — - —> —> — —> —> 1—>
a) Twu 3PB +4PC = 0, AQ = 2QC suyra PC = gBC’ vaCQ = gC’A. A
Do dé
21PQ = 21PC +21CQ = 9BC + 7CA = 9BC + 7(CB + BA) = 2BC + 7BA. R
b)fokﬁ:R—B)suyraR_B»—%ﬁ
Do do RP = RE + BP = B4+ 2BC. N
c) D& P, Q, R théng hang thi RP = a - PG, a # 0.
k= 44— 2 ]
BA+ -BC = -(—B fBA>
Suyral_k +7 C=a o1 C’+3 B P C
2
Suyrak =

g .
Bai 25. Cho hinh binh hanh ABCD.

@ Goi I, F, K la c4c diém théa man Al = oz/Té, AF = BA—)C, AR = ’yE. Chittng minh diéu kién can va dua dé
I, F, K théng hang la

1 1 1
- =—+4 - Q, Bv vy O .
G aty | 7 0)
2 1a AM 1 CN 1
(2) Goi M, N la hai diém lan luot trén doan AB, CD sao cho ﬁ =3 C—D 3 .Goi G la trong tam AM N B.

Tinh AN AG theo AB va AC. Goi H 1a diém x4c dinh béi BH = k- BC. Tinh AH theo AB AC va k. Tim
k dé dlrong thang AH di qua diém G.

@ Loi gidi.

)DOKI—AI AK—aAB vADva N A I B
KF = AT — AR = §AC —yAD = 5(AB + AD) — AD.
Suyra KF = BAB + (8 — v)AD.

Mat khdc, I, F, K thing hang khi va chi khi K1 = kK F, k # 0.

=k
Hay{a_ i(ﬁ )®?—Q+7@;—;+1. K
= Y Y D 6,
L, — 1— — 11— -1 —
b) Tir gia thiét suy ra AM = §AB vaCN = §CD = TAB' A M B
Ta cé 1 1
.A—G’—m+1v—c;’:m+§<w+ﬁ):§M+§E+§m:
—AC+1AB D N c
./Er’ AB+ BH = AB + kBC = (1 - k)AB + kAC.
Dé AH di qua diém G khi va chi khi AH:tAG.t;AOhay
5 6
o, l-— 5 —— 1-k=Tgt k=17
(1-Kk)AB+KAC =t <7AC’ + —AB) & &
3 18 Lot 18
6 B 1
Vayk:l—l.

Bai 26. Cho tt gidc ABCD . Lay cac; dlem M, N theo tht tu thuéc AB va C'D sao cho AM = kAB va DN = kDC.
Chtrng minh rang MN = (1- )AD + kBC

@ Loi giai.

Tacé MN = MA+ AD + DN = ~kAB + AD + kDC = —k(AD + DB) + B

AD + k(DB + BC).

Suyram:(l—k)lﬁ+k‘3—d M



https://www.facebook.com/groups/190060192086879
https://www.facebook.com/groups/190060192086879

€3 | Nhém Toan TH - THCS - THPT Viét Nam

Bai 27. Cho AABC .Goi O, H, G lan lugt theo thtt ty [a thm duong trong ngoai tiép, trong tam, tric thm ctia AABC.
Chirng minh rang O, G, H thdng hang.

@ Loi giai.

Goi P la diém d6i xtrng ctia A qua O va M la trung diém cia
BC.

Khi d6 M la trung diém cta HP (BH C'P 1a hinh binh hanh).
Ma OM || AH nén AH = = 20M. Suy ra A AH = 20M.

Ta lai c6 AH = AG +G GH = 2GM +GH

Ma AH = 20M =20G + 2GM.

Suy ra GH =20G.

Suy ra H, G, O thing hang.

Bai 28. Cho hinh thang ABCD c6 day 16n la AB. Goi M, N theo thit tw 1a c4c trung diém ctia AD va BC.
R —_— 1 — —
(1) Chitng minh rédng M N = §(AB + DC).

(2 Chtimg minh M N || DC.

@ Loi giai.

a)Tac6 2MN = MB + MC = MA+ AB+ MD + DC = AB + DC.
—_— 1 — —_—>

SuyraMN:f(AB—i—DC)

b)DoABHDCnenAB_kDCk:>O N

Suyra 2MN = AB + DC = kDC + DC = (k4 1)DC, k + 1 > 0. / \

Suyra MN || DC. A

£
>
Q

Bai 29. Cho AABC c6 trong tam G. Goi M la trung diém ctia BC va I la diém théa man hé thitc 40T +AC=70.
Chirng minh M1 || BG.

@ Loi giai.

Goi N la trung diém cta AC. Ta c6

A
BG= BN = (BA+BC) = (Bi+B0)
Cém:J\TC)JrC_’I):%B_C)JriCTA:fBC+ (C’B+BA): ,

1/ —> ey G
f(BC—i—BA).

4 B i C

Vay 3BG = 4MTI nén BG va M1 cung phuong, suy ra BG || M 1.

Bai 30. Cho ttr gidc ABC'D. Goi E va F lan lugt 1a trong tam ciia AABD va ABCD. Chitng minh rang EF || AC.
@ Loi giai.
Goi M la trung diém cta BD.

D

Vi F 1a trong tdm cta tam gidéc ABD nén theo tinh chét trong tm ta c6 A

1
ME = gM A.
Vi F 1a trong tdm ctia tam giac CBD nén theo tinh chét trong tdm ta c6

1
MF = §M C. F

ME MF 1
—— = — nén theo dinh ljj Ta-let déo ta c6 EF || AC. B > ('

V& 372 = e 3

Bai 31. Cho AABC ¢6 M la trung diém ctia canh BC. C4c diém D, E théa man cac dang thirc BD = 4BA AE =
3AC. Chirng minh réng DE || AM.
@ Loi giai.
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Theo quy tac trung diém ta c6 AM =

3 ' B
Ta c6: DE = DA + AE = 3AB + 3AC = 3(AB + AC).
Vay DE = 6AM. Suyra DE || AM.
A
B M
E

. — 22— —> 2—> N
Bai 32. Cho AABC. Dyng céc diém M, N sao cho AM = gAB, AN = gAC. Chitng minh rang M N || BC.

@ Loi giai.
AM AN
= A
‘MAK
B C

o o 2
Theo dinh ljj Ta-let dao ta c6 1B = AC — 3 Swra MN || BC.
. —> 11— — —_—

Bai 33. Cho AABC. Dung céc diém I, J sao cho Al = §AB, AJ = 3AC. Chirng minh IC' || BJ.
@ Loi giai.

C , LA AC 1
Theo dinh Ij Ta-let dao ta c6 AB- AT "3 A
Suyra IC || BJ.

J
Bai 34. Cho hinh binh hanh ABCD. Goi I, J lan lwot la trung diém cia AB, CD. Dyng cac diém E, F' théa man
DE = %[TI’, BF = iB_J). Chitig minh AF || CE.
@ Loi giai.
Co BI song song va bang D.J nén BID.J la hinh binh hanh, suy ra DI

: A D
song song va bang BJ. r ?
Tac6 AF = AB + BF = AB + 1 BJ.

C’E:C’D+DE:fABfZID:f(ABJrZID). J
Vay AF = —CFE nén AF song song voi CE. B o

Bai 35. Cho AABC. Cac diém D, E, G dugc xéc dinh boi ¢ thicc 24D = AB, AE = 2CE, 2GD = GC.
(0 Chitng minh BE || CD.
(2) Goi M la trung diém ctia canh BC. Chiing minh E, G, M thang hang.
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@ Loi giai.
A
,AD AC 1 . . 2 G

@ Ta b= =IE =5 theo dinh Ij Ta-let dao suy
ra DC' || BE.

@ C6 GM = —(GB+GC> = 3GB+ DC =
fGB—f(CB—i—CA) (@’—C_B’—C_A’).
GE = GB + BE = GB+B_0’+C_E’=@’— A
CB-CA
Vay GE = 2GM, suy ra ba diém E, G, M théng
hang.

Bai 36. Cho AABC, M la trung dlem cua canh AB vaD E,F theo tht ty dugc xac dinh béi cac hé thic: 3DB —
9DC = 0, EA +3EB — 2EC = 0,5AF — 2AC = 0.

tng minh rang .

Chd hrdng EM || BC

(2) Chting minh réng ba diém A, D, F théng hang.

(3) Chitng minh réng ba duwong thang AD, BC, M F déng quy tai mot diém.

@ Loi giai.
A
E
D B ¢
@ Tacé
EA+3EB—-2EC =10
& FEA+EB+2EB-2EC=0
& 92EM =2BC
& EM = BC.
Vay EM//BC.
(2 Taco
EA+3EB-2EC =0
& AE =3EB—2EC
& AE =3FEA +3AB — 2EA — 2AC
& 2AE = 3AB — 2AC.
va

3DB—2DC =0
& 3DA+3AB —2DA — 24C
& AD = 3AB — 2AC.

Vay 9AF = A—D), suy ra ba diém A, D, E théng hang.

(3) Tac6 AD va BC cét nhau tai D nén dé chitng minh ba duong thing AD, BC, M F déng quy tai mot diém ta
chi cin chitng minh M F ciing di qua D hay ba diém M, F, D thing hang.
Theo gia thiét ta c6

5AF =2AC
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& 5AM +5MF = 2AC
& S5ME =2A4C — 5AM

& BMFE =2AC — §AB. T
va O\
AD = AM + MD <

& MD=AD-AM —

& MD=3AB-2AC - -AB

2 >\

& MD=_AB 240, Z

— e _l
Vay 5M F = M D, suy ra ba diém M, F', D théng hang. T
T

€L
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